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FOREWORD .

The production of interfering signals by nonlinear responses in multichannel communications sys-
tcams has in the past been epitomized by telephone crosstalk and the "rusty bolt" effect on shipboard.
l'hK problzm, however, is not a thing of the past. Advances in technology have led to higher
transmitter powers and greater receiver sensitivities in combination with the use of multiple closely
spaced channels and a greater physical density of components. As a result, hitherto unimportant non-
linear behaviors of passive components are compromising what should be high performance systems.
High sensitivity receivers are being subjected to significant products of intermodulation generation
10MG) from the mixing of multiple simultaneous transmitter signals either diplexed (using a common
antenna) or radiating from nearby antennas. Receiver filtering can eliminate oniy those extraneous sig-
n, which fall outside the intended operating band of the receiver.

The Naval Research Laboratory has been concerned with experimental investigations and theoreti-
:i reviews of mechanisms for IMG and corrective measures in connection with the development of the
:eet Satellite Communications System (FLTSATCOM) by the Naval Electronic Systems Command.

,ho work reported here was supported by that agency and directed at NRL by V. J. Folen of the
Magnetism Branch, Electronics Technology Division. A special acknowledgement is due M. Frazier of

'inois Institute of Technology for many valuable consultations throughout this study.

i hi . report comprises six chapters, of which four have appeared previously in somewhat altered
fuims. Each chapter contains its own conclusions and recommendations. The general nature of the
IMG problem is set forth in the introduction to the first chapter. Throughout this study the two princi-
pal sources of IMG have appeared to be poor mechanical junctions and the presence of ferromagnetic
L;oinponents. Junctions are discussed theoretically in Chapter i and experimentally in Chapters I and
;d1. Experimental studies of magnetic components appear in Chapters It-IV and theoretical studies in
Chapters IV and V. Chapter V is a theoretical survey of the inherent nonlinear properties of materials
to identify the relative importance of various IMG mechanisms and the lower limits on system sensi-
tivity. The first five chapters concentrate on the third order IM signal at 2w, - w2 of two closely tuned
,ansmitters with frequencies w1 and W2. (The order of an IM product at aw1 + bW2 is defined as I a I
+ I b I.) This is often the signal of greatest strength and most practical significance, but as discussed in
Chapter III other signals can be important. If more than two primary signals exist analysis becomes
difficult. Chapter VI discusses a computer-based scheme for the prediction and possible diagnosis of
the complete IM spectra from analytically difficult non-linearities or multiple primary signals.

iv



Chapter I

GENERATION OF INTERMODULATION BY ELECTRON
TUNNELING THROUGH ALUMINUM OXIDE FILMS*

C.D. Bond, C.S. Guenzer and C.S. Carosella
Radiation Effects Branch

Radiation Technology Division

INTRODUCTION

The Navy's Fleet Satellite Communication System (FLTSATCOM) consists basically of three
synchronous-orbit satellites with UHF links to various earth-surface terminals. Each satellite and sur-
face terminal simultaneously operates both transmitter and receiver units in close physical proximity.
The Navy's transmit and receive bands are approximately 240 to 270 MHz and 290 to 320 MHz respec-
tively. These two carrier bands are separated by only 20 MHz. For such a system to operate success-
fully, any undesirable frequency mixing caused by nonlinear components (intermodulation (IM) gen-
eration) must be minimized.

The severe magnitude of this problem can best be illustrated by calculating the acceptable IM
power level at a receiver for typical operating conditions; for example, for a satellite transmitter power
of - I00W (+50 dBm) the space attenuation alone is - 175 dB (-125 dBm, or down to 3x 10-6 W)

for either the uplink or downlink signals. At the satellite receiver the uplink signals should normally be
-15 dB above any interference or noise level. This requires the interference level to be below -140
dBm, 10-7 W. Thus the acceptable IM level at the satellite receiver is required to be 190 dB below the
local transmitted power level. This is a ratio of IM power to signal power of 10-19. The same require-
ment must also be met at the earth-based terminals.

This problem is diagramed in Fig. 1 by an illustration from Young [11. Here the IM products are
presented in a simplified two-signal analysis. Consider two frequencies f, and f2 in the transmit band
at voltage levels of v1 and V2. The input voltage V5 across some network can be written

SVi = vcos Wot +V 2 coS W2 t. (1)

For a linear network the output current will be

I - Go V,,.

For a nonlinear network the output current can be expressed as the power series
IGV. + + +G2 3 +.... (2)

The separate IM term in the nonlinear output can be seen by substituting the input voltage of Eq. (1)
into Eq. (2) to give

*Previously published as NRL Report 8170.
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(b) Simplified two-signal analysis
Fig. I - Basic satellite communication system showing simplified two-signal analysis fr a linearand a nonlinear network. The nermodulalion-frequency terms result from a power seriesrepresentalion or the nonlinear signal-voltage output and constitute interference in the receivehands.
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Iu'G,(V1 co6 1 t+ V 2co s 2 t) +

+l V2 COe(() - W 2 )t + V1 V2 coB (( 1 + W2) tJ

4 V t

+31'2 4o 4+ voa t+ 4o1  
o  l

+ VV2 COB(W + O t + '!V2V o¥(w 2

4v1v 2 cos (W, + oW2)t (3

The frequencies f, - 250 MHz and f2 - 270 MHz have been chosen for most of the device testing at
the NRL IM test facility.

At these two typical satellite transmitter frequencies, most of the IM terms shown in Eq. (3)
include frequencies that lie outside the satellite receive band. However, two of the largest magnitude
IM terms of frequencies 2f2 - f, and 3f2-2f1 (290 MHz and 310 MHz) do fall within the local receive

band. (The source of the latter IM frequency is the V5 term and is not shown in Eq. (3).) This exam-

ple illustrates the problem resulting from a narrow separation of the transmit-receive bands.

The NRL investigation is concerned with the generation of intermodulation due to various non-

linear mechanisms in normally passive hardware such as contacts, flanges, connectors, and other

current-carrying metal structures attendant to the transmitter-receiver system, The investigation

described in this report is specifically concerned with the generation of intermodulation due to the non-

linear conduction by electrons tunneling through thin oxide films, particularly A1203 on aluminum
structures.

The detailed mechanisms of surface-to-surface contacts is extremely involved and complex and
remains incompletely understood. There are many interacting variables, such as the density of micros-
copic contact points, number of contacts, contact pressure, oxide growth, oxide fracture and regrowth,
metal-to-metal bonding, diffusion, and time and temperature effects.

Despite the lack of a complete microscopic theory, contact models such as those described in the

Philco-Ford report (21 do allow predictions adequate for assessment and control of the intermodulation
generated in real hardware contacts. Because of the numerous contact mechanisms which have been

identified, an experimental study of tunneling in real contacts is not amenable to reproducible results

and to correlation with theory [31. Consequently the intent of this experimental investigation was to

fabricate well-characterized tunneling junctions of AI-A1203-AI, to directly measure the intermodula-

tion generated, and to attempt to correlate the intermodulation with the device circuit parameters and

with tunneling theory. In addition some preliminary efforts were made to improve the conduction
characteristics of such junctions by ion implantation.
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TUNNELING THEORY

The theory of electron tunneling through an insulating layer dates back to the 1920's. However
controversy still continues as to the correct form of the tunneling equations for thin films (:S5 nm).
Some of the principal difficulties include the following:

* Applicability of macroscopic parameters, such as the dielectric constant, to a few atomic layers,
0 Complexity of integrals which can presently be solved only by approximations which affect the

accuracy of the final results to an undetermined degree, and
* Accurate evaluation of contaminant effects on the electron scattering surfaces.

This last effect has been developed into a valuable qualitative method for investigating the vibrational
modes of the contaminants, but quantitatively the effect is poorly understood. Thus comparison of the
experimental results with the electron tunneling theory is only approximately quantitative.

The theory of electron tunneling is based on the fact that the wave function of a free electron 4#e
extends only a few nanometers into an insulator at any metal-insulator interface. In large-dimension
insulators the wave function quickly decreases to a vanishingly small value such that the effect goes
unnoticed; but if the insulator is only 3 nm ( a typical aluminum oxide film), the wave function ,e
remains finite throughout the insulator and yields a measurable probability for the electron to pass from
one side of the insulator to the other. This effect is shown in Fig. 2, where the extended wave function
qie on the left is matched in magnitude and slope to the decaying exponential within the insulator,
which before it vanishes, similarly matches with the extended wave function in the metal on the right.

Since temperature has a small effect, one needs only the zero-temperature expression for the
tunneling current density J in one direction [4]:

me reV feV P(E) dE + . ( -EP EJ .
21r2 h3  " -eV (EFr-E)PLE)

The parameters are shown in Fig. 2, where V is the voltage applied across the junction and EFp is
the Fermi level of the electron distribution in the metal area on the left. P(E) is the transmission pro-
bability by tunneling for electrons of transverse energy E.

(W

00o+ A4T
,T

eV
E Fig. 2 - Electron tunneling through the potential barrier of
EF2  a 'hin insulating film between two conductors. The con-

/ ductors of the sandwich structure are maintained at a po-
/ .tential difference of V such that there is a finite electron

Al A120 3  Al probability function %b, everywhere to the right of the first
interface. The resulting current is a nonlinear function of
Voltage.

To \ \/ \ I i

The usual method for calculating the transmission probability involves the WKB approximation,
which yields a transmission probability given by

4
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P(E)=exp[ 2f 12m [O(x) - el dx].

In this expression, O (x) is the local barrier potential acting on the electron within the classically forbid-
den region of the aluminum oxide, and the integral is carried out over the width of the forbidden
region S. For the simple trapezoidal barrier shown in Fig. 2, the transmission probability from left to
right is given exactly by

P(E)=exp 4 2 (E + 0 +eV+ AO) 312 - (E + o)3/2 .

This exponential expression is sufficiently complex so that the last integral in the initial equation for J
cannot be carried out exactly. Forlani and Minnaja [51 have expanded the argument of the exponential
about the average of the Fermi levels and obtained a low voltage expression for the tunneling current
density J. As part of this investigation a Taylor expansion of the Forlani-Minnaja equation to the
fourth order in voltage has been published [61:

1/ 1/21j=me -AM __22 A
e " 2 eV + A (eV) (4)

2ir2 13 eA A21 + 1_/2 (4
1(,h 480

where the parameter A is defined as

A = 47rS/2m t •
h

The dependence on the interface potental is through , the average of the two interface poten-
tials. The lack of dependence on A0, the difference in interface potentials, is reflected by the lack of a
V2 term. Apparently this lack of polarity is caused by the choice of expansion about an average Fermi
level. Stratton [71 has chosen instead to expand about the Fermi level on one side. Brinkman et al. (81
give a low-voltage expansion for this case as

me -AF 2  A0 2 A ( 3],h3 e AeV- (eV)2+ 1-- 2 (eV),
2r 2 3  120 160

where

:, ,. =00 + 1 A&0
2

Here, not only is the cubic term 3 times larger than in Eq. (4), but there is a significant quadratic term
proportional to A4. Unfortunately this expression is only approximate, and Brinkman et al. do not state
the approximations involved. Thus the simplest type of theory is somewhat uncertain even for the
second- and third-order terms.

JUNCTION FABRICATION

i -, The laboratory fabrication of an electron tunneling junction is illustrated in Fig. 3. The procedure
involves the vacuum evaporation of an aluminum strip -150 nm thick onto a clean glass substrate.
The strip is then allowed to oxidize at room temperature from 12 to 24 hours. Following this oxidation
a second similar strip is deposited at right angles to the first strip. The resulting junction sandwich area
consists of two parallel plates of thin aluminum separated by an aluminum oxide insulating film approx-
imately 3 nm thick. Such a structure serves as a useful tool in the experimental study of the electron
tunneling phenomena described in the previous section.

5
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2-3 nm-

f =1W0 nm

Fig. 3 - Laboratory technique used in fabricating
tunneling-junction sandwich structures of Al-
A120 3-AI. The aluminum oxide film is grown at
room temperature on a vacuum-evaporated
aluminum strip and overlayed with a second
aluminum strip as shown.

GLASS SUBSTRATE

A1 2 03 INTERFACE

In practice, five to ten such junctions were usually fabricated simultaneously under the same con-
ditions to establish controls and statistics. The vacuum-chamber arrangement fo.- evaporation, masking,
and monitoring is shown in Fig. 4. Prior to evaporation a Vac-lon pump is used to evacuate the

Fig. 4. - Vacuum-chamber arrangement for evaporation, masking, and monitoring. The crystal head of the Sloan
thickness monitor is normally mounted in the plane of the substrate surfaces and is not shown in this photograph.

6
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chamber to a pressure of <5x 10- torr. After degassing the tungsten basket filament and its aluminum
contents (0.5 gof 99.999+% aluminum), the aluminum is evaporated rapidly in <1.0 minute. During
the evaporation the chamber pressure typically increases to <gxl0-6 torr. A shutter arrangement is
used to control the starting and stopping of aluminum deposition. (The circular shutter is displaced to
the left in Fig. 4.) The film thickness is monitored during evaporation both by measuring the film
resistance and by a direct-reading digital monitor of the crystal oscillator type (Sloan 200). The pro-
grammable monitor is also used to follow directly the subsequent growth of the aluminum oxide. After
the aluminum film evaporation, the monitor is reset to zero thickness, and the density of A120 3 is
dialed into the monitor. After the pressure in the chamber is increased to I atmosphere of pure oxy-
gen, the A120 3 thickness increases from zero to -2 nm in the first 5 minutes and then grows more
slowly, reaching 2.2 to 2.7 nm after about 1 hour. Although no oxide growth was ever observed in this
study after a few hours, the second evaporation of aluminum over the oxide growth was not carried out
until 12 to 24 hours later.

Figure 5 shows a typical assembly of five junctions at three stages of fabrication. Initially thin
strips of indium are "soldered" onto the glass microscope slide to form electrical contacts. (Molten
indium readily adheres to a clean glass surface.) A mask is carefully aligned over the contacts, and a
strip of aluminum is evaporated onto the glass and indium contacts. After the strip is oxidized, a set of
five aluminum-film strips are similarly evaporated simultaneously at right angles to the first strip.
Finally No. 36 copper magnet-wire leads are soldered onto the indium contacts.

f

) Fig. 5 - A typical assembly of five junctions shown at three stages of construction: (A) Pattern of indium contacts are
attached to clean glass substrate. (B) Cross strip of aluminum is vacuum deposited and oxidized in pure oxygen at
room temperature for -24 hours. (C) Finally, five parallcl strips of aluminum are vacuum deposited at right angles to
the cross strip to form five junctions.

CURRENT-VOLTAGE CHARACTERISTICS

The electrical properties of these junctions which are of primary interest in this application are
their nonlinear resistance characteristics and their generation of RF intermodulation. The nonlinear DC
current-voltage (I- V) characteristics of such junctions were measured with a standard four-point

, .arrangement (Fig. 6). A programmable constant-current supply (Keithly 227) is used to drive from

7
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Al ILMl~1OMMETLTMTE

(KEITHLEY DMM I
164)

CONSTANT COTC
CURRENT
SUPPLY

(KEITHLEY 227)AlFL 110 m OTEE
AlA23A JU (DATA PRECISION

C;0 2520Al DVM)
INDIUM CONTACT

Fig. 6 - Standard four-point arrangement for measuring the current-voltage
characteristics of the electron tunneling junctions

3 nA to 1 mA through two legs of the junction film leads. A 5-1/2-digit digital voltmeter is used to
measure the voltage developed across the junction. Since the input impedance of the voltmeter is
> 108 ohms, negligible current from the current source flows through the voltmeter circuit, and the
effects of lead resistance and contact resistance are essentially eliminated* that s, the only IR drop seen
by the voltmeter is across the junction area. The current is measured by a digital multimeter (Keithley
164).

Figure 7 shows the current-voltage characteristic curve for one of the early 0.0168-cm 2 devices.
On the scale shown the experimental curve becomes visibly nonlinear at about 80 mV and exhibits a
behavior typical of all the junctions measured. On the basis of tunneling theory, one would expect the
curve to be described by the cubic dependence of the form shown in the fourth-order expansion in Eq.
(4). A computer program, FORLAN, was written to facilitate rapid calculation of the tunneling current
as a function of the junction parameters. This program uses the complete Forlani-Minnaja expression
together with the near-linear (low-voltage) experimental values of 1, V, and Go to determine the values
of S for selected values of .. The program can then generate full-range characteristic curves for
different values of 0 so as to obtain a best fit to the experimental I- V curve.

The quality of fit to the experimental data was found to vary, depending on the particular set of
junctions. In some cases an excellent fit could be obtained, and in other cases the calculated curvature
deviated substantially from the experimental data beyond 100 mV.

Using the best-fit values of S and 4, one can also calculate the tunneling current from the expan-
sion in Eq. (4). The dashed line in Fig. 7 shows an example of such a calculation. It was found, how-
ever, that the current-voltage characteristics of all of the junctions could be fitted considerably better by
using an empirical cubic equation of the form of Eq. (4): 1 = Go V + aGo V3. Here, when experimen-
tal values of Go and I and V at 100 mV and 200 mV were used, an average value of a could be
obtained to give a satisfactory fit to the data. The solid line in Fig. 7 shows an example of this pro-
cedure. The a's calculated from the tunneling theory in Eq. (4) were generally 20% to 50% lower than
the empirically determined a's. Since a is a measure of the nonlinearity and will later occur explicitly
in the IM expression, we will use the empirical value of a as determined for each junction.

It is also important to emphasize that the junction parameters Go . a , , and S do not remain con-
stant in time. As indicated, the characteristics shown in Fig. 7 were measured at 90 hours after fabrica-
tion. The junction resistance as a function of applied voltage for this same junction is shown in Fig. 8

8
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DEVICE NO. 7-31-39 NO. 1, JUNCTION 1 AT 90 HRS.
AREA - 0.0168 cm
Ro=2.22K OHMS
C = 0.3n Idt
r.=2.3 OHMSC

RD

FROM FORLANI -MINNAJA
300- TUNNELING EXPANSION

S=2.6 nmFig. 7 -The current-vollagc characteristic curve

for a 0.0168-cm2 junction measured 90 hours
EMPIRICAL F1TO DATA FOR:/ after fabrication. The equivalent circuit of the
G oV ~mo 4. x 10- m h .0. junction is shown in the upper right.

a =11.02 vlt

100-

Go=

0 100 200 300
V (MV)

- ~162 HR, S-2.53 nm, V=0.9OeV

2

00

fl HR DEVICE NO. 7-31 -75 #1, JUNCTION 1

10 20 50 100 500
VOLTAGE (mV)

Fig. 8 - The behavior of junction resistance as a function of voltage and time.
The solid curves are generated by the FORLAN program and represent a best
fit to the experimental points for the indicated values of and S.
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with time as a parameter. Here the solid curves are a best fit to the experimental points using the
FORLAN program. The curves show the sensitivity of the junction resistance to and particularly to
the insulator thickness S.

Although the marked change of resistance with time does not prevent the device from being well
characterized, it does necessitate the additional inconvenience of keeping a time history of the indivi-
dual junctions and of measuring the intermodulation within a few hours of any characteristic measure-
ment. A time history of four typical junctions is shown in Fig. 9. These four junctions were fabricated
simultaneously under the same conditions. The low-voltage resistance Ro of each junction was tracked
for 2000 hours or more. The intermodulation was generally measured from 6 to 48 hours after comple-
tion of fabrication. This time lapse was found to be convenient both because of the slow rate of resis-
tance change and because the initial resistance (300 (1 to 3 kW) was more suitable for IM measure-
ments.

I 1111l1l11 I I I II 
I  

! I 1 III1 I
I  

I l IIIII

2.2-

2.0 -
DEVICE NO. 1-2-76 #2, 4 JUNCTIONS1.61.6 - ',t'

S1.4 -

0 1.2 -

-1.0-

~0.8
0.6-

0.4-
0.2 -

01lop 101 102  103  loe

TIME (HR)
Fig. 9 - The time history of junction resistance R0 for four typical junctions. The
rate of resistance change increases continuously for several hundred to several
thousand hours, followed usually by an abrupt self-shorting drop to fractions of an
ohm.

An additional type of behavior that is characteristic of the junctions can be seen for two of the
junctions, which self-shorted after about 1300 hours. Most of the junctions that were visibly free of
fabrication defects lasted beyond a few hundred hours. In a few cases such shorts were observed to
repair themselves (return to a resistance along the expected curve) following a voltage spike due to
improper switching procedure. This behavior suggests the burnout of a localized filamentary short.
The mechanism of the time-dependent behavior is not understood, but it appears to be due to a combi-
nation of diffusion at the interface, contaminant absorption, edge effects, and mechanical rupture [9].
However, all of the observed nonlinear and time-dependent behavior is assumed to realistically simulate
the numerous microscopic tunneling points of real metal-to-metal contacts.

CAPACITANCE MEASUREMENTS

In addition to the nonlinear resistive characteristics of such junctions an important property which
dominates the RF conduction is the junction capacitance. Although most of the junctions fabricated
were of small area (< 0.015 cm), their capacitance is relatively large because of the small plate separa-
tion of -3 nm. The capacitances of the junctions were measured at 1.0 MHz with a Boonton direct
capacitance bridge (Model 75D).

10
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Since the thin-film device is not purely capacitive, the bridge will see the equivalent circuit of the
device (Fig. 7). At balance the bridge and device admittances Y8 and YD respectively, or reciprocally
the impedances, will be matched, so that Y8 - YD and

YB = GB + JWCB. (5)

Here the conductance G8 and capacitance CB are read directly from the bridge. For the typical junction
parameters shown in Fig. 7 and for frequencies f> 1 MHz, Ro >> Xc, where X, - 1/21rfC,

YD1 +1 1 (6)
r 2 + - r 2 +

w 2 C 2  s 2C 2

By equating the real and imaginary parts of Eq.s (5) and (6), one can obtain the device capacitance C
and series resistance r, in terms of the bridge values G, and CB.

In using the value of capacitance thus determined one is assuming that the value of C is not a
function of frequency or applied voltage. The value of C showed no measurable change with applied
bias voltage up to 300 mV. Cursory experiments at audio frequencies also showed no frequency depen-
dence of C. The use of a fixed value of C for the junction implies that the dielectric constant of the
A120 3 is not a function of voltage and that the capacitive part of the junction will conduct UHF linearly.
A measurement of the capacitance also permits a determination of the effective plate separation of the
junction sandwich. For a parallel-plate capacitor the separation S in nanometers is simply

8 = 0.8854 KA (7)

where K is the dielectric constant for A120 3, A is the plate area in cm2, and C is the capacitance in 1AF.
For the junction values shown in Fig. 7, A - 0.0168 cm 2 and C - 0.0329 gF. For a value of
K - 10.44 [101 ,Eq. (7) gives a plate separation of 4.7 nm. This separation is considerably larger than
either the 2.56 nm resulting from a parameter fit to the ]- V characteristics (Forlani-Minnaja expansion
in Fig. 7) or the 2.25 nm resulting from the digital thickness monitor measurements discussed in the
previous section. This discrepancy has been observed by other investigators [111 and is believed to
result from a different averaging process inherent in the different measuring techniques.

When IM effects are calculated, the bridge values of capacitance are used rather than the values
calculated from tunneling or weight-gain measurements, since presumably the reactive RF current and
voltages will behave in accordance with the effective value of C measured at 1.0 MHz. It will also be
seen in the following section that the RF power developed by the junction is an extremely sensitive
function of the capacitive reactance.

INTERMODULATION MEASUREMENTS

A block diagram of the basic IM test facility, together with the equivalent circuit of a tunneling
junction, is shown in Fig. 10. Each transmitter power output can be varied independently from 0 to
100 W. The maximum third-order (290-MHz) intermodulation generated by the test facility alone is
<-140 dBm at 50 dBm (100 W) total power output from the diplexer. The tunneling junctions under
test are placed between the diplexer output and 150 m of RG-214 coaxial cable. The cable approxi-
mates an infinite transmission line and ideal termination Ill. In the case of the tunneling junction dev-

4 ices, the power levels were adjusted so that P, - P2, and the total power input P, to the junction was
usually set to 1.0 W. The total power input of any device was kept below about 4 W because of the
limited ability of the thin-film conduction strips to dissipate power.

J
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Fig. 10 - NRL intermodulation test facility (operated by the NRIL Satellite Communications

Branch). The equivalent circuit of a tunneling junction is shown in the normal test configuration.

As shown in Fig. 9, the junction resistance changes with time, making it necassary to measure the
I - V characteristics just prior to IM measurements. Capacitance values are also measured prior to
such IM test runs, even though the capacitance remains essentially constant with time. The resistance
change with time, however, affords the opportunity to measure the intermodulation as a function of
junction resistance.

The assembly of junctions, usually in a set of five as shown in Fig. 5, is mounted in a special
chassis box (Fig. 11). To minimize the generation of spurious intermodulation, the aluminum chassis
box contains no ferromagnetic materials and is fitted with low-IM type-N UHF connectors [I]. The IM
power level of the chassis box was tested using a No. 14 bare copper shorting bar soldered between the
terminals. These tests consistently showed IM levels of <-140 dBm at an input power of 1.0 W. One
must also make sure that the thin-film structure associated with the junction assembly does not produce
intermodulation. A measurement of this effect was made by using the film cross-strip on a set of five
junctions as a shorting bar. At a 1.0-W input the IM level was measured at -140 dBm ±5 dB. A
thin-film strip, fabricated and mounted in the same way as the junction assemblies, also showed the
same results. Therefore any intermodulation above the residual level of -140 dBm ±5dB would be
due to the junction and not caused by the chassis box, connectors, or device structure external to the
junction.

Because of the impedance mismatch of the chassis box to the 50-ohm coaxial cable, 45% of the
power was observed to be reflected when using a copper shorting bar. When an assembly of junction
devices is mounted in the chassis box, the transmitted power Pr drops from 55% to as low as 30%,
depending on the size of the junctions. In most cases the impedance of the junction and leads is less
than 201. The transmitted powcr P1 as experimentally measured is used in calculating the RF current
passing through the junctions.

To calculate the IM power PlM to be expected from a tunneling junction, we return to Eq. (2).
For the tunneling junctions studied, it was found that the experimental DC current-voltage characteris-
tics can be adequately described by

I'=GoV+G2 V 3. (8)

12

K l l.



NRL MEMORANDUM REPORT 4233

0

-b

Fig. 11 - Junction assembly mounted Ill il n iliMMU l hO . N n o rl inrronagt tic

materials and low-IM iype-N L1111: c .ln , lic c nplo ed in lintlc 11UIIII

generation of intermodulation.

In this case there is no V2 term, since the tunnelling current is essentially symmetric about the origin

of the I- V characteristics. Also, as can be seen from Eq. (3), any V2 term would produce no IM fre-

quencies falling within the receive band. Equation (8) can be written in a more convenient form by
letting cr - G 2/Go, so that

1 = GOV + oiGoV ' , (9)

where Go is the usual linear conductance and cx is a ratio that measures the departure from linearity.

In the case of an RF input voltage of the form of Eq. (1), the current in Eq. (9) can be written as

shown in Eq. (3), except that here only the experimentally observed angular frequencies W1.6,° and

". 2W2 - w, are retained:

S(t) = G0(V 1 cos co1 t + V2 cos c. 2t) + 3 ceGo V, V2 cos (2W.2 - W I )t

S1 (10)
0 n(t0 + IlmM t)

It is important to note that 1() is the RF current through the nonlinear resistance Re, that 1(t) is the
primary current at frequencies .f, and .f2, and that /1,4(t) is the intermodulation current at frequency
2.f2 -. ft. The peak IM current is just

IM(peak)" aGoV V2.

The value of V, and V2 can be calculated from the total transmitted power P7. The transmitted power
P1 results from both power inputs P, and P2 running simultaneously at frequencies .f and .f:. The cir-

cuit parameters of the equivalent circuits in Fig. 7 and 10 have the following ranges, depending on

junction area and history:

13
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300 1 < R o < 100 k,

0.026 n < X, < 0.296 n at 290 MHz,

2fl<r, <25 91,

re-50 11.

For all cases Ro >> X. so that essentially all of the transmitted current Ir (Ir(t)-l
COS W II + 12 cos o t) passes through the capacitance C and the total transmitted power Pr is dissipated
in the series resistance r, and the load resistance ri. Since r, + r determines the current, the measured
RF power PT is

PT - < 12(t) > (r. + re),

where (12)

< 1,2(t) >= fT<T 111 ;=  o (11 COS WIt + 12 COBsW2tl2 dt.

For P, - P2 and I - 12, Eq. (12) yields

IT 1/2
IT(peak) L. + -

Since essentially all of this current passes through the capacitance, the voltages V, and V2 developed
across the capacitance C and also across the nonlinear resistance Ro are approximately

Vl =X¢1 rPT and V2 
ff X2 , r

8 P" 1 r.1 X 12
where X( I and %,., are the capacitative reactances at f, and [2. With these values of V, and V2, Eq.
(11) becomes

IIM(peak) 4 tG °  +r3/ XC1 X6 2 " (13)
4 Lr. + r.

This IM current is viewed as being generated in the nonlinear element R0 , and as can be seen from
Fig. 10, this current source is paralleled by the junction capacitance C and the external load r, + r.
Again X( << r, + r, at 290 MHz, so that most of this current is shunted through C, and the voltage
developed across C and also across the external load r, + r, is

VIM(peak) = 4 IM(pek)Xc,IM (14)

where X( IM is the capacitative reactance at 290 MHz. The IM power disc. )ated in r, + r, is then
- <V 2  cos 2 (2W 2 - w 1 )t > 1 V2 (15): p. _ tM(pea) = _ (pek (5

IIM r.+r, 2 r.+r.

Combining Eqs. (13), (14). and (15), we obtain finally

1M 3 2  T R2(r. + r,)4

14
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This equation expresses the IM power level in terms of readily measurable junction and test parameters.
The RF test facility is set up to measure the IM power level in dBM units (decibels referenced to 1
mW), so that by definition Eq. (16) can be expressed as

PIM (watts)

(dBm)lM = 10 log - (17)10 - 3 (watts)

This dBm level of intermodulation is measured directly at the spectrum analyzer by comparison to a
reference signal, as shown in Fig. 10.

The junctions initially measured in the IM test facility had relatively large areas (A Z0.015 cm 2)
and were operated at an input power of - 1.0 W. For a transmitter power PT - 0.5 W these junctions
showed intermodulation levels of -110 to -135 dBm, depending on the values of R o and C of the par-
ticular junction. Figure 7 shows the I- V characteristics and parameters typical of this type of junction.
If one uses the values shown in Fig. 7 together with PT - 0.5 W and R, - 50 01, a calculation of the
IM power from Eq. (16) gives a much lower IM level of -239 dBm.

In the preceding calculation it was assumed that the RF current is uniformly conducting through
the film strip and junction area. At input frequencies of 250 and 270 MHz, however, one might expect
UHF skin effects to significantly alter the IM level. An accurate calculation of the RF current distribu-
tion and resultant intermodulation is an extremely complex problem for the geometry of the thin-film
device.

One simplifying approximation, which has been employed by Chapman et al. 121 regarding
waveguide flanges, is to restrict the RF current across the tunneling area to the same depth as the skin
depth in the adjacent conductor. Although the geometry of a thin-film device differs significantly from
a comparitively large flange, a similar restriction arises through edge concentration of RF current in
thin-ribbon conductors. (Evidence of such a current distribution was indicated in one set of junctions in
which the RF power had exceeded 10 W. Small thermally produced blisters showed a marked concen-
tration along the outer edge of the conducting strips.)

For this approximation the effective RF current is restricted to an average skin depth -5.16
x 10-4 cm around the perimeter of the actual junction area. For the junction parameters shown in Fig.
7, the effective RF conduction area is 2.67x 10-4 cm 2, or about 1/63 the apparent area. Thus the
effective junction resistance and capacitance become - 1.39 x 10' 0l and -5.23x 10-10 F respectively.
With these effective values of Ro and C, Eq. (16) gives an intermodulation level of -131 dBm, which
is within the experimental range observed.

To raise the IM level and to examine any area effects, several sets of five-junction assemblies
were fabricated in graded sizes ranging from 0.015 cm 2 down to 0.0015 cm 2. It was found that the size
scaling effect on capacitance C and junction resistance Ro essentially followed the expected variation for
such junction elements in parallel. As the junction area is decreased, one would expect, according to
Eq. (16), the capacitive reactance product (Xc2X,2X .u -X') to increase much faster than R 2 and to
result in a rapid increase in PM with decreasing area. This increase is largely offset, however, by an
increase in the ratio of effective RF conduction area to total juction area as the junction area decreases.
When the present fabrication techniques are used, a reduction in junction area by more than an order
of magnitude becomes impractical, and the power-handling ability becomes too low to conveniently
make IM measurements.

Figure 12 shows typical results of IM measurements on a set of five junctions ranging in size from
0.0143 cm 2 to 0.0018 cm 2. The measured value of the junction capacitance is shown along the
abscissa. The IM power level in dBm units and in watts is shown on the left and right ordinates respec-
tively. The input power P, is held constant at +30 dBm (1.0 W). Over the capacitance range examined
the transmitted power PT varies from 0.39 W to 0.51 W but remains relatively constant on the scale
shown. The IM level for each junction is plotted as a square point along with the estimated error bars

15
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Fig. 12 - Experimental and calculated intermodulation power
levels generated by electron tunneling as a function of junction
capacitance. Here the variation in capacitance results from a
gradation in junction areas ranging from 0.0018 cm2 to 0.0143
cm

2. All junctions were fabricated simultaneously and have the
same oxide thickness of -2.5 nm. The junction parameters and
I-V characteristics for each of the five junctions are shown in
Fig. 13,

ot t3 dB. These experimental points are connected with a smooth dashed curve. The solid curve
shows the intermodulation calculated from Eq. (16) using the experimentally measured junction param-
:'rs with the values of Ro and C corrected to the effective RF skin depths. The uncorrected junction

Fatrameters are shown in Fig. 13. Similar sets of junctions showed the same functional dependence of
ntermodulation on area and capacitance as illustrated in Fig. 12.

Although the intermodulation calculated in the preceding manner followed the experimental vari-
ation with junction parameters fairly well, the absolute magnitude of the calculated IM curve was found
-,, be shifted from the measured intermodulation by ±t 15 dB. This agreement is perhaps as good as can
te expected in view of the crude RF skin-depth approximations used. Additional smaller effects which
:re not taken into account by Eq. (16) are distributed resistance and capacitance effects, nonlinear capa-
citixe effects, and Frequency-dependent effects.

The equivalent-circuit analysis leading to Eq. (16) tacitly assumes that the film resistance rf over

'h- junction area is zero. Actually this resistance is generally larger than the capacitive reactance at 270

N1 llz, for example, in junction I of Fig. 13, Xc = 0.0286 (1 and rf - 0.185 A. Thus, one should con-
sider the effects of distributed resistance and capacitance along the junction area. With use of a two-
dimensional model, both an exact continuous-distribution analysis and a numerical discrete analysis

.' . showed a voltage distribution V(x) that varied significantly along the width of the junction. In addition

the RF edge conduction along the film strip leading up to the junction area will increase the effective
value of r,. A calculation of these two combined effects for junction I of Fig. 13 using a discrete four-
segment equivalent circuit yielded a value of Plu which differed from the previously corrected value by
only I d8. However, this small net correction is due to the fortuitous approximate cancellation of the
two effects for the geometry chosen.

16
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DEViCE NO. 3476NO.2 A =0.0143
.J CWe)P I Rolkot tI .(Q .v-
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Fig. 13 - Current-voltage characteristics as a function of area and
capacitance for the fie junctiOn% measured in Fig 12. The
corresiponding junction paraneters are shown in the upper-left table.

The a of Eq. (16) is derived from the nonlinear DC resistance characteristics of the junction.
This nonlinearity is presumed to arise solely from electron tunneling, as described previously. How-
ever, known nonlinear capitance effects can arise through nonlinear dielectric and electrostriction effects
[121. Electrostriction can also change the tunneling resistance through a volume change. A rough cal-
culation of the volume-change effect predicted an intermodulation well below the level of detectability.

Equation (16) is also applied to RF power measurements of P. and PT in the UHF range (240
MHz to 290 MHz), whereas the parameters ctR 0 , and r, are determined from DC measuremcnts ,ind
C is measured at I MHz. The assumption of frequency independence seems reasonable, since the
resistivity and dielectric constant of A1203 appear to be relatively constant over a wide range of frequen-
cies 113,141.

ION IMPLANTATION EFFECTS

To eliminate or reduce the IM effects of tunneling junctions in metal-to-metal contacts, one
apparently must either eliminate the surface insulating films (oxides or otherwise) or basically modify
the structure of the metal oxide surface. Fabrication of full-scale metal hardware that is essentially free
of metal oxide films both at the surfaces and under metal platings such as gold would appear to offer a

17
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reasonable solution. Alternatively, modification of the metal oxide surfaces should ideally makc any

contacts more conductive, linear, and free of time-dependent effects. We have explored implantation
of metallic ions in the oxide surface as a possible way to achieve the desired results.

Several tunneling junctions were fabricated similarly as previously described, except Ag+ ions of
-2 keV energy were implanted into the A120 3 surface prior to the evaporation of the second overlap-
)iug auminum strip. Theoretical estimates indicate that 2-keV Ag' ions have a mean range in A120 3 of
-1 7 nm. Ideally. these silver atoms will have a Gaussian distribution about the mean range with a

,tand.rl deviation of -0.6 nm. A plot of Gaussian distribution shows range straggling extending from
the surface to -3.2 nm, with about 12% of the silver atoms stopping in the aluminum beyond the

The actual distribution of the silver atoms in the A120 3 and Al may be quite different than just
described because of three effects that have not been measured:

0 Uncertainty in the low-energy range of Ag + ions in A120 3 (existing data indicate that heavy-ion

ranges in light substrates may be as much as twice the theoretical estimates),

* Removal of the A120 3 surface by ion sputtering, and

* Oxide regrowth when the film is removed from the vacuum environment.

To evaluate the electrical characteristics of such implanted junctions, standard reference monitor
1i .- ions were also fabricated simultaneously on the same substrate and under the same conditions

without ion implantation. All electrical measurements are then referenced to the monitor junctions.

i".si crocedure is necessary because different batches of junctions will generally have different values of

, because the electrical characteristics will be measured at different times.

haitially two sets of junctions (three reference junctions per set) were implanted. One set was
implarted with a fluence of _1015 atoms/cm 2, and the other set was implanted with a higher fluence of
__1016 atoms/cm 2. The junction implanted at the higher fluence showed a sharp drop in resistance
;-cm an average resistance of 36.3 kfl to an average resistance of 13.5 fi, or a ratio of implanted resis-
tance Ro(Ag) to reference resistance Ro(Ref.) of -4x 10-4. The junctions implanted at lower fluence,
however, unexpectedly showed an increase from 12.3 kfl to 23 Mfl, or a ratio
R0 (Ag)/R 0 (Ref.) - 1.9x10i. The different implant fluences produced opposite effects of change in
tesistance that differed by over six orders of magnitude!

In view of this surprising result a more elaborate set of junctions were fabricated to facilitate
measurement of the junction resistance as a function of the fluence of silver atoms implanted. Figure
-4 shows the results of these measurements. The ratio Ro(Ag)/Ro(Ref.) is plotted on the ordinate,
and the fluence of silver atoms and of charge are plotted along the top and bottom abscissa respectively.
'I :le solid line connects points measured immediately after fabrication, and the dashed line connects

A" points measured about 2 hours later. The resistances are changing rapidly during this initial period, but
the ratio remains relatively constant in time. The two square points are from the original measure-
ments and are seen to be consistent with the more detailed later results. The error bar on one square
point is significantly higher than the errors for the other points and resulted from an equipment-
produced uncertainty in the charge fluence at this one point. The increase in junction resistance for
implants up to -4x 1015 atoms/cm2 was completely unexpected, and the detailed physical mechanisms
responsible for the functional behavior of Ro(Ag)/Ro(Ref.) with the silver implant fluence are not yet
fully understood. Recent work [151 shows that ion implantation in the oxide surface of metals has the
effect of increasing the oxide thickness. This effect would account for the initial increase in tunneling
resistance. As the silver density is increased, the oxide conductivity apparently increases faster than the
competing thickness-growth, resulting in a low-resistance junction. For those junctions implanted to
fluences of > 10"6 atoms/cm 2 the resistance Ro was generally reduced to a few ohms or fractions of an
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Fig. 14 - Effect on junction resistance of implantation of 2-keV silver
ions in the Al2 03 surface as a function of fluence of silver atoms. The ra-
tio of ion-implanted resistance R0 (Ag) to an identical unimplanted resis-

tance R0 (Ref.) is plotted on the ordinate.- initial; --- after 2 h.

ohm. The current-voltage characteristics of the implanted junctions showed better linear behavior than
unimplanted junctions over the same current range. Although these junctions had greatly improved
conduction characteristics, they continued to show the familiar time-dependent increase of Ro . (See
Figure 14).

Preliminary test of these junctions at the IM test facility confirmed that the low resistance
implanted junctions did indeed have a low intermodulation of -- 135 dBm. For such an implantation
technique to be useful on full scale hardware, however, one would have to solve the formidable prob-
lems of the time-dependent behavior and mechanically fragile surfaces.

CONCLUSIONS

From our experimental and theoretical investigation of the generation of intermodulation by elec-
tron tunneling in AI-AI20 3-AI junctions, we list the following conclusions:

0 Tunneling junctions ranging in areas from -0.015 cm 2 down to _0.0015 cm2 showed IM levels of
-150 dB to - 110 dB below the total transmitted power of 0.5 W. This corresponds to a
Plm&, ratio of 10-

1
5 to 10- I respectively. Since ideally the ratio Pm/P should be <10 - 19,

the electron tunneling mechanism is seen to be a significant source of intermodulation.

0 The functional dependence of the IM power on the effective RF junction parameters appears to be
* & satisfactorily described by Eq. (16).
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" Although the main features of the current-voltage characteristics of the junctions are described by
the Forlani-Minnaja theory, an accurate fit to the experimental data was not always possible over
the entire range of experimental values.

* No significant effects on hysteresis in the I- V characteristics were observed. However, a small
resistance asymmetry was always observed at the higher voltages. If the film strip oxidized first
was operated at a positive polarity, the junction resistance was lower than the reverse polarity by
3% to 7%. Thus the junctions exhibit a small rectifying component that is thought to arise from
the asymmetry of the AI,0 3 density profile at the two interfaces.

* In well-characterized AI-A120 3-AI junction devices the time-dependent behavior is prominent,
with the junction resistance increasing continuously for several hundred to several thousand
hours, followed usually by an abrupt self-shorting drop to fractions of an ohm. During such
resistance increase, the capacitance remains essentially constant. Such time-dependent behavior
is assumed to take place randomly in the numerous microscopic tunneling points in real hardware
contacts. This is a mechanism that could contribute to the erratic fluctuation of intermodulation
observed in macroscopic contacts.

" Ion implantation of > 10" ' silver atoms per cm 2 in the oxide surfaces produced low-resistance and
low-IM junctions but failed to stop the characteristic increase of junction resistance with time.
Our initial implantation results are sufficiently promising, however, to warrant further investiga-
tion of the possible beneficial effects of employing different metallic-ion species, greater implan-
tation depths, and higher fluences.
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Chapter II

THE DANGER OF INTERMODULATION GENERATION
BY RF CONNECTOR HARDWARE

CONTAINING FERROMAGNETIC MATERIALS*

Charles E. Young

Satellite Communications Branch
Communications Sciences Division

INTRODUCTION

Not only satellite communications, but all systems which utilize multicarrier transmitters and
readily achievable low noise receiving systems (NF K< 6 dB), are vulnerable to the IMG self-jinterference problem.

Figure 1 shows a portion of the diplexed system typically employed in earth terminals. This sys-
tem consists of two filters, one for the receive band and one for the transmit band, coupled to a com-
mon output port to permit simultaneous operation with a single antenna.

Intermodulation generation by all elements in the system, including connectors, adapters, filters,
etc., shown in Figure 1, plus transmission hardware to and including the antenna itself (not shown)
should be at least 10 dB below the weakest desired carrier, nominally in the order of -130 dBm. Great
care is required in the design of a diplexed system to ensure an IMG level <, -140 dBm with transmit-
ted power in the order of +50 dBm. One very important requirement is the selection of RF transmis-
sion connector hardware without ferromagnetic materials, the subject of this paper.

INTERMODULATION TEST SET

Figure 2 is a simplified block diagram of the intermodulation test set built to measure RF connec-
tor IMG levels. Transmitter signals ft and f 2, at 250 and 270 Megahertz (MHz) respectively, were
coupled via the six cavity multicoupler to the transmit port, T,, of the interdigital filter type diplexer.
The output of each transmitter was controllable from 0 to 100 watts. IMG signals appearing at the
receive port, R, of the diplexer were fed to a high gain, low noise, receiver/spectrum analyzer in the
shielded room. By utilizing the best constructional techniques available, the 3rd order IMG com-
ponent, f 3 = 2f 2 - fI = 290 MHz, of the test set alone was made less than -140 dBm with +50 dBm
total power from the diplexer output (antenna) port. This represents a test set residual intermodulation
conversion of -190 dB or less. Measurement of 3rd order IMG was made since this lowest order com-
ponent is the largest interference generated in a normal system.

The device under test (DUT), connector hardware in the subject tests, was placed between the
diplexer output port and 500 feet of RG-214/U coaxial cable as indicated in Fig. 5. The cable approxi-
mates an infinite transmission line and ideal termination (return loss >30 dB). If the DUT being
measured is more linear than the test set, no change in IMG level occurs. If the DUT is less linear
than the test set, the IMG level increases.

*Presented at Ninth Annual Connector Symposium. Cherry Ifill, N.J.. 20-21 Oct. 1976
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Figure 3 is a view of the transmitting equipment., multicoupler, diplexer, and cable load portion of
the test set. Although two diplexers are shown, only one was required to measure the reflected IMG
produced by connector samples placed between the diplexer output and cable load. The two elec-
tromagnets, in the foreground, were utilized as simple diagnostic tools. If IMG is predominantly due to

ferromagnetic non-linearity, application of either an external axial or transverse field reduces the
materials' permeability and hence the observed IMG level.* If IMG is not due to ferromagnetic materi-
als, no control is obtained.

_

/ TRANSMITTER PORTION OF INTERMODULATION TEST SET

Figure 3

Figure 4 is a view of the test equipment in the shielded room. The basic receiving system utilizes
a three cavity filter for IM component selection, a reference attenuator, a low-noise preamplifier and
the spectrum analyzer. A calibrated signal generator is coupled into the line via a directional coupler to
determine the intermodulation component level.

INTERMODULATION TESTS

In the search for improved RF hardware, very large intermodulation generation by certain types of
connectors was discovered. Many of the newer high quality precision devices, such as the double jack
N barrel adapter shown in Fig. 5A, utilize stainless steel outer conductors. These devices, even when
gold plated, were found to produce much higher IMG levels than ordinary silver plated brass (non-
ferromagnetic) connectors and adapters, such as the LIG-29 and UG-57 shown in Fig. 5B.

*Conceptually. IMG in a ferronlagnelic inaterial is reduced hec tse ol decreased perneahiity while heing '%uh.ected to u large
seIady magnetic field Idieally, the inaerial should he nlagnelically saturated to reduce the pernichiliN to unity 00.r This is not
practical. howeer, with materials and g1imUL1uJiii gaps involveLd in citual Ri connector hardware
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RECIVR ORTONOFINTERMODULATION TS E

Figure 4

(a) StaIinless steel precision adapters

(h) Silver plated brass adapters

Figure 5
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The variety of available connectors and adapters is almost endless. A collection of common type
coaxial connectors and adapters is illustrated in Fig. 6. A considerable number of connector types with
and without ferromagnetic materials have been tested for [MG. However, only a few generic types will
be reported here. The precision double jack N barrel adapter, previously shown in Fig. SA, was
selected for extensive IMG testing because its stainless steel body, which serves as the coaxial outer
conductor, could be readily duplicated from other metals. Figure 7 is a close-up view of this device
connected into the test bed. The axial magnet has been slid away for viewing.

folecio 
ofcailco nco. adaatr

.'4f,

"ft

Figure 7
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Stainless Steel Non-linear Effects

Third order IMG characteristics of 5 stainless steel N barrel adapters, using constant 60 watt total
RF drive, are shown in Fig. 8. The shaded areas indicate the spread of IMG among the samples; the
solid line represents the averaged values for the 5 samples. The columns indicate the external magnetic
field conditions employed.
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Figure 8

Because of hysteresis effects and residual magnetism retained by ferromagnetic materials, an ini-
tial degaussing operation (using sinusoidal drive to the external electromagnets and described later) was
employed to establish the "worse case" IMG level of each DUT. After degaussing, an average IMG
level of -94 dBm was obtained as indicated in the first column. Application of the 1000 gauss
transverse direct current (dc) magnetic field at the surface of the connector body, column 2, reduced
the IMG level to -1 18 dBm, a drop of 24 dB. This is a definite indication of permeability reduction in
the stainless steel outer conductor elements of the DUT. Removing the dc field, column 3, resulted in
an IMG level of -96 dBm, a reduction of 2 dB from the initial degaussed condition, which indicates a
change in residual magnetism. Applying the 700 gauss axial dc field, column 4, dropped the IMG level
to -108 dBm or -14 dB relative to the initial degaussed level. Removing the field, column 5, gave
-95 dBm and degaussing, column 6, again gave -94 dBm, the initial value measured.
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To further verify that the non-linearity was in fact due to the stainless steel outer conductor ele-
ments, identical structures were machined from brass and reassembled with the original berryllium
copper inner conductor. The adapter IMG then measured -140 dBm (the test bed residual) and no
control was observable with external magnetic fields, as shown by the bottom curve in Fig. 8. The
urgency to discontinue use of stainless steel in RF connectors is clear.

The top curve in Fig. 8 shows the effect of using cold-rolled steel, a high permeability ferromag-
netic material, for the outer conductor. With this material, the 1MG level measured -72 dBm, with
only a 3 dB drop for the axial field. In later tests, using stronger fields to further reduce permeability,
larger reductions of IMG were achieved. However, this material, because of its high permeability, ter-
minates most of the magnetic field at its outer surface where minimum or no RF current flows. Hence,
no control was observed with the transverse field. The axial field, however, was effective in reducing
permeability at the inner surface of the cold-rolled steel outer coaxial conductor. Stainless steel, type
303, by contrast, is specified to have a permeability less than 2. Actually, permeability of the stainless
steel devices measured were less than 1.1. This low permeability allows either field to penetrate to the
inner surface of the material and decrease permeability where RF current is flowing.

Figure 9 shows oscillographic measurements of 3rd order IMG obtained from one of the precision
adapters used in collecting data for Fig. 8. Frames A through D indicate IMG levels for the various

DEGAUSSED 1MG -88dBM 1000 GAUSS DC TRANSVERSE FIELC
1MG nf-II5d~m

MAGNETIZED 1MG -92 d~m 700 GAUSS DC AXIAL FIELD10MG -102 dm

CFRAMES ABCond 0

STAINLESS STEEL BODY

1MG OSCILLOGRAMS OF
"3080" ADAPTER WITH
EXTERNAL DC MAGNETIC

FIELDS

BRASS BODY CONNECTOR
1MG L- -140dBm

Figure 9
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magnetic field conditions with the original stainless steel conductor elements. Frame A shows the
degaussed IMG level, -88 dBm, after subjecting the adapter to large sinusoidal (transverse and axial)
demagnetizing fields. Frame B shows the reduced IMG level, -115 dBm, with application of the 1000
gauss dc transverse field, a drop of 27 dB and indication of reduced permeability in the stainless steel
body. Frame C shows an IMG level of -92 dBm after the field was removed. The 4 dB reduction of
IMG from the initial degaussed condition indicates residual magnetism and reduced permeability.
Frame D shows an IMG level of -102 dBm during application of the 700 gauss axial field, a drop of 14
dB from the initial degaussed condition. After degaussing, the DUT again produced an IMG level of
-88 dBm, as in Frame A. The sample adapter IMG and dc magnetic field control characteristics are
similar to the "averaged" device data shown in Fig. 8. Frame E, like the bottom curve in Fig. 8, shows
the dramatic improvement obtained by replacing ferromagnetic (stainless steel) with nonferromagnetic
(brass) conductor elements; IMG -- 140 dBm, an improvement of -50 dB.

Several IMG spectrum characteristics are experimentally evident when a device containing low
permeability ferromagnetic material is subjected to an external alternating current (ac) magnetic field.
If residual magnetism is present, a relatively small ac field will in effect modulate the residual field of
the DUT, forming RF sidebands spaced at the magnetic drive frequency from the IMG carrier. If the
ac field is increased beyond some critical magnitude, the spectrum will suddenly "flip" to frequency dou-
bled sidebands, indicating that demagnetization of the device has occurred. With no residual field,
IMG depression occurs for either positive or negative magnetic field excursions, and hence at twice the
magnetic field frequency. The DUT will remain in the demagnetized (degaussed) state at lower or
higher ac drive levels until remagnetized by a large dc field. Experimental data of these phenomena are
described next.

The oscillograms of Fig. 10 illustrate IMG characteristics obtained when the sample stainless steel
adapter was subjected to a range of sinusoidal ac transverse magnetic fields, the largest of which was
used for the degaussing operation. Frame A shows the "magnetized" IMG level, -92 dBm, due to a
previously induced 1000 gauss dc transverse field and with no ac field applied. In Frame B, application
of a small amplitude (±20 gauss) 2 kilohertz (kHz) transverse magnetic field in effect modulates the
residual magnetic field of the DUT, forming RF sidebands spaced at the magnetic drive frequency from
the IMG carrier. Increasing the field to ±40 gauss, Frame C, also doubled the apparent fundamental
modulation sideband amplitudes, indicating a relatively linear modulation process. In Frame D the
modulating field was increased another 6 dB (to ± 80 gauss) but the sidebands only increased 4 dB, an
indication that the peak ac field is exceeding the residual field of the device. Increasing the field to
± 140 gauss, Frame E, decreased fundamental sideband amplitudes but increased second harmonic side-
bands markedly. Note also the appearance of relatively strong 4th harmonic sidebands but essentially
no 3rd harmonic components. A modulating field of ±200 gauss, Frame F, resulted in fundamental
sidebands <2nd or 4th harmonic sidebands and IMG carrier depression -2 dB. With a slightly larger
field, the modulation spectrum flipped to even order sidebands only, the indication of residual field
erasure or degaussed state of the DUT. (The precise flip point is affected by hysteresis and difficult to
photograph.) To assure full erasure of residual magnetism, the ac field was raised well above the flip
point, to ±+340 gauss in Frame G. Removing the field, as in Frame H, produced maximum IMG
(degaussed) response, -88 dBm, as also obtained in Frame A of Fig. 9. Frames I through L show only
even order sidebands, verifying the degaussed condition of the DUT. Compare Frames C and I (same
modulating field) before and after degaussing, respectively. Remagnetization with a dc field (or simul-
taneous use of ac and dc fields) will again produce the fundamental sideband/IMG carrier relationships
previously obtained. Use of this modulation measurement technique provides a simple but effective
means of determining the magnetic state of RF connector hardware.*

"The ferromagnetic modulation mechanism is analogous to the diaphragm motion in an earphone with sine wave excitation. If a
polarizing magnet were not used, a sine wave of current sent through the earphonc coil would attract the diaphragm during both
the positive and negative alternations, producing two cycles of motion during each electrical cycle- When a permanent field is ad-
ded. the diaphragm will h flexed even when no current is flowing. The diaphragm is flexed more or less by an ac signal' one cy-
cle of current producing one cycle of mechanical motion.

30



NRL MEMORANDUM REPORT 4233

MAGNETIC FIELD (OFF) 20 GAUSS 40 GAUSS D 0 GAUSS

OEGAUSSLD

E - GU
MAGNETIC FIELD 140 GAUSS 200 GAUSS 340 GAUSS I OFF I! ! ! I i
MAGNETIC FIELD 40GAUSS 120 GAUSS ISO GAUSS 340 GAUSS

1MG OSCILLOGRAMS OF "3080' STAINLESS STEEL ADAPTER (SAMPLE A
WITH EXTERNAL 2kHz AC MAGNETIC FIELD I PEAK)

Figure 10

Axial field modulation was also investigated and found to be similar in character to transverse
field modulation. Degaussing was only obtainable with low permeability materials, such as stainless
steel or nickel plated devices to be discussed. Kovar, a high permeability material used in hermetically
sealed connectors, exhibited residual fields that did not yield to degaussing, using fields as large as 500
gauss (limit of the test set). IMG characteristics of Kovar devices will be covered later. Some devices
appear to lose or gain residual magnetism during storage or handling. It should also be noted that
exposure to large ac magnetic fields, as during the degaussing operation, for a significant period of time
creates an appreciable temperature rise because of induction heating (eddy-current flow) in all metal
elements of the connector or adapter. This temperature rise can induce mechanical stresses, create con-
tact non-linearity type IMG, deform insulating material, and in some instances, permanently damage
the device.

Nickel Plating Non-Linear Effects

Figure I 1 shows 3rd order IMG levels of several connector types with nickel plating, another fer-
romagnetic material. Test set conditions were as described for the stainless steel devices. Nickel plat-
ing has come into wide use because of its "non-tarnish" characteristic and lower cost relative to silver or
gold plating. Unfortunately, IMG is essentially as large as with stainless steel connectors. In fact, the"dotted" curve, obtained with a heavily nickel plated device, showed larger IMG than most stainless
steel devices. Reduction of IMG with external magnetic fields was similar to that for stainless steel. A
more direct comparison, as a function of field, is presented later.

A simple experiment utilizing a standard UG-29 adapter was conducted to observe IMG levels
due to nickel plating. A silver plated adapter, as manufactured, with IMG initially at -140 dBm was
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scIeoz d. The adapter was then disassembled, stripped of the original silver plating, replated with 500
r,,I:-oinches of nickel and reassembled. The "dashed" curve is the result, a 40 dB degradation over
.'LI plating. Obviously, nickel plated connectors are also unacceptable in sensitive multicarrier com-

rmanlcations systems. The shaded area bracketing the -140 dBm reference shows the spread in [MG
i',cO. ro, six UG-29 (non-ferromagnetic) adapters. The solid line represents the averaged values and
::ls., that which is readily obtainable through device selection.

I ernietic Seal Non-Linear Effects

Figure 12 shows 3rd order IMG data for hermetically sealed connectors. Test set conditions are
0!,, same as for Figs. 8 and 11. Hermetic seals are non-linear because the center conductor through
the giass seal and the metallic rim around the glass seal are made of kovar or similar ferromagnetic
natcrial. Kovar is used because it is a nearly perfect match to the thermal coefficient of glass 7052.

IMG averaged -87 dBm at 60 watts total drive for the ten UG-30C/U hermetic seal adapters tested.
Interference is thus worse than from either the stainless steel or nickel plated connectors and only 15
dB less than from the cold rolled steel connector. Kovar contains 99.7% ferromagnetic materials (iron,
nickel, and cobalt). The permeability of kovar is therefore much greater than the stainless steel or
nickel plated devices. Tests conducted with and without the kovar elements in a given connector pro-
vided unmistakable proof of the intermodulation contribution and the need for their avoidance in IMG
vulnerable systems.
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The hermetic-seal source of IMG should be avoided by using pressurized connectors wherever
possible. The UG-30/U adapter employs a gasket seal construction instead of the kovar-glass seal and
is said to be good for pressures in the order of 50 psi, which should be adequate for earth based sys-
tems. However, it should be stressed that such devices must not use stainless steel, nickel plating or
other ferromagnetic materials. During the IMG study an order was placed for six UG-30/U silver
plated adapters. When the order arrived the devices were nickel plated. In addition, only three of the
devices could be used for the nickel plated UG-30/U data "solid curve" shown in Fig. 11. the remaining
devices could not be used because of contact non-linearity and noise (when tapped) during operation in
the test set. The tap test is a very effective method for revealing defective RF connector hardware.
such as included metal chips or other contact type 1MG problems. Unfortunately, an IMG test set is not
normally available. However, such equipment is not difficult to construct and is strongly recommended
for use by RF hardware manufacturers to avoid delivery of defective components.

1MG versus Magnetic Field Strength

Ferromagnetic connector IMG characteristics, as a function of external transverse and axial dc
magnetic fields, are shown in Fig. 13A and B, respectively. The total RF power output (two equal car-

riers) was 60 watts to each DUT, as indicated. Progressive reduction in IMG with increasing transverse
field was obtained for both the nickel plated and stainless steel devices as shown in Fig. 13A. The
smaller reduction in IMG for a given field strength in the 3080 stainless steel adapter, relative to that
obtained with the nickel plated device, is believed to be due to greater spread of magnetic flux
throughout the stainless steel (ferromagnetic) body, resulting in less effective field at the inner surface
of the conductor where RF current flows. In contrast, nickel plating on the UG-30 was 500

4 microinches or less (thickness) at either the inner or outer surface of the brass body. This represents
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much less ferromagnetic material than provided by the stainless steel body for field spreading, resulting
in a greater field concentration at the inner surface of the outer conductor. The "no-change" IMG
response shown for the hermetic seal devices with the transverse field ,2000 gauss is believed to be
due to the termination of this field at the outer surface of the high permeability kovar ring (see Fig.
12). Hence, no magnetic field interaction with RF current flow along the inner surface of the ring or
kovar center pin was possible.

Connector IMG response to axial fields is more complex, as shown in Fig. 13B. With the axial
field, interaction with RF current surfaces occurs for all connector types. In the hermetic seal device,
magnetic fields are interacting with RF current on both the kovar pin center conductor as well as the
inner surface of the kovar ring. Two kovar connector samples were selected to reveal the range of
IMG variations encountered. Note that both devices show an IMG maximum for an axial field of
about 300 gauss. This characteristic was evident for either positive or negative field polarities and
occurred to some degree with all kovar devices tested. The IMG increase may be the result of
increased permeability, due to the external field acting as a bias. This response and the other features
evident in Fig. 13B are discussed in Chapter IV.

IMG as a Function of RF Drive

Figure 14 shows IMG as a function of RF drive level for both ferromagnetic and nonferromag-
netic connectors. As in the previously shown constant power measurements, the ferromagnetic units
are always inferior. To identify each connector/adapter of the large number tested, letters were
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assigned followed by a parenthesis indicating the (type of device). For example V(H.S) identifies sam-
ple V as a hermetic seal kovar adapter, A(3080) identifies sample A as the Americon 3080 stainless
steel adapter, AL(N.P) identifies adapter AL as a nickel plated device, etc. In general, IMG levels
from "kovar" devices exceed those by stainless steel, which in turn exceed those by most nickel plated
devices. Gold plating of stainless steel connectors reduces IMG but does not provide the quiet levels
attained with ordinary silver plated brass devices. For example, a "3080" stainless steel adapter was
selected which measured about -90 dBm at +48 dBm total drive before plating. The device was then
plated with 1000 micro-inches of gold, an amount which is not now economically feasible. This thick-
ness is theoretically in excess of 5 skin depths at 250 MHz. the lowest transmitter frequency employed.

The IMG characteristic was then essentially that of the minimum IMG device K(3080) without plating-
a reduction of roughly 15 dB with plating at high power levels but still inferior to the silver plated brass
connectors by about 30 dB.

IMG by Various Devices

Figure 15 compares 3rd order IMG characteristics of connectors and other non-linear devices such
as resistive loads, a circulator and diodes back-to-back, as a function of input power. As to be
expected, diodes are extremely non-linear, exceeding the worse connector IMG level by many orders of
magnitude. Shunting the diodes with a very low impedance copper strap only partially removes the
"junction" type non-linearity. Diodes, it should be noted, because of the hermetic seal con.rstruction also
include the ferromagnetic non-linearity as well. The circulator, a ferromagnetic device, is extremely

non-linear, and should not be directly used in intermodulation sensitive circuits. Resistive loads, and
terminations, may exhibit both contact and ferromagnetic non-lincarities because of the material and
construction employed. These devices have been found to be greatly inferior to the coaxial cable load
used for terminating the intermodulation test set samples indicated.
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CONCLUSION

From the few experiments presented here, it should be clear that intrmodulation generation by
ferromagnetic materials (such as stainless steel, nickel plating and hermetic seals) in RF connector
hardware is a very serious interference problem to satellite and other sensitive communication systems.
Using ferromagnetic materials in RF connectors for military applications is particularly dangerous
because of the possible misuse of such devices in IMG vulnerable systems. MIL-C-39012B and related

specifications should be revised, prohibiting the use of ferromagnetic materials. Communication
centers should be alerted to the potential interference problems of such materials. Their immediate
removal is strongly recommended.

The necessity to exclude ferromagnetic materials in the fabrication of RF connector hardware,
currently an industry-wide problem, cannot be overstressed as a very important step in linearizing RF
systems for maximum communication capability.
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Chapter III

CONNECTOR DESIGN TECHNIQUES TO AVOID RFI*

Charles E. Young

Satellite Comnunkations Branch
Communications Sciences Division

BACKGROUND

An earlier paper', presented at the Ninth Annual Connector Symposium, gave detailed experi-

mental evidence of the serious RFI levels produced by commonly available RF connectors which use
ferromagnetic materials (iron, nickel, cobalt or their alloys) for electrical conductors. For example, the
body structure of a wide variety of precision made coaxial connectors and adapters are currently
manufactured only from stainless steel, type 303, a ferromagnetic alloy. To cut cost and provide a cor-
rosion resistant finish, nickel plating, another ferromagnetic material, has been almost exclusively sub-
stituted for silver or gold, previously employed to plate brass stock connectors. That such materials
could be considered for electrical conductor service is difficult to understand because of the known non-
linear effects of even minute quantities of ferromagnetic contaminants in RF systems.t Use of fer-
romagnetic materials, however, has become so widespread that silver or gold plated brass (nonfer-
romagnetic) devices, which had been standard for many years, are no longer readily available as "off-
the-shelf' items but must be specially ordered in quantities (500 or more) to obtain reasonable produc-
tion cost.

As shown in reference (i), connectors fabricated from ferromagnetic materials typically produce
IMG power levels 3 to 5 orders (1000 to 100,00 times) higher (worse) than without. Obviously such
interference levels cannot be tolerated in todays highly sensitive communication systems. The fer-
romagnetic connector RFI problem came to light in 1975 during the Naval Research Laboratory's inves-
tigation of passive component nonlinearity and means for its reduction required by the Fleet Satellite
Communications (FLTSATCOM) system, then under development.

To alert the communications community of the ferromagnetic connector nonlinearity problem,
reference (2) was issued September 16, 1975 in advance of formal reporting and published under the
government-Industry Data Exchange Program (GIDEP) as Alert No. YI-A75-01, October 6, 1975.
The experimental findngs of ferromagnetic connector nonlinearity are substantiated through theoretical
analysis.3 A literature search* and discussion with others in the communications field also confirms the
NRL findings.

Although the ferromagnetic connector nonlinearity problem has been reported and widely dis-
cussed during the past 3 years, very little action has been taken to correct the problem. Many com-
panies are continuing business as usual with a "take it" or leave it" attitude. It has been suggested that

*Prened al the Eleventh Annual (onnector Syr posium, (herry 11ill. N J . 2S-2t, Oct 1978
t The references listed ait the end or this chaple r are onl asmall sl m i hng of the i all,iblc literature
t eF lerrnin gnetic nonlinoneari problem has hc recogni eil arou,1 tr hni te beg niltng ol elect rical con rn un icat ions The his-

[ort,* orresistaice itnisotrop in ferronlagnelic tmetll s gies back to 1857 ( * th hnriuort and that (it thc anon iotalous Hall effect to
1893 (A Kundt) See references 14). (5). (6). (7). (8). and (Q) lot further detimll
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only the Navy is having a problem but this is not true. Cost reduction and corrosion resistance, if not
accompanied with full operational capability, is not justification for deviating from sound metallurgical
and mechanical design practices which have been established through basic research and development
over many years.

This chapter was orginally intended to identify coaxial connector problems found in the NRL
study other than the ferromagnetic nonlinearity reported.' However, because of the seriousness of the
ferromagnetic problem, a further discussion of connector nonlinearity, as related to the basic concept of
"skin depth" conductor current flow at RF (indicated but not developed in the earlier paper) will be
presented. Both ferromagnetic and contact nonlinarity, the two major sources of RFI by connector
hardware, will be discussed.

BASIC SYSTEM REQUIREMENTS

The need for extremely linear passive components, including RF connector hardware, is evident
by considering antenna, receiver, and transmitter requirements in a typical communication center where
simultaneous reception and transmissions are involved.

Antenna System Configurations

Figure I illustrates schematically the two basic systems employed in radio communication centers:

(a) the single antenna diplexed receive/transmit system and (b) the use of separate antennas for recep-
tion and transmission. In terms of system size, weight, and cost, the single antenna diplexed (com-
bined) receive/transmit system is of course preferred, as it avoids the need for two or more antenna
structures and signal feeds for the required receivers and transmitters. Htowever, the problem of self
interference is potentially worse. Electrical nonlinearities within the multicoupler-diplexer filters or
connecting RF hardware to and including the antenna stuctures will convert a fraction of the multiple
signal transmit power into IMG product signals, The IMG signals that fall within the receive frequency
bands and are not well below receiver thermal noise (amplitude) will interfere and degrade weak signal
reception.
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To avoid conducted RFI, as in the diplexed system, an attractive alternative (at sufficiently high
frequencies) is the ase of separate receive and transmit antennas spaced as far apart as is practicable.
Free space attenuation between isotropic (nondirectional) antennas is:

P, (47TD)(

where

Pr = received power in watts

P, = transmitter power in watts

X = signal wavelength in meters or feet

D = separation in same units as X

The attenuation, a, in decibels (dB) is:

tit = 10 log-j-= 10 log [,/(47rD)21 (2)

I At D = A, the free space attenuation is 22 dB. For twice the separation, D = 2X, attenuation is
increased 6 dB, giving an isolation of 28 dB. An additional 6 dB is obtained for each doubling of the
separation, as shown in Table 1.

Table I - Attenuation between Isotropic Antennas

Separation (ft) A 2A 4A 8A ]l6 1 32A

Attenuation (dB) 22 28 34 40 1 46 152

In practice, antennas are directional (not isotropic) and the isolation is increased by the directivity
obtained with each antenna. At UIIF, isolation between receive and transmit antennas can be in the
order of 50 dB (as obtained on FLTSAT). This value of isolation not only reduces the transmit
antenna IMG signal coupling to the receive antenna, but also reduces fundamental transmit signal lev-
els impinging on the receive antenna, thereby minimizing nonlinear responses in the receive antenna
system. Unfortunately, at HF it is difficult, if not impossible to obtain this order of isolation because of
the longer wave length, A, and reduced antenna directivity.

Receiver Sensitivity (Noise) Threshold-IMG Requirements

State of the art receiving systems can readily provide noise figures (NF)* in the order of 4 dB or
less. To avoid sensitivity degradation, IMG products which fall in the receive frequency band must be
less than receiver thermal noise by approximately 20 dB. Table I1 indicates the parameters used to to
determine the maximum permissible IMG level in a 100 Hertz (Hz) signal bandwidth and the
equivalent power in decibels relative to I milliwatt (dBm). The above receiver noise threshold-to-IMG
margin of 20 dB represents a sensitivity degradation of only 0.04 dB and is imposed upon spacecraft and
other critical system designs, not only to insure negligible RFI but to also provide some margin for sys-
tem degradation with time and under environmental extremes. An IMG level equal to receiver thermal
noise (-150 dBm for the 4 dB NF receiver) represents a 3 dB degradation in threshold sensitivity, the
maximum acceptable RFi limit for most communication systems. Even this degree of performance is
not attainable with ferromagnetic RF connector hardware, as shown.

" 0lo I Rc Noi,,e rcvmlI
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Transmitter Requirements

Transmit signal levels vary but for discussion purposes may be assumed to be in the order of 100
watts, equal to + 50 dBm. A receiver RFI limit of -170 dBm, or less, as indicated in Table 11 requires
that transmit IMG products falling in the receive frequency band be at least 220 dB below +50 dBm,
the desired transmit signal levels. With closely spaced receive and transmit frequency bands, less than
8 percent of band centers in the FLTSAT system, sufficient IMG attenuation has only been achieved
with separate antennas and very linear RF hardware. The 3rd order IMG level of a diplexed system,
carefully built to test RF connector hardware and described in reference (1), measured somewhat less
than -140 dBm with +50 dBm total power from the diplexer output (antenna) port. This represents a
diplexed system residual IM conversion of - 190 dB or about 30 dB worse than desired.

Table 11 - Receiver Sensitivity/IMG Threshold

Parameter Numerical Value Equivalent
Boltzmann's Constant, k 1.38 x 10-23 Joule/ Kelvin -198.6 dBm/Hz K
Ant. Noise Temp (- 19'C) 290 K
Rec. Noise Temp 440 K
System Noise Temp 730 K + 28.6 dB K
Bandwidth 100 Hz + 20.0 dB
Rec. Noise Threshold 10-'s watts -150.0 dBm
Margin (rec. Thresh/IMG) 100/1 -20.0 dB
Max IMG RFI level 10- 20 watts -170.0 dBm

Since IMG products appear to drop about 10 dB per order, a diplexed system becomes a viable
technique, if a sufficiently wide unused band of frequencies (guardband) is allowed between the receive
and transmit frequency bands to reject the 7th and lower order products. However, it should be noted
that IMG products, or harmonics radiated by any system, whether diplexed or not, may fall into receive
frequency bands of other nearby systems and there cause RFI and/or sensitivity degradation. Elimina-
tion of nonlinear passive components is therefore still required.

CONNECTOR IMG DATA

To again show the excessive RFI produced by commonly used ferromagnetic connectors relative
to that permitted in the communication systems just described, characteristic connector IMG data will
be presented. The NRL test set and extensive connector IMG data were described in detail in refer-
ence (1).

Ferromagnetic IMG as a Function of Product Order

Third order IMG, being the lowest order and largest interference which can occur in the receive
frequency band of a multiplex system (with guardband width less than the transmit frequency band, as
in FLTSAT) usually determines the degradation of threshold sensitivity. The extremely high level of
3rd order IMG by ferromagnetic connectors, however, implies the presence also of potentially degrad-
ing higher order IMG products. These characteristics were investigated, using connector samples V, A
and U from the earlier study as the device under test (DUT) shown in Figure 2. To identify each
connector/adapter of the large number tested, letters were assigned followed by a parenthesized indica-
tor of each device. Sample "V" was a standard UG-30C/tJ kovar hermetic seal ("S) RF coaxial
adapter. Sample "A" was a precision "N" double jack (female) adapter which uses a stainless steel body
for the coaxial outer conductor. Sample "U" was a standard lG-29 nickel plated (NP) adapter.

Sample V was one of the ten UG-30C/U kovar hermetic seal coa <ial adapters, originally tested.

This commonly employed device is extremely nonlinear because the center conductor through the glass
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Fig. 2 - Ferromagnetic connector/adapter [MG as a function of product order

seal and the metallic rim around the glass seal is made of kovar or similar ferromagnetic material.
Kovar contains 99.7% ferromagnetic materials (iron, nickel and cobalt) and is generally the most non-
linear of devices tested. Note its very large IMG level for all orders of nonlinearity shown in Figure 2.

For many years kovar was the primary material employed for hermetic seals of reported RFI prob-
lenis, documented as early as 1966" . Fortunately, a new non-ferromagnetic hermetic seal has been
announced recently. The Space and Communication Group at the Hughes AirCraft Company, Los
Angeles California, have reported the successful development of a non-ferromagnetic hermetic seal
because of ferromagnetic IMG RFI problems encountered in their MARISAT and related communica-
tion systems. The new seal is reported to have high RF power capability, no IMG problems and to
withstand repeated thermal shocks from liquid nitrogen to boiling water with no detectable leakage.
The radio communications community is in urgent need of such a device.

From Figure 2, it is evident that IMG from the stainless steel connector is only slightly less than
that from the kovar device and that the nickel plated device is almost as nonlinear. The drop of about
10 dB for each progressively higher order of IMG is typical of known nonlinear devices. More impor-
tantly, the higher orders of IMG from all three ferromagnetic connectors far exceeded the 3rd order
IMG residual of the diplexed test set (--144 dBm) and of course the test set noise threshold of
-- 147 dBm. (Note that 5th and higher order IMG from the test set alone was below noise threshold
and therefore not detected.) Actually I Ith order IMG from the nickel plated device, 13th from the
stainless steel and 15th from kovar measured above the test set noise threshold.

Nonferromagnetic Connector IMG Comparison

Standard silver plated (non-ferromagnetic) UG-29 adapters, when operated as the DUT typically
did not change the test set 3rd order IMG residual (--144 dBm), an indication that connector 3rd
order IMG was below the test set residual by at least 10 dB*, or -154 dBm. Higher orders of IMG

Assuming simple power addition, a test set plus DUT IMG level 0.5 dB greater than that of the test set alone indicates that
t)UT IMG (alone) is theoretically 9.6 dB below the test set and hence that much more linear.

43

,-6r,° •



C. E. YOUNG

with nonferromagnetic connectors were also below the test set detection noise threshold, as might be
expected. Except for obviously defective adapters, even a random selection of silver plated non-
ferromagnetic devices usually gave IMG levels (DUT + test set) no more than 3 dB above that of the
test set alone, indicating a maximum DUT IMG - test set IMG, or -- 144 dBm. The vastly superior
performance of the non-ferromagnetic connectors is not indicated in Figure 2, but was illustrated in
numerous data comparisons in reference (1). The necessity to exclude ferromagnetic materials as
electrical conductors in RF connector hardware is clear.

IMG MECHANISMS

Like thermal noise, nonlinearities are present to some degree in all elecrical networks. Many
IMG mechanisms have been postulated 2.13. 14.3 but the two major sources of nonlinearity encountered
in RF connector hardware are:

(1) Imperfect metal-to-metal electrical contacts, and

(2) Use of ferromagnetic materials for electrical conductors.

The problem of imperfect contacts is widely recognized, but nonlinearity due to ferromagnetic
conductors is less well known. The nonlinearity of ferromagnetic conductors is related to the change in
permeability experienced with current flow as described next.

Skin Depth*

It is well known that alternating current is not uniformly distributed over the cross section of a
homogenous conductor (as with direct current) but is displaced more and more to the conductor sur-
face as the frequency is increased. For very high frequencies, practically the entire current is concen-
trated in a very thin layer at the surface called the "skin depth", of the conductor. The skin depth, 8, at
which the current density drops to 1/e(-37%) of its value at the conductor surface is given by

-1

8 = OT f(r ) 2 (3)

where f is the frequency of operation, and o- and 1t are the conductivity and permeability, respectively,
of a given conductor. If the conductor is a nonferrous metal, such as silver, a linear relationship exists
between the resulting magnetic flux, B, and the magnetic field intensity, H, with current flow; i.e., B =
jAH where 1 is a constant, very close to that of free space, IA0 = 47r X 10- 7 henrys per meter (him).
For this linear relationship, 8 can be analytically determined. Silver, for example, which has the largest

conductivity, o- = 6.15(107) mhos/m, (least resistivity, p = , or loss of any metal at normal tem-

peratures) has a skin depth of -2 x 10-6 meters (m) at I GHz, (109 Hz). The minimum silver plat-
ing, in accordance with Federal Specification QQ-S-365a for nonferrous base metal conductors is 0.0005
inch (- 12.7 x 10-6 m) which provides >6 skin depths at I GHz, and thus conducts more than 99.8%
of the total current.

On the other hand, if the current carrying conductor is a ferromagnetic material, IL is not constant
but varies with H in a very nonlinear manner. B depends not only on H but also on previous values of
H, the well known hysteresis effect. The skin depth equation is therefore nonlinear with "memory" and
cannot be solved analytically. Of greater concern, however, is the variation of skin depth caused by
permeability change; which is equivalent to a nonlinear circuit impedance change-being a function of
instantaneous current amplitude. This effect is evident in the following numerical approximations of
skin depth for nickel plating, based in part upon data from reference (9). The hysteresis loop

*An excellent analytical development of skin effect, as well as an interesting historical sketch of its discovery, starling with
Maxwell in 1873, is given in reference 15.
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(memory) of nickel at room temperature is shown in Figure 3, and the nonlinear change in relative
permeability, IL, as a function of field strength, H, is shown in Figure 4. These parameters are com-
parable for other ferromagnetic materials and may therefore be used as a model.

aim I' I I I ,

103 x6 (CKLNICKEL

Uj 4- \N4CKEL
InI

I I-

z -41

2 - am

-e 0 _______ I=

- -8 -4 0 4 8 12 I I I

FIELD STRENGTH. H, IN OERSTEDS FIELD STRENGTH H (OESTE..S) I (CU'RERT)
Fig. 3 - Ferromagnetic hysteresis nonlinearily Fig& 4 - Ferromagnetic permeability nonlinearity

If one first assumes an extremely small signal current amplitude, the initial permeability of nickel,
jL - 4-rx|0 - 5 h/m, may be used. The conductivity of nickel, -N, is -1.3 x 107 mhos/m. These
values result in an initial skin depth, Si of -4.4 x 10-7m at I GHz., a value approximately 1/5 of that
for silver. Since the thickness of nickel plating on connectors typically measures 10-sm (> 20 skin
depths) or more, the entire current is carried by the nickel plated surface. Besides the nonlinearity
problem, a minute skin depth intensifies the effects of surface imperfections such as scratches, holes,
oxide contaminants, etc. creating anomalous skin current paths and erratic metal-to-metal contact junc-
tions.

As signal current increases, the permeability of nickel increases, reaching /-max, 10 to 100 times
j-,. This further decreases skin depth by a factor of 3 to 10 times. Beyond some critical current, how-
ever, permeability decreases, finally reaching saturation, usa = 47rx 10-7 h/m (free space)- resulting in
a maximum skin depth for nickel of approximately twice that for silver, because of the poorer conduc-
tivity of nickel. Thus, a very large nonlinear change in skin depth, by at least an order of magnitude,
can be visualized as a function of current flow. The additional nonlinear effects due to hysteresis are
not possible to evaluate numerically.

There are undesired effects other than the nonlinear permeability change which disqualify fer-
romagnetic materials for use as electronic connectors. Besides the low conductivity, an effect exhibited
by ferromagnetic metals is the anisotropy of electrical conductivity- different values for different current
and/or field directions. Also, magnetoresistivity, the change in resistance associated with a change in
magnetization, weakly found in all metals, is orders higher in ferromagnetic materials. Magnetostric-
lion, the change in physical dimensions of a ferromagnetic material in a magnetic field is another
undesired effect for an electrical connector. See the listed references for further information.

As noted earlier, non-ferromagnetic metals exhibit constant permeabilities, which differ only
minutely from that of free space; being either paramagnetic (slightly larger than go) or diamagnetic
(slight less than it). Skin depth is predictable and independent of current magnitude except for an
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extremely small thermal modulation (discussed in Chapter V and in reference 13, for example). Figure
5 is a chart giving skin depth, 8, in parts of an inch for various metals over a wide range of frequencies
(10 Hz to 1 MHz using the top and right hand scales, and 100 kHz to 10 GHz, using the bottom and
left hand scales). The non-ferromagnetic metals, solid lines, exhibit increasing skin depths, as conduc-
tivity decreases, relative to that of silver. The ferromagnetic elements, nickel, Ni, and iron, Fe, shown
dashed, indicate even less skin depth based upon their initial permeabilities, i, as plotted. Recall,
however, that ferromagnetic metal skin depth is dependent upon instantaneous current magnitude and
is therefore modulated below and above these values with alternating current flow. For example,
nickel, at sufficiently high current (permeability saturation, I.~) should approach the skin depth of
brass because of their comparable conductivities.

FREQUENCY N HERTZ

10 102 10 1o T '
102 1- ] "f ", | I 1 1 | I i l l I T I
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3  
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00~
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Fig. 5 - Conductor skin depth as a function operating frctquency

The most important consequence of conductor skin depth is the greatly increased impedance
(power loss) with alternating current (ac) flow, as compared to that with direct current (dc) flow. This
effect is shown in Figure 6 for the same metals and frequency range presented in Figure 5. The surface
resistivity, R ,* defined as the resistance in ohms of a surface of equal length and width, becomes

R =P -  f/zp)2 (4)

Note, the superiority of silver (Ag) relative to all other metals as well as the maximum resistive
(power) loss shown for the ferromagnetic metals, Ni and Fe.

Contact Imperfections

An illustration of a perfect contact between the end surfaces of a cylinder and a flattened sphere is
shown in Figure 7. The shaded area represents the effective ac conductor surface while the total cross
section represents the far greater dc conductor contact area. This drawing points up the fallacy of rating
a coaxial connector in terms of some minimum dc resistance, as done by connector manufacturers. A
much more meaningful measurement would be the RF resistance, at say, the upper frequency limit of
the device.

"Schclkunoff. rcl'erence 16. p 55(1. dcfincsi R,, , the intrinsic resistance or the material.
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Unfortunately, contacts are not as perfect as shown in Figure 7, but because of asperities, are
more nearly as shown in Figure 8. This rough contact junction would appear considerably degraded at
dc but may not be much different than Figure 7 for ac. Experimentally, it is often found that the IMG

S, a given connector will vary with contact pressure but not always be minimum at maximum pres-
.sure. One possible explanation is that with maximum pressure, the RF surface contact is warped or
uiht:rwise degraded at the expense of a better dc contact. Contaminants (oxides, sulfides, lubricants,
t:.) trnd to be pushed to the outside RF surface area, another possible contributor to poor perfor-
imn.e Gold plated contacts, in spite of the somewhat higher surface resistivity than silver for exam-

, ",.-, %,-,,1 found to consistently give lower IMG levels than any other surface, apparently because
ot inc relative freedom from corrosion products. Such contacts also show less criticalness to contact

, . apparently because of the malleable characteristic of gold and the reduction of asperities.
wev~r, ti~c use of a nickel undercoat to prevent base metal migration through gold plated surfaces
:,f not be employed because of the ferromagnetic IMG interference caused.

Pressure

It

Iac Pressure

Fig. 8 - Imperfect contact junction

Figure 9 indicates the characteristic pin and socket arrangement usually employed for the center
;+u< nir contacts of coaxial connectors. The shaded surface area in the magnified view again illus-
_L.,tes th! extremely small RF contact area relative to the dc contact area. Increased penetration depths

f. pins into sockets, although reducing dc contact resistance, have little effect on RF performance. As
1 he previous butt joints, IMG is often found to vary until "good seating' is secured. Again, the

. , gold plating on both pin and socket appears essential for minimizing IMG.

Contact imperfections are also possible with the outer conductor elements of coaxial connectors.
'struction practices today are, in some respects, inferior to what they were 30 years ago. For exam-

ple, a potential source of IMG and contact failure has been the relatively insecure contact made
oetween the outer conductor sleeve, and the main body of N male type connectors, accomplished by
crimping. Mating, demating, shock, vibration, temperature, etc. eventually loosen this form of attach-
ment, causing intermittent metal-to-metal contact, a large IMG source, or in other cases, complete
failure, or breaking off of the contact ring. It should be noted that during and for a while after World
\Vq r [I, this type of connector problem did not exist because the outer conductor contact of the device
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ac

//"

Fig. 9 - Typical pin-socket center conductir RF path

was machined from one piece of brass, which included the connector body. However. most manufa.-
turers now crimp this body contact for reas.ons of economy. Although the original one piece construc-
tion is preferred, a full surface crimp, as used on certain connector types and by some manufacturers, is
considered a minimum design. There are many similar instances too numerous to relate here. The
need to use semi-rigid coaxial cables to obtain greater shielding has brought about many non-standard
connector designs which have not yet been perfected. MIL-C-39012 only applies to flexible braidcd
cable type connectors, except for the type SMA connector. ,\ thorough re-evaluation of all cable-
connector interfaces for both the center and outer contacts is urgently needed, based upon the NRL
connector study.

CONCLUSIONS

It has been shown in this paper that the threshold sensitivity of many radio communication sys-
tems is currently limited, not by the associated low noise amplifiers (which were specially designed at
high cost), but by IMG RFI which occur in improperly constructed RF connector hardware. The major
contribution to this system performance degradation arises from the use of ferromagnetic materials
(such as stainless steel or nickel plating) for electrical conducting elements in RF connector hardware. a
practice which has been adopted by industry without sufficien, research or user-consultation. This
metallurgical problem can be corrected by returning to the use of non-ferromagnetic materials as pre,i-
ously employed. The long standing RFI problem associated with kovar or similar ferromagnetic her-
metic seal type connectors can be also be elminated by use of recently developed non-ferromagnetic
seals.

The contact nonlinearity problems have generally arisen from "short-cut" fabrication practices
which have been adopted by manufacturers in recent years to reduce cost. These practices which differ
with each connector type, should be permitted only if they do not detract from device performance
and/or reliability.
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Chapter IV

A STUDY OF RF NONLINEARITIES IN NICKEL*

G.C. Bailey and A.C. Ehrlich

Metal Physics Branch
Material Science and Technology Division

i. INTRODUCTION

The purpose of this chapter is to present a new technique for studying the behavior of nonlinear
metallic systems subjected to radio-frequency magnetic fields. Intermodulation (intermod) generation
(IMG), which takes place in a nonlinear system results in the excitation of a whole series of signals!
The intermod frequencies which are excited depend on the type of noninearity of the system. The
significance of this technique is its large relative sensitivity; that is, extremely small intermod signals
(as low as the rf thermal noise in a system) can be observed in the presence of very large fundamental
signals. For example, rf powers of the order of - 145 dBm (i.e., 10-175 W) can be observed in the
presence of fundamental freuqencies with powers of the order of watts or tens of watts. Thus, a rela-
tive sensitivity of 10-"5-10- 19 or better is possible. Thus, it may be possible to investigate at new lev-
els of detail those physical phenomena accompanied by nonlinear electromagnetic responses.

Although the technique is quite general and applicable to the study of a large number of nonlinear
metallic systems, the one we have chosen initially for illustrative purposes is that of a ferromagnetic
material, namely, nickel that is electroplated onto copper. Electroplated nickel was chosen for three
reasons: first, one would expect that nickel, being a ferromagnet and hence nonlinear, should exhibit
appreciable intermodulation signals2; second, no information was available on the fundamental origins
of intermod signals in nickel nor indeed in any ferromagnetic material up to the time the present study
was begun; third, we wished to examine the feasibility of using IMG to study magnetic structure
changes too small to examine sensitively with other techniques.

1i. EXPERIMENTAL METHOD

We present here a rather complete description of the experimental method which involves con-
siderations and difficulties which are conceptual and not simply of the nature of problems with experi-
mental techniques. It is therefore important to give an account of a number of step-by-step improve-
ments made in the experimental approach.

A schematic diagram of the apparatus is shown in Fig. . For the time being, let us consider all
portions of the apparatus except those portions labeled A IA 2 . and 0 which are located above the two
dashed lines. Most of the power of the fundamental signals, which passes through the sample, is
absorbed in a load whereas the intermod signal, after passing through a set of sharply tuned high-Q
filters, is detected by a sensitive spectrum analyzer. The transmitters consisted of two ICOM-21A ama-
teur radio transceivers stabilized on internal crystals at the frequencies .f' - 146.000 MHz and .f2 -

148.000 MHz. The transmitters were isolated from each other by two sets of three cavity-type resonant

'Publishcd in Journal of Applied Physics 50. 453 (1979).
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set of three filters represented by F,, (tuned to 150.000 Mllz) and was detected by a Hiewlett Packard
spectrum analyzer (rf section model 8554B). A small fraction of the exciting power at I', and .*was
also incident upon the spectrum analyzer and was used as a rough frequency calibration. As in any
experiment at high frequencies, it would, of' course, be desirable to know the incident rf magnetic field.
Since this field was not precisel\ available and since its magnitude varied wkith depth into the sample as

a result of the sample conductivity, all our measurements were on the power. Filters F, and F, were
fine tuned to eliminate any reflections from the sample back into the transmitters. The standing-wave
ratio at each transmitter output was close to unity-.

Siandard nickel elect roplat ing \\as applied to copper N~ ires (25 mil long x 1 .62 mml inl diameter)

nd to mectllurgically polished o\Ngen-rce h igh-purity copper ple (27 mil long x 6.3 mml wide x

part niitric acid, rinsed in distilled water, copper plated w~ith less than 0.001-ie. -thick copper, and nickel
plated in ;a solution of' nickel choride. nickel sulf'ate, boric acid, anid Sulfuric acid \\11th at f'l of 4-5
The1 current den~sity during plating wais 27 m.-\/cm2 '. A length itf approximately 3 mml onl each end of-
the samples wais masked oil' from the nickel plating, and this area was soldered either direcil ' to the
endLS 0o' lie Studs Of' MO 1.1111: chassis connectors or to copper wkires wNhich were in turn soldered to I he
endls 01 lie studs. F'is arrangemlent permitted St udies to be mlade ats at functionl Of' sample length, n1Iag-
im tde, and orientlat loll of, a dc magnetic ldt, temperature, input po'\ er. etc. In addition, two copper
\i res \kere Soldered to thle outside of' the 1)111: connectors and acted aS shlields to prevent pickup inito or

leakage froni thle line

Ill thle e \ per imni t. an umn aiited bac kg roun d signal ila I \a~s occuriod Ithat a rose from a niumnb er of'
utrkcs. 5011k' of, \khicli are k no" it and sonic of ' %hicli are unkno~mn V\ ith a copper-wire sample in

;'LicC. One " ould e 'peCt t11 hisbckgroundlk Sigiial to be quite low\, and. ill fact. thle I 150-NI II/ background
signal \%.i- reduced. \ilhI special care, to -145 dilm at .5 NV per channel (i.e.. at each frequency)
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through the sample. This rather low background level was accomplished by removing all the visible

tiny metal particles from the UHF-type connectors, by replacing the steel screws on the nine resonant-
cavity filters in the circuit with brass screws, and most importantly by removing the silver oxide or
sulfide from the connector plates on the filters.

III. INTERMOD POWER VERSUS APPLIED dc FIELDS

A. Experimental results

Samples of nickel-plated copper wire with various thicknesses of Ni were studied initially in order
to simulate nickel-plated rf connectors and still have a more well-defined geometry than that of a con-
nector. The data from one such sample with a 0.06-mm-thick nickel plating is shown in Fig. 2. The
intermod signal at 150 MHz is shown as a function of applied dc magnetic field H,., with an rf magnetic
field 17, of constant amplitude. The magnetic field was applied perpendicular to the axis of the wire.

Several features of Fig. 2 are particularly noteworthy. It is seen that the intermod signal excited
at zero applied field was a very large (a factor 104 in power) compared to the background level at high
magnetic fields. The background level was taken as that intermod signal observed when an increase of
the magnetic field no longer changed the intermod signal. Although it is not indicated in Fig. 2, there
was very little hysteresis in the signal as the magnetic field was reversed in direction by 1800. The sig-
nal generally decreased with increasing field, but there was a sharp maximum at 600 Oe, a broad max-
imum at 3000 Oe, and a sharp minimum at 4900 Oe. The overall behavior of the intermod signal with
applied field is strikingly similar to data obtained on commercial rf connectors. 3 Thus, the original goal
of simulating a connector with a wire appears to have been met. The decrease of the intermod signal
with increasing magnetic field and the disappearance of the signal when a field near that needed to mag-
netically saturate the sample was applied indicate that the intermod signal is related to the magnetic
state of the sample and more specifically to domain wall displacement and domain rotation.

10- 0 I0"" b hrf

H0 (e

0
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H D (0e)

Fig 2 - IntlermoduLIion signial in a nickel-plated copper %ire as
i function of applied ic 11agnetic field

The interpretation of the dependence of the observed signal on the applied dc magnetic field is
rather complex for the following reason. In a wire, the relative orientations of the rf magnetic field, and
th,- applied dc magnetic field are not unambigously defined. That is, with the dc field transverse to the
wire, for example, there are regions in which the dc and rf fields are parallel, perpendicular, and at all
angles in between parallel and perpendicular. If, however, a flat-plate orientation is used, the relative
rf-dc magnetic field orientations and the denagnetizing factors can be well defined. Consequently,
samples were prepared by electroplating nickel onto flat plates of highly polished pure copper to
thicknesses of 0.025 and 0.25 mm. Two samples of each thickness were made with the nickel being
plated on one side only as well as on both sides of the large flat faces of the copper plate. Thus, a
number of well-defined dc-rf magnetic field relative orientations could be obtained.
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The results did not depend significantly on whether the sample was plated on one or two sides.
The plating thickness also did not affect the results significantly, as is reasonable since even the smaller
thickness of 0.025 mm is still much larger than the skin depth. Therefore, typical data are shown in
Fig. 3 for a sample with a plating thickness of 0.25 mm only one side of the copper plate. As is shown,
the dc and rf fields were perpendicular to each other and in the plane of the sample. At low dc fields,
the intermod signal behaved more or less as expected if it is associated with the number of domains in
the sample. That is, as the dc field increased, the signal dropped rapidly as the sample became magneti-
cally saturated at a few hundred oersteds. As the field was further increased, however, the signal
showed a minimum at 400 Oe and then increased to a low constant value. It is interesting to note that
most of the structure observed in the wire sample is now absent; that is, the peaks at 600 and 3000 Oe
have been removed simply by choosing a flat-plate sample.

The origin of the minimum in Fig. 3 can be explained as follows. The intermod signal arising
from the magnetic effects in the sample in this case are out of phase or nearly out of phase with the
background signal that is always present in intermod experiments. P.: low fields, the magnetic signal
dominates; at high fields the background signal, although small, dominates; at intermediate fields,
where these two are comparable in magnitude but of different phase, a minimum will be observed.
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Fig. 3 - Intermodulation signal in a nickelplated copper plate. The

platintg is only on one side of the copper and the rf and dc magnetic
field direclions are shown in the ilset

In order to test this hypothesis and, at the same time, to increase the sensitivity of the apparatus,
the following additional components were added to the circuitry as shown by the components located
above the two dashed lines in Fig. 1; two 20-dB couplers, two continuously variable attenuators,
AI and A2, and a trombone constant-impedance adjustable air line 0. With these modifications, an
intermod signal whose phase and amplitude could be widely varied was added to the sample plus back-
ground signal just prior to the spectrum analyzer. The amplitude of the canceling signal alone was
adjusted to give the same value as the level of the sample plus background signal alone at high mag-
netic fields. The two signals (canceling and sample plus background) were added at the Tee in front of
the spectrum analyzer, and the phase of the canceling signal was varied until a minimum was obtained
for the resultant signal at high magnetic fields.

The results for a sample, similar to the one whose data is shown in Fig. 3, are shown in Figs. 4
and 5, where the applied dc magnetic fields are in the sample plane and normal to the sample plane,
respectively. It is seen that not only has the resultant new background signal (above magnetic satura-
tion) been substantially reduced (from - 120 to - 145 dBm), but the minimum around 400 Oe has
been removed. It is true that this would occur even if the minimum arose from an intrinsic magnetic
effect vanishing and another reappearing at high fields. However, the fact that he observed signal does
not change with applied dc field over a broad range from 4 to 13 kOe in Fig. 4 (a) implies that there is
no magnetic contribution to the intermod signal beyond 4 kOe. it thus appears that this minimum.
which had been observed before but had not been explained, is apparently a result of the addition of
two signals of similar amplitude but different phase. Hence, the two modifications (a flat-plate sample
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and ai background canceling signal) have elirninated aill of the structure secn in the intermod signal of
the wire sample (Fig. 2). Gieneraliiing and considering the nature of lFigs. 4 and S. one caln conclude
that the kind of' structure that is seen in Fig. 2. and that has also been seen in comnmercial connectors,
is a consequence ol' interference between signals with various phases and valrious dependencies on dc
nmagnetic fiekls that a.re generated at different positions around the circumference of' the wire. Two
different positions here are defined as two points which have different relative orientations of thc dc

and rf magnetic fields.
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B. Discussion of Results

In addition to showing the removal of the background induced intermod effects on the resultant
intermod power-field variation, Figs. 4 and 5 reveal a number of other interesting features which are
qualitatively explained if we make the simple assumption that the dynamics of *'h domain walls are
responsible for the generation of the intermod signals. There are two probable mec,:,nisms that can

account for this. The first is certain nonlinear intradomain-wall excitations which are i,'ost important
for domain walls where the rf magnetic field is perpendicular to the magnetizations of the two domains
separated by the domain wall and to the wall itself. A detailed treatment of this phenomena is being
prepared for publication.4 The second mechanism, to be treated in this paper in some detail, is the
vibration of domain walls as a result of excitation by the two frequencies ./1" and .f2. In this second
mechanism the intermod signal arises as a result of the absorption of the applied rf field energy by the
oscillating wall and the subsequent reemission of energy at the same frequencies and at the intermod
frequencies. Since this assumption is the basis of substantial subsequent discussion in this paper, we
review some experimental evidence which supports it.

Reporting on a Kerr-effect experiment in a study of creep in a nickel-iron thin film, Kim et al.5

observed the low frequency oscillations of a domain wall as a function of the frequency of the applied rf
magnetic field which was parallel to the domain wall. A slowly varying (380 Hz) magnetic field was
applied parallel to the wall, and the magnitude of this oscillation was observed as a function of fre-
quency of an applied magnetic field lirf from I kHz to 600 MHz. They observed a resonancelike dis-
placement of the wall at 380 Hz at rf frequencies around 100 MHz, which they attributed to resonance

absorption of energy from the rf field by the domain wall. They suggested that this problem is similar
to the mechanical problem first investigated by Kapitza6 in which a slowly varying force and a rapidly
varying force are simultaneously applied to a particle in a potential well. It can be shown 7 that the low-
frequency displacement of a particle will be very large when the high-frequency field is at its resonance.
Thus, the wall ought to show large excursions in the vicinity of 100 MHz.

The results of the intermod power versus dc magnetic field Hd must be explained on the basis of
the interaction between the rf fields and the domain structure. The domain structure in turn depends
on the magnitude and orientation of the dc field as well as the intrinsic magnetic characteristics of our
electroplated Ni films. In particular, it is possible to correlate the various straight-line portions of the
data shown in Figs. 4 and 5 with the evolution and disappearance of the different kinds of magnetic
domains found in our sample. Among other things, what this correlation demonstrates is the ability of
the IMG technique to detect very small changes in the details of the microscopic magnetic structure.
This even occurs under conditions so close to magnetic saturation that other techniques known to us
are insensitive to further changes in the magnetic domain structure. This high sensitivity to the detailed
domain structure also can be seen in the differences in the zero dc field IMG powers seen in Figs. 4
and 5, which ,'an be attributed to different states of magnetic domain structure.

To illustrate, in Fig. 4(a) a very large dc field (3.8 kOc) is necessary to completely suppress the
IMG of magnetic origin, i.e., to completely saturate the sample as measured by IMG. Since the sample
magnetization has reached 95/ of its saturation value at a field of 1400 Oe according to Ref. 8, we see
that the magnetization changes by only 5% while the IMG power changes by an accurately measurable
factor of 30 for fields between 1400 and 3800 Oe. Thus, when more thoroughly understood, the
present method should complement neutron diffraction and other techniques of investigating bulk
domain structures.

I. dc Magnetic F'iel in Sarnple Plane

Figures 4(a) and 4(b) show the experimental data when the dc field is in the plane of the sample.
Both Fig . 4(a), where the rf field is parallel to the dc field, and Fig. 4(b), where the rf field is perpen-
dicular to the dc field, show two linear regions on these semilog plots of power versus field. In addi-
tion, the break in the curve in both cases occurs around 700-800 Oe. Features of recent neutron
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diffraction studies of electrodeposited nickel approximately 20 gm thick have been discussed in terms
of a model that allows for two types of domains in the unmagnetized sample: bulk pillar-shaped
domains with a magnetization normal to the plane of the sample and surface closure domains with a
magnetization in the plane of the sample. As a dc magnetic field is increased in the plane of the sam-
ple, there is an abrupt break at 720 Oe in the curve of the neutron polarization parameter as a function
of the dc magnetic field which is attributed to the vanishing of the pillar domains. Although the sam-
ples used in the present study are much thicker than 20 Mim, the domain structure in both cases should
be similar since the thickness of the sample in both cases is great enough for the samples to have bulk
properties rather than thin-film properties. The initial decrease of the intermod signal with increasing
dc field can therefore be ascribed to the pillar-domain walls being removed from the sample at a given
rate. In fact, the linearity of the data indicates that the rate of change in the number of domain walls
with field at a given field is proportional to the number of remaining walls. The mechanism by which
the pillar domains give rise to IMG is an intradomain-wall excitation. As mentioned above, a quantita-
tive mathematical treatment of this effect will be the subject of a future publication.

At 700-800 Oe, the removal of pillar domains is complete and the film consists primarily of
domains having a magnetization parallel to the sample plane. At this value of the dc field, the slope of
the signal-field curve changes because the evolution and disappearance of the remaining domain struc-
ture is quite different than at lower fields. The predominating domains are now those with a

magnetization parallel to the plane of the sample, tending to be parallel to the dc field, and the rf field
can now have a significant component parallel to the domain magnetization.

The important differences which exist for dc fields above 800 Oe between Figs. 4(a) and 4(b) can
be understood using the model that assumes forced vibrations of the domain walls by the rf fields to be
a major source of intermods. This mechanism will play an important role only for those domain walls
separating domains whose magnetization has a component parallel to ihe rf field. If the rf field is per-
pendicular to the domain magnetizations then there is no reason, energetically, for any domain to grow
at the expense of a neighboring domain, i.e., no reason for a domain wall to move.

Above 800 Oe the detailed domain structure is unknown, but what is certain is that there are far
fewer domains than at zero field (and thus also domain walls) and that the domain magnetizations have
a tendency to be parallel to the applied dc field rather than perpendicular to it. Thus, if domain-wall
vibration is the major source of IMG at this point, the IMG power would be greater for HdC parallel to
hrr than for ld, perpendicular to hrt. This we believe to be the reason for the much smaller value of
the IMG power at 800 Oe in Fig. 4(b) than in Fig. 4(a).

The same reasoning accounts for the disappearance of the intermod signal at approximately 1500
Oe when lid, is perpendicular to hr.. while it persists up to values of ida, of 4000 Oe
when /H,& is parallel to /t. As the dc field is increased, the angle between the direction of the magneti-

zation within a "typical" domain and the direction of the dc field becomes smaller and smaller. Also,
the ratio of the number of walls aligned parallel or nearly parallel to the dc field to the number aligned
at other larger angles to the dc field increases as the dc field increases. Hence, if the rf field is parallel
to the dc field, as shown in Fig. 4(a), there are domain walls parallel to the rf-field direction until the
sample is completely saturated magnetically when all walls disappear. On the other hand, as shown in
Fig. 4(b), as soon as the overwhelming majority of the effective walls (from the intermod generation
point of view) are nearly aligned with the dc field (and hence, perpendicular to the rf-field direction),
the walls will not be affected by the rf field and the intermod signal becomes zero. For the field
geometry depicted in Fig. 4(b), the near alignment of all the walls in a direction perpendicular to the
rf-field direction occurs at a dc field far below that needed to saturate the sample. Thus, the intermod
signal reaches a minimum value at a lower dc field for the conditions shown in Fig. 4(b) than for the
conditions shown in Fig. 4(a).

It should be pointed out that at around 800 Oe, with Hd, perpendicular to hrf, there is the possi-
bility of having the relative orientations of the domain magnetizations, domain walls, and rf field for
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some domains such as to permit IMG production by the intradomain-wall excitation mechanism. That
there is little or no contribution of this sort suggests that the IMG production per domain wall is much
greater for domain-wall vibration than for the intradomain-wall excitation mechanism. Further support
for this conclusion comes from a comparison of the IMG power level in electro-deposited Ni with that
from magnetically soft Ni at zero applied dc magnetic field. In the latter there is no reason to expect a
strong uniaxial anisotropy perpendicular to the sample surface as is found in electrodeposited Ni. Thus,one does not expect pillar-shaped domains with magnetization normal to the sample surface, which are
not susceptible to forced domain-wall vibration, to dominate the magnetic domain structure. Instead, a
large fraction of the domains are expected to have magnetizations parallel to the rf field and thus have
vibrating domain walls. We have measured the IMG power level in an annealed solid Ni wire at zero
applied field and found it to be larger by a factor of approximately 104 than the zero-field power level
shown in Fig. 2. Since the lower magnetic anisotropy expected in the solid Ni wire suggests larger
domains and thus fewer domain walls, we attribute this larger IMG power to the presence of vibrating
domain walls.

On the other hand, we have neglected domain-wall vibrations from the walls between the surface
closure domains and the pillar domains that exist at fields below 800 Oe. Such vibrations require that
spins be rotated against a very large uniaxial anisotropy, and thus such vibrations are expected to be
very small. Once all spins are in the plane of the sample, however (perpendicular to the easy direction
of magnetization), the relative anisotropy energy within this plane is much smaller and significant
domain-wall vibration is expected.

2. dc Magnetic Field Perpendicular to the Sample Plane

Figure 5 shows the experimental data when the dc magnetic field is perpendicular to the plane of
the sample. It consists of at least two and probably three linear regions. The break at 2000 Oe is prob-
ably real, but this is somewhat uncertain since it is just outside experimental scatter. Our interpretation
of this data is that in the region between zero and 5000 Oe the bulk pillar domains are being swept out.
We do not know of any information regarding the magnetic structure of electrodeposited Ni that sug-
gests any change in the nature of this process in the vicinity of 2000 Oe. Between 5000 and 6000 Oe,
as complete magnetic saturation occurs (the demagnetizing field of Ni, 47TM, is approximately 6000
Oe), the last of the bulk domain structure disappears and, in addition and more important, the surface
closure domains disappear.

The abrupt falloff (on a semilog plot) in IMG power around 5500 Oe we associate with the disap-
pearance of the surface closure domains. Although sharply defined and large on the semilog plot, this
decrease in IMG power represents something less than 0.5% of the zero-field IMG power. This is con-
sistent with the negligible contribution attributed to the surface closure domains in discussing the case
of H, parallel to the sample surface.

IV. INTERMOD SIGNAL VERSUS INPUT POWER

A study of the power of the intermod signal as a function of input power into the sample was car-
ried out in order to understand more fully domain-wall motion effects in exciting the intermod signal.

The sample studied is the same as that whose intermod power-dc field variation is shown in Figs.
4 and 5. The dc magnetic field in the plane of the sample was maintained fixed as the total power
through the sample was varied from 0.04 to 4W. The power at each frequency was first adjusted to be
identical by observing the actual power transmitted through the sample using a Byrd wattmeter placed
just prior to the infinite load. This reading was correlated with the spectrum analyzer reading of the
power of the fundamental frequencies that leaked through the filters which were placed in the line (see
F3 of Fig. I) in front of the spectrum analyzer. Thereafter, all power measurements, including that of
the intermod signal at 150 Mlhz, were read from the spectrum analyzer. In this way, a variation of
intermod power P' with the relative power P of the 148- or 146-Mltz fundamental frequency could be
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obtained. The powers of both fundamental frequencies were maintained equal throughout the experi-
ment and were varied either by changing a step attenuatior (for the 0.04 - 0.4 W range) at the output
of the transmitter or by varying the rf power control potentiometer on the transmitters themselves (for
the 0.4 - 4 W range).

The results of the measurements of P' versus P for two different relative orientations of the dc
and rf magnetic fields are shown in Figs. 6 and 7. In Fig. 6, data are shown for four different settings
of the dc field (100, 200, 1500, and 2500 Oe), and lines each with a slope of 2 are drawn through the
points for the three lower dc field cases. For a dc field of 2500 Oe, the line drawn through the data has
a slope of 3. In Fig. 7, data are shown for two settings of the dc field (200 and 1000 Oe), and lines
with slopes of 2 and 3 again are drawn through the points.
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Fig. 6 - Inlermodulalion power P as a function Fig. 7 - Same as Fig. 6 except for two different
of the relative input power P at four different values of the dc magnetic field normal to the rf
values of the dc magnetic field parallel to the rf magnetic field.
magnetic field.

The explanation of this data is not clear since the exact intermod-input-power dependence is not
explainable in the absence of a detailed theory for the domain-wall dynamics. The change from an ini-
tial quadratic at low dc magnetic fields to a cubic dependence at fields near magnetic saturation of the
sample may be due to a change in the type of nonlinearity. For example, when there is a large number
of domains and domain walls (at low applied dc fields) there may be a large interaction between domain
walls, as opposed to the high-field case when the wall density is small. Thus, the parameters affecting
the excitations of the domain walls and hence their behavior as a function of applied power, may
change drastically in the two cases.

It can be shown rigorously, howe -!er, that any physical phenomena that can be described by well-
behaved mathematical functions (continuous functions with continuous derivatives) cannot give rise to
third-order intermods whose power varies as the square of the input power. There are phenomena,
however, which behave in a discontinuous way. For example, a pinned domain wall is immobile up to
some critical field H, . Thus, this pinned domain wall has a velocity versus applied field which is
discontinuous at H,.. The intermod power produced by such a wall cannot be easily described
mathematically and could conceivably vary in an unusual way with rf input power (i.e., a quadratic
dependence of the third-order intermod power on input power). See Chapter VI.
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V. THE VIBRATING DOMAIN WALL AS A NONLINEAR SYSTEM

Although a number of papers have been written in recent years on domain-wall vibration both in
metals and in insulating ferromagnets, there has been very little mathematical treatement of the wall as
a nonlinear system, particularly at the frequencies with which we are concerned here. Minakov and
Fedosov 9 have recently discussed the energy loss of an rf field in a ferromagnetic metallic plate
containing Bloch walls by solving the domain-wall equation of motion and Maxwell's equations self-
consistently. In addition, Mitsek et al.,10 in discussing the propagation of electromagnetic waves in
magnetodielectrics, have assumed a solution of the same two equations in a form which involves the
second harmonic of the fundamental wave. There still remains, however, a need for the solution of
these two equations in a way which will yield not only the second harmonic but all higher harmonics
and, in the case of two input frequencies, the intermodulation frequencies.

We therefore consider here in a very simple way how a vibrating domain wall may lead to inter-
modulation signals by writing the equation of motion for the wall as 11

mn + 6.i + ax = 2MH, (1)

where m is the mass per unit area, 3" is a damping term, a is the restoring force constant, and 2MH is
the applied force per unit area on the wall (M is the saturation magnetization and H is the applied
field).

We extend Eq. (1) to our case by neglecting the damping for simplicity, by adding a nonlinear
restoring force term, and by exciting the wall with two different rf frequencies, (o and w,. Equation
(1) then becomes

mn + ax-Ex3 = 2M (HIcoswoIt + It 2cosau2t), (2)

where HI and H2 are the amplitudes of the rf magnetic fields in the sample. The parameter E is
chosen as positive, and thus the term -Ex 3 makes the net restoring force weaker at any given value of
x than it is without this term.

The solution of Eq. (2) can be obtained by a method of successive approximations'2 We assume
a first approximate solution of the form

x = acostol t + bcos(02t, (3)

where a and b are two parameters to be determined.

Substituting Eq. (3) into Eq. (2), we obtain a condition on parameters a and b by setting the
resultant coefficients of the coscoIt and cos(J 2t terms equal to zero. These conditions are

naw12 + aa - 2MHI - - Ea - - Eab2 = 0. (4)4 2

-mbw02 + ab-2MH2-- 3Eb3--3 Ea2b = 0. (5)

We rewrite Eq. (2) as

mxi = -ax + Ex' + 2M(HIcoswji + H 2cosW2t) (6)

and substitute Eq. (3) for x on the right-hand side of Eq. (6). We also make use of Eqs. (4) and (5) to
simplify the resulting equation. Doing this, integrating twice over time, and dividing by m, we obtain
the second approximation for x as
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x - acoswoI + bcosW21

E a 3  
- E b 3

m 36w m 36w' co0321

E 3a2b I cos(2w --w 2) + cos(2cuI + W2)t (7)m 4 (2W I --- 2 )2  + 2W (- + W2 J27

E 3ab2 cos(2W2-- Wd)+ cos(2W2 +W I) I
m (2W2-_ )2 + (2 2 _

+transient solution.

We will consider only the long-time asymptotic solution and therefore disregard the transient solution.
It is seen that there are only odd-order terms in the expression for the domain-wall amplitude.

Now, if we consider the power of the two frequency inputs as identical, as is the case experimen-
tally, we can write Eq. (7) as

E a3 1 cos3wt cos3w2tx=acosw~t + aCOS(0 2 - 2 2m 36 1 W2

E 3a 3 *cos(2w,-W 2)t cos(2w, + 02 ) t + cos(2cu2-WoI)t+ cos(2W2 + W)t
m 4, (2w,-W2) 2  (2wl + 02)2  (2w 2 -w1) 2 + (202 + WI)2

and Eqs. (4) and (5) as

-maW2 + aa-2MH-- Ea 3  0 O. (9)

If we solve Eq. (9) for a in terms of m, wl, at, M, HI, and E, we can find the dependence of the
power of the third-order intermod, i.e., the square of the coefficient of the cos(2W2-W) term, on the
input power. From Eq. (8) and Parseval's theorem,

P 2. - I- 2W2 I)2j (10)P 2'2- m 4 (2&J 2-- )

but the input power goes as

P ,, 2H?.

Hence, we must solve Eq. (9) for a as a function of HI and determine how the third-order intermod
power varies with H2.

In order to solve Eq. (9) for a, which we have done numerically, we shall insert typical or reason-
able values of the parameters for nickel and vary E. The parameters chosen here are typical and their
exact values do not affect the functional variation obtained for P'(H). The values used are M = 590
Oe, m =1.4x10 - 10 g/cm 2, 6 = 160 g/cm 2 sec, a - d 2m - 2.21x 108 g/cm 2 sec 2, w, = 2rfl = 9.173
x 108/sec, and 0)2 = 2irf 2 = 9.300x 108/sec (Ref. 13).

The results of the solution of Eq. (9) for various values of E and HI are given in Table 1. When
there is no nonlinear term (i.e., E = 0) only one root exists which we call a2 , this root is proportional
to HI. For 0 < E < 1014 there are three real roots for a, each of which is a valid solution to Eq. (9).
The particular root which is applicable depends on the way in which the systen is brought to its physical
state, a i.e., to a given frequency and amplitude. We identify the second root, a 2, with the root
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Table 1 - Solution of Eq. (9) for various values of the parameters
E and the rf magnetic field (in Oe). a's in units of 10'.

E H, a, a 2  a3

0 5 0.577
10 1.15
20 2.31

102 5 6.74 x 104  0.577 -6.74 x 10
l0 6.74 x 10

4  1.15 -6.74 x 104

20 6.74 x 104 2.31 -6.74 x 104

1014 5 6.43 0.581 -7.01

10 6.06 1.19 -7.25
20 4.90 2.78 -7.69

3xl0' 4  5 3.56 0.591 -4.15
10 3.07 1.30 -4.37
20 - 4.74 2.37 +i 1.32 2.37 - i 1.32

6x 1014  5 2.40 0.607 - 3.00
10 - 3.21 1.60+i0.388 1.6 - i 0.388
20 - 3.54 1.77+i 1.35 1.77 - i1.35

3x1015  5 - 1.45 0.727 + i0.269 0.727 - i0.269
10 - 1.61 0.806 + i0.66 0.806 - i0.66
20 - 1.85 0.92 + i 1.02 0.92 - i 1.02

corresponding most closely to the root when E = 0. For any value of E up to approximately I x 14,
the root a2 is proportional to Ill. From Eq. (10) , we see that P2,,-, is proportional to a6 or H6; and
since the input power is proportional to H 2, the third-order intermod power is proportional to the cube
of the input power. This cubic dependence agrees with the experimental findings for high values of the
dc field. When E = 3x 1014, the roots start becoming complex with increasing H1. When E = 3 x 10I'5

there are always two complex roots and one real root. The complex roots of a for the higher values of
E do not correspond to a real physical situation. The dependence of a on H, at higher values of E is
very weak. This is probably not significant since at these values of E we have begun to violate the
basic assumption of the calculation which is that the nonlinearity is a small perturbation of a linear sys-
tem.

Although the intermod power variation with the cube of the input power obtained from this
model of a vibrating domain wall agrees with the cubic behavior of P' versus P in Figs. 7 and 8, where
the applied dc magnetic field is high, the quadratic power dependence shown in Figs. 7 and 8 at low dc
fields still cannot be so explained. Terms proportional to x 2 or any other power of x, alone or in combi-
nation with an x1 term, will lead to the generation of different intermods but will not affect the power
dependence of the third-order intermods with input power.

VI. SUMMARY AND CONCLUSIONS

We have described a method to investigate nonlinear effects of rf fields in metals and have applied
this method to a study of the third-order intermodulation generation signal in nickel as a function of an
externally applied dc magnetic field and as a function of the applied rf power. The following comments
can be made as a result of this investigation.
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(1) The intermod signals excited in a nickel-plated rf connector, a nickel-plated wire, and flat
nickel-plated copper samples all have the same origin.

(2) The intermod signal decreases monotonically with the magnetic domain-wall density in the
sample.

(3) The sharp minimum in the intermod-signal vs. applied dc field is due to a phase cancellationof the sample signal and the background signal.

(4) The shape of the intermod-signal magnetic field variation can be qualitatively explained on the
basis of the variation of the domain structure with field. This signal-domain-structure correlation sug-
gests one use of the intermod technique to the study of domain density and distribution in bulk mag-
netic materials. Thus, the technique can complement neutron diffraction methods of domain structure
studies.

(5) The intermod power input power variation is quadratic at low dc magnetic fields and cubic at
high fields. The high field dependence is well explained by a model which ascribes the intermod signal
to domain-wall oscillations that are driven by the applied rf field.
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Chapter V

INTRINSIC SOURCES OF IM GENERATION

George H. Stauss

Magnetism Branch
Electronics Technologv Division

In addition to avoidable sources of intermodulation signals introduced in manufacture or asscmh(l:
of a multiplex system, there will be sonic sources inherent to the materials of which the system is con-
structed. At some point these sources must provide a lower bound to possible system sensitivity. Such
a limitation will only be significant if it is reached before thermal noise becomes dominant. The ther-
mal noise power is P. = kTAi' W for a frequency bandwidth Av. At 200C and a bandwidth of 2500
liz, the noise power becomes -140 dBm. It is potentially possible to lower either the temperature or
the bandwidth by a factor of about 100, so an ultimate sensitivity limit of about -- 180 dBm is perhps
significant. Above these levels, a number of intrinsic IM mechanisms can be identified. This chapter
constitutes a review of signifi'ant intrinsic IM sources.

I. RESISTIVE HFATING IN NON-MAGNETIC CONDUCTORS

This problem has been discussed in several places including Philco' and TRW2 studies. This sec-
tion is aimed at unifying the discussions and eliminating apparent discrepancies in the conclusions. It is
concluded that this effect can be significant at high power levels at all frequencies.

The calculation which follows is done classically (no quantum effects; cf. Chapter 1) and to first
order. It is similar to that of the Philco study, but with fewer approximations. The TRW calculations.
done differently and specifically for a waveguide configuration, reach substantially the same conclusions.
Two primary frequencies w I and w, (w I > w,) are assumed present with electric fields of amplitudes E,
and E, = P.EL parallel to the metallic surface, and the normally strongest 3rd order IM signal at
(2 w,) is sought. The surface is taken as part of an infinite plane and w 1.0o. (2w- (o,) ar,'

assumed close enough in frequency that a single skin depth ht in terms of symbols in the

appended list can be used for all.

To lowest order, the density of primary power being dissipated at a depth z below the surface is
then

E , 2 2z
Pc ( + 32) + cos 2wot - + 'cos 2(,),t- )

+ 213 cos (o + (0 - 2:+ 213 cos ((, -(2) }

where p, is the material resistivity at ambient temperature. IlFor copper 1),) 1.72 x 10 ' Q nl at roon
temperature]. This power dissipation produces resistive heating and changes the local value of thc
resistivity. leating can in principle also lead to local dimensional changes which could produce tntel-
modulation, lowever, with temperature changes expected to be < 10 'K even at the surface, a linear

,-.
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.1mimal coefficient of' 10 '/K, weak dependence (if thle propagated signal on small dimiensional changes.
AtIrd Considerable bulk thormal inertia, this effect is considered negligible. From M,) one finds that [the

)tafl powker absorbed at all depths, per unit surface arei ~eraged in time, is

th fld ie chanmge InI local resisti~ it. one uses thle fact that 1) is essentially proportional to
1-'oilperature and then looks for thle tempevrature distribution. This is obtained from thle

ekt~ilfleuationl

+ (,

I let e G is the thermal conductivity and C,,, the heat capacity. [For copper at room temperature, (G
.. \ 10: WA/Knm. G, 3.44 x 101./Kni. Since Eq. (3) is linear Ii 1'0:, the solution will be a
mvnrposition of solutions for the various terms in I,(:) of E~q. (1). We neglect the steady state terni,

7, kc others. boundary conditions are taken to be -0 at =0 (no hecat flow into air space)

0 (the thickness of ordinarv Components is suticient to be considered infinite).

InsII 1 for TO,) otne %%ill obtain Contributions Corresponding to all thle different freqILJUnC~
-endt.ei power terms. When these are converted to Changes in resisti~it\ and combined with the

-f ke\ wkill yield currents at several frequencies l Io\%e~ er, the desired (2w, - w.,) current
:i mics ceior fronm modulation of' thle (t), input by anli u), * resisti i tv term, or from miodulation
Oi o ;put tv I ato, term F~urthermore, evaluation of' the current amplitudes shows that miodula-

M 111th (I III resist ivitv termi is dormant H ence, only this part will b-c discussed in \%flit
* I om thle solution for N:s wec then obtain

Pit p0+coslw-i) t t h

C o (fillw - (0,) - (h). (4)

and~I AI

I his rcsisit If \ill modulaite thle local cut-retl produced b\ the primar\ input at io, \\ iting thle
o fetin differential form, thle current densi t\ at :. .10, is found from

I JJ(:) I - 1) _ _ (I + 1) tH + 1) (IH:)

For an input at ,I, onle obtains

J(: 1f 1.1 Cos (II 1 , + Lcos j 1

* . f.'.4- 'I
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When the quantities T(O) and f T(z)dz are evaluated and substituted into (6), the IM current density
with frequency 2w, - w2 is found to be

J1I(z) -Ej o2G0  (4 + x 4) 2 e ix
P0 P0 2GTo

x s1 z(2o-W) -+ +1 + 1 X8 -2x 42 ( -o 8 2x 4x2

s i n f ( 2 j - o 2 t - 8 0 + 01

2:

e- I 0sin (2., - o 2)t - + f x (7)

80 4 ,1

cos 1(2wi - w 2)t - + , +

The dimensionless parameter x =- 8o 4is of order of magnitude unity here, but is material dependent.

In treating an unperturbed input signal, one finds that , the power absorbed per unit surface

area, is related to the total current density in the same element, J f J(z)dz, by way of the surface
Po

resistance R, : P0; i.e.,

-/, = J2R, (8)

We will apply this same expression to find the power lost by J1jj f J,,(:)d: in the same volume.
Integrating Eq. (7), we obtain

)3EI E1802 80

P 0 1  1  4 0 P 07 C o 2 o - 02 ) 1 + 1h + 9 1 + 2 x ( 9J4 = 2GTo(4 + X4)12 cos 40 4x(I + x()

sin [(2w, - W02)1 + i.

Hence from (8) and (9) the total IM power absorbed per unit area becomes
28)E2 82

P1,w = = 13 (9x1 -x - 5)(2x + 1) (10)8o  G 2TO(4 + 14) 20 lox2I(x + 1) 2

or, using Eq. (2),
P12 ,, -3 X)S

= (I +f#2)3 G 2 T2 (11)

where 1(x) - 4 13 (9x2- x - 5)(2x + )1
(4 + x 4) 20 10x2(x + 1)2  '
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Reasonah!.e values for A in our approximation thai (W1 - w12) << (o are in the range x = 1 to 5 forT(0) z0:T()Id,
copper. In order to satisfy the assumption of first order perturbation, T and JoT i n Eq. (6)

TO 0

must be much less than 1. This requires that x > () jfi, which here roughly means x > 10 .GOToJ
Hence, the infinity in f(x) at x = 0 is meaningless. For reasonable x values, (x) is controlled mainly
by the -1 factor. Explicit values are

4 + -v.

= 1 2 3 4 5
f(x) = .085 .012 .0036 .0013 .0006

The reason for obtaining Eq. (1) is that the IM power received at the output load can be
expressed in terms of this quantity. We assume that we are dealing with a well designed circuit with
matched input and load. Then we can represent a unit IM source included in a linear system by the
equivalent circuit illustrated.

From this one IM source thle power received at the load P¢t = JltR'. (2RL + Rs)2 " But the input

Ii.RL RS I

4 R, R,
power lost in the unit IM source is 2 + Rs 2 while that available to the load is 4---;the ratio of

4RsR, (I+R 2W4

these gives Hence we can write, using (10) or (8) and (2)
(2RI + R,) '

- "Pr'. P/At,
t.11 (12)4PI

for the delivered IM power from a unit IM source element. If the assumption is nade that all IM sig-nals arrive in phase at the load, the total PM,11 = (Area) 2i/j . This then gives the result that

P/ill ( P1 , Ie,.t) 2
&M (PA(13)

Using Eq. (I ), we obtain finally

P" ". - - '  " , (14)

As numerical examples, we consider two cases. (i) A high-Q U11F structure with high power den-
sity in a very restricted area with i'I = 270 MItz, v, = 245 MItL, (3 = 1, i ,\ = 4.5 x 10. W/m, P\
= 10t W, P,, ,.. = 20 W, .x = 3.2 .f(x) = .0028. This leads to P1tt1 = .71 x 10 7 W or -142 dBm.
(i) The x-band waveguide case considered in the Philco report, with s'l = 8050 Mlt, 11) = 7900 MHz,
(3 = 0.1, p,, = 145 W/rnv' P,\ = 1000 W, Pj,, ,\ = 45 W, x = 1.45, ./(x) = .031. This gives
!1 = 1.1 x 10 22 W or -- 190 dBrn. Correction of a numerical error brings the Philco value to -232
dlini the remaining difference is associated with the assumption in that rept(rt that modulation of the
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input at w2 by the thermal effects at 2w1 is dominar.t, whereas we find modulation of the input at W, by
(WI - W2) thermal terms produces an effect about 40 dB stronger. Both of these examples indicate that
this mechanism is capable, under certain conditions, of producing significant IM signals.

A particularly important non-intrinsic IM source which has been identified is the pressure-closed
junction. Because of oxidation and surface roughness this junction contains insulating, semiconducting,
and metallic regions in dimensions small enough to permit tunneling. However, consideration of the
restricted area of metallic contact within the skin layer and across a gap of perhaps 100 A suggests that
the junction would be an important IM source simply through resistive heating. For example, in the
waveguide discussed above, if a flange junction were introduced in which I W is dissipated or
PIN = 2 x 109 W/m 2 , then PtL would be increased 110 dB to a significant level of-122 dBm. It is to
be expected that increasing contact pressure would decrease this contribution to junction IM production.

To see the important dependences more clearly, we will write P1.%. 1,st = &N A where A is the

effective conductor area; I is generalized to tb in the expression p = p0(l + b T);

PIN ccQP1,,R., = QPAp0/80, where Q is descriptive of the element in question and R, is surface

resistivity of the conductor; f(x) A A- 3 quite well in the range I < x < 5 and
t82.o - 2,1/2

X= .0 -22 . Thus Eq. (14) lead to

Pll,. g(1+ + p2)3  2121 ] (w [8 2 G- )C , J3

f12 A2 28p2Q4

(I + t 2) 3 G12c,?/2 Pcp,31o 2- (f2)-3/2 5I5)

.. pi2  A2q2Q 4 p3 3/2 (f/12

(1 + 32)3  G1 2C,312  iNP0 -

Thus IM production due to resistive heating is enhanced by:

(a) Large power inputs,

(b) 0 values near 1 (equal power in both carriers),

(c) Large-area elements,

(d) lligh-Q elements,

(e) ligh carrier frequencies,

(f) Small carrier separations,

(g) Conductors with high resistivity, low heat capacity, low thermal conductivity, and high-
thermal coefficient of resitivity qj.

(it might also be noted that Eq. (14) is, to the level of approximations made, in functional and quanti-
tative agreement with the calculations by TRW, after correction of a numerical error. The TRW result.
obtained in the manner of Section VI (dielectrics), develops on the fact that for long signal paths and
sufficient attenuation the value of P/t/1 will saturate and then decline for longer paths. For most appli-
cations the critical length, where the primary signals are attenuated 4.8 dB, will be quite long.)
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2. MAGNETORESISTIVE GENERATION IN NON-MAGNETIC CONDUCTORS

Magnetic fields applied to a conductor have the effect of altering its resistivity. Hence those fields
associated with currents in the material can potentially create IM signals. An approach similar to that
used in Part 1. can be taken. We will evaluate the variations produced in the local resistivity by the pri-
mary currents and then find Jim. This effect is found to be small.

First consider a simple numerical result. With 80 = 10- 6 m typical of copper, a dissipation

0 = 103 W/m 2 using (8) leads o = 240 A rms as the current through a I m width of skin layer.
But in MKS units we can write B • d= j 0 I where I is the current through the loop around which
is integrated. Taking the loop as a rectangle transverse to the current, I m wide and several 8 deep,
with its upper side at the surface of the conductor, the contributions of the short ends to the integral
cancel, and B on the lower long side is essentially zero. Hence B on the upper surface becomes roughly
B = 2 4 014 0 Tesla, which is equivalent to about 3 Gauss. But for the transverse magnetoresistive effect
(B perpendicular to current flow as it will be for self-produced fields) we know 3 for copper that
P -- PO =3.98 x 10- 11 H2 in MKS units. Thus resistance changes of a part in 1012 are possible in our

P0
example.

Given p(z) = po(! + o-H 2(z)), (16)

which is quite general since a linear contribution does not produce a 3rd order IM of interest anyway,

we need to know H(z). Using the same path integral formulation used in the example above, if we

take H(z)z-- = 0,
H (z) =f-- 00° JuN(Z )dz. (17)

For inputs at two frequencies, we can write the primary current, allowing for skin effect,

Re el'tf'+ e""') E- (I + i)z " (18)

This then leads to H(z) and top(z) through (16),

2:
fP(Z) =c Pea0t IM prdu+ atq e 2- + 2) +are(ot +29CS(W J

p(z) - 406 e sin (Lt - + 23 cos (t -c (20)

Unlike the resistive heating case, here both terms in the brackets remain significant. When (20) is

combined with the input signals, we obtain a form similar to Eq. (6)0,0) o1 P "(I+ 0o 1(Z - 80 (1J(z) = Re -' (e''' I e P 1 + 28) pzf Po dz e

PoP28o 0 o
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The results analogous to Eqs. (7), (9), (10) and (11) then become

J ( -) 7612. + I }- cos - + I1 + e__I sin cos (2Oj - 2)1)16p 3 2 2 J 8,1 - 801

+ + -e I sin -- + 13 - e- 1 cos sin (2w,'- wz) (22)

JAI 532E8 [cos(2w1t - w° P + sin (2(ot - o,)]. (23)
32po~

and thus
2 _, 2,( -8o 02 8(),2?] 25 132 r282

JA = 25 ,T8- &'% T~ - (24)16 P( 4p, 16 (1 + 132),1 I,  = (

Comparing this with Eq. (11) and (13) we find that for equal input power and input losses

Thus l isgeoessie nott sensitiv toeis rea- 5(2 1_ T'1PIAL (thermoresistive) P,.t (thermoresistive) 6 ( (25)

Thus the same functional behavior exists as for Eq. ( 14), except that the result is not sensitive to rea-

sonable changes in the sideband position, signified by the absence of the x dependence in (24). Nu-
merically for copper the ratio (25) takes the value 1.34 x 10 '/./1() and for the two cases considered in
Part 1. with f(x) = .0028, or 1(x) = .031, the magnetoresistive IM power is found to be down from
the thermoresistive values by 43 dB and 54 dB, respectively. For non-magnetic materials consideration
of reasonable values of f(x) indicates that the magnetoresistive effects are insignificant.

3. DIRECT VARIATION IN RESISTIVITY WITH CURRENT

If p(z) = po(I + fJiV(Z) 2) where Jpv(z) represents the primary current density, then the
appropriate part of Jl,(z) 2 leading to the 3rd order intermodulation signal can be extracted from (1) as

= i e Cos 2(wit - + 23 cos (Wl - ct2)tj. (26)

Then writing
dJ + i) ( + ( ) - (1 I - fJ,,(z) 2/2), (27)

J(z) d. 8(p/po) 12  80(1 + fJl,.(Z) 2 )112  80

we obtain

J(z) -_eJO x (I + 0z I + f (I + i) f ,(Z) (28)

Ix 1 - 8 0 1 2 8 0 J o ( . ) d

With J(0) = E---. (e' ' ' + 3e''')( - J, ,(0)2), to lowest order one gets
Po
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Co + 3 : sin cos (2o,1 (02)1j Jm(z) = o j- 1l + -le S
1
) cos + - , in CS 2w

I 3  2 0

3 _ , 3 + -2 (9

8e cos + - sin sin (2w, - ,, j. (29)

Integrated over z. then this leads to

J1,1 16', 13 cos (2ol - w,)t + sin (2w, - ,2)t1. (30)

Thus

R, = p - I- /% (31)
S- Po 256 4 41( 1 4 (1 + 132)1 8,ii

which can be compared with ( I I) or (24).

This effect is hard to evaluate numerically. Any experimental determination of the coefficient

would have to be separated from the magnetoresistive effect dissussed in Part 2. Although the

influence of skin depth is different in (23) and (31), one might anticipate IM contributions of similar

magnitudes in the two cases.

4. RESISTIVE HEATING AND MAGNETORESISTIVE IM

IN FERROMAGNETIC COMPONENTS

When components are composed of ferromagnetic materials, the kinds of components chosen in

the previous numerical cases become so lossy as to be impossible for consideration. For a more suit-

able component we chose a 10 cm long coaxial line similar to RG-19 with Z0 = 5011, ID = .435 cm,

OD = I cm. For such a line, standard expressions give attenuation = 8.68t, dB/m, where , = 1.05

R, (cf. Eq. (8)). The frequencies will be chosen as 'I = 270 MHz, v, = 245 MHz. Thus with copper

elements in this line there will be a loss of .00376 dB or 9 x 10 4 of input power. If nickel components

instead are used, the corresponding loss will change with skin depth depending on the proper value ofdB

the permeability 1A. This will be taken as the average small signal value of - and will be presumed

constant here (but see Part 5.). If I is assumed to be 100 1Aj or 500 pA0 the fractional loss of input

power becomes .019 or .043, respectively. Further assuming # = I and a total input power of 60W, we

can then evaluate the IM products for copper or for nickel elements. In this part and in Part 5., the

permeabilities used are those suitable to low frequencies. They are still roughly appropriate in UItF

systems, but may decrease by an order of magnitude on going to microwave frequencies.

The coaxial component will be treated in an average fashion, with equal power densities on both

conductors. One can alternatively distinguish the two, assuming equal total currents on both. In this

latter case, the current densities and the total powers absorbed vary inversely as the radii. This implies

that the inner conductor is by far the more significant IM source. But since the ratios are known, one

can relate the separated conductor results to the average case with the same total absorption. We find
r2 )

for q -- that PiM t from the outer conductor alone is I/q 2(I + q)2 times the average calculated, while
rt

that from the inner conductor is q4/(i + q)2 times the average. With the coax dimensions chosen, this

means that the resultant 11%1 from the inner conductor is 4 dB above that found from the average,

while the outer conductor gives a result which is down 18 dB and negligible in comparison.
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If we evaluate Pl,%,L from Eq. (14), averaged as above, we find for copper, since ' = 12 W/m 2

and P.% ,, 0.054 W, that Pan. = .62 x 10- 27W or only -242 dBm due to resistive heating. Magne-
toresistive effects are still 43 dB below this, since the frequencies and thus f(x) were chosen as for the
first example in Part 1.

But going now to nickel elbments we must alter the material parameters: po(Ni) = 4.5po(Cu),

G(Ni) = -- G(Cu), CQ,(Ni) = 1.15C(Cu), and we will look at both M = 500I(o and Ji A 100A0.
6.5

We then obtain

g = 500Io A = 1001Ao
P = 2.58 W P. Iost = 1.14 W
R= 47.5 R,(Cu) R, = 21 R,(Cu)1 1
80= 80(Cu) 6 - 1 8o(Cu)

x = 0.26x(Cu) x = 0.58x(Cu)
f(x) = 0.136 f(x) = 0.0153
Ptn. = 0.59 x 10 tW or -162 dBm P. 1 = 0.25 x 10 21 W or -186 dBm

The IM levels here are for resistive heating effects. Although they are still at low levels, they are con-
siderably stronger than the corresponding copper value of -242 dBm.

To evaluate the magnetoresistive contribution, we need a value for the coefficient (r in Eq. (16).
Material is available in a discussion5 by Jan which shows that below about half of saturation magnetiza-

tion. n-4 e both transverse and longitudinal fields give proportional to 2. Numerically, Jan's

curves for nickel in transverse fields show A) = - x 102 " Generalizing this somewhat, if a

str-ng transverse field t/( is applied, an expansion about 11o gives

Ap(11) - AM(Ho) (11,,) (H- H0)+ (32)

1!) + M(o) (H (Ho)- (H- Ho )

Po I dtt
dAl (1111)12+M(1) d2Af(H)H-HO2

where b = . Only the quadratic term will contribute to the 3rd order IM. (For M near
M, - / - is experimentally quite linear in H, so saturation must drastically reduce IM production.)

Po
Within the coefficient of the quadratic term, the first part is positive; the second will be positive and
augment the first at the lower end of the magnetization curve, but must eventually become negative

and weaken the first. To simplify, we will take the first coefficient alone, giving or = b-AA (H) =

j - 11J Since M, = 4.85 x 105A/m we obtain

1A =- 500,oo /A -- 001A

er = -4.24 x 10 l (A/m) - 2  - -1.69 x 10- 9 (A/m) - 2

P,~,, (magnetoresistive)Ply,(____________- 1.3 x 109 or +91 dB = 1.8 x 107 or +72 dB
P ,,, (thermoresistive)

Magnetoresistive P.tiI -71 dBm - -114 dBm
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Thus for magnetic materials, magnetoresistive effects are extremely strong sources of IM signals.
Despite this, however, we find that an even more important source exists in the direct variation of the
permeability with current. This is discussed in the next part.

It should be emphasized that these results are only approximate. The value of A is a continuously
varying function of field strength and frequency and the skin depth is thus itself a function of depth.
Also, especially with external fields applied, there are directional variations in effective permeability

since the ability of a small field to change the magnitude of magnetization is much greater for fields
parallel rather than perpendicular to existing magnetization. For example, a solenoidal field parallel to
the coaxial component is parallel to the currents in the conductors and normal to the fields which they
produce, and so should decrease the effective permeability and consequent IM production more
effectively than a transverse applied field. Furthermore, shape effects on the demagnetizing field make
the solenoidal field much more effective in saturating the magnetic components, requiring only about
l0- 2 T as opposed to several tenths Tesla for a transverse applied field.

5. IM PRODUCTION DUE TO VARIATIONS IN PERMEABILITY
IN FERROMAGNETIC COMPONENTS

To illustrate the significance of this effect, ignoring other contributions including imaginary j.t", we
allow the permeability to vary in the form

u (z) -. z,, (I + DH(z)2) (33)

since linear variations will not lead to 3rd order IM's. We are interested here in fields produced by the
currents in the conductors. From the primary currents, the parts of H 2(z) which contribute to the 3rd
order IM become (cf Eqs. (16) and (20))

H2 (z) E e 8o sin 2wt - 24 + 2 cos (1 - W2). (34)
0p e 1 ji 1 34

This is to be incorporated into an expression analogous to Eq. (5)

1 dJ(z) ( +i) +i) + DH2(z) (35)
J(z) dz 80 (A,/ (z)) /2  82 J

for which the solution, similar to (21), becomes

J(z) = Re IL(e"' + Be"'") I - ( +0D f:H2(Z) dz.e 1 (36)I o 2,80/

From this we obtain

Jl O)=P82Eil 6, (37)
J, 1 (Z) = 2 e e - I cos s + 2 sin cos (2w I - W02)1 (37)

+ (e 1 ) (sin - 2 cos )- 2 sin z sin (2w, - Wdt

The integrated form of (37) gives

Jt 32, [cos (2w I t + sin (2(o - (V2)t]. (38)
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in close correspondence with Eq. (23), as we would expect from the similarities of (16) and (33). (One
point of difference arises from the fact that at the surface (z = 0) the present model introduces no IM
current whereas magnetoresistivity does.) From Eqs. (37) and (23) we can thus write

JM (variable A) D PIA4L (variable 1A) _ D (39)
JIM (magnetoresistive) 5- PML (magnetoresistive) 5o-

In this formulation, Eq. (33) shows that D = where g, represents the average value of
giudH2

permeability in the average static field present. Typically we expect A to be an increasing function of H
for small fields and to be decreasing in fields above a few hundredths Tesla. This suggests that as
applied fields increase A will pass through regions of constant slope, which should produce minima in
IM power levels. The ratio in (39), using (32), becomes

D 2
1 =f d ___ JM'+ (40)5a dH2 dH dH2

Using M = -- -l (40) can be written as

D_ 1 _ 1 +4 -lu 1 2 1 (41)
5a 5bg,, dH2  

/.Lo I Io dHj o IAo dH2  4

If we are concerned mainly with small external applied fields, curves for the magnetization of iron6 can
be used to estimate these values. (Nickel and iron values are similar enough to give comparable
results.) As in Part 4., we use low frequency permeability data. At microwave frequencies we can anti-
cipate an order of magnitude decrease 1A.4 We also assume that the b value of -. 04/M 2 is approxi-

mately correct. For iron, at H = 80 A/m (10 e), p,, - 3 00 0 go, dH dHa
dH dH2~ O_ D

M, = 1.6 x 106A/m. Hence -L becomes about 106 which then implies a power ratio of about 40 dB.

This factor is difficult to establish accurately, and is very subject to material and environmental
influences. Nonetheless, this contribution to IM signals is obviously so extremely significant that it
reinforces the argument that ferromagnetic materials must be entirely excluded from high sensitivity
multiplex circuits.

6. INTERMODULATION DUE TO NON-LINEAR DIELECTRICS

If dielectrics are present in a system, any variation in dielectric properties with applied field will
serve to modulate incoming signal voltages in a manner analogous to the modulation of currents in Part
1. This effect has been addressed in both the Philcol and TRW 2 studies cited, and again here the aim is
to rectify some apparent discrepancies. The approach below is similar in general outline to that of the
TRW study. A solution has also been obtained in the manner of Part 1.; it yields results substantially

equivalent to those below when the largely reactive nature of the IM source impedance is taken into
account.

Variations in dielectric properties may occur in direct response to electric fields, through heating,
or by electrostriction. The general form of the solution is applicable to a variety of dielectric media,
such as molecular absorbers or ionizing gases. In each case, of course, the nature of the response to
applied fields must be determined.

We start by writing equations for a generalized transmission line in the form

r - RI and -y A - -- (42)
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where L. R, and Co (vacuum value) are the inductance, resistance, and capacity per unit length of line.
The conductance of the dielectric will be included in a complex relative dielectric constant e. We now
take

,(I + a V2) - iE2(1 + "r/V
2) (43)

both because quadratic terms are needed for IM production and because the dielectric response is
expected to be insensitive to the sign of the applied field. The relationship between the factors a and 71
and corresponding factors suitable for multiplying E2 will be discussed later. Substitution of (43) into
Eq. (42) leads to

a2 V 2  V2 AaVIL L - R !
= LC 0- 2-V(Ej - iE2) + LCO(aE1 - i- 2)_- -- I (44)

0y2  O ty a a t2at at
+ RCo(0E - i 2)A-

V + RCo( El - iqE2) v' k V

a t at
We assume that we can write V = V0 + Vj+ ... in descending order of magnituJe based on the small-
ness of a and . Equations for Vo and V, are then given by

02Vo a2 V  o i 0

y--- - (E - iE2) 
2  

- RC 0(E I - =E2) 0

and

_ LCo(Ej - iE) - RCo(El - iE 2 )- = LCo(aE,- ijtI2)-

ay ( 2 a 1 1  a tVE)- 0 a I

+ RC 0(aE1 - ilE 2) V6- a-J. (46)

The lowest order solution for one signal propagating to positive y can be written in the form

Vo = U Re e"e-'Y= U Re ei(W-"V)e - y.  (47)

Here T2 wCo (oiL - iR)( 6- iE2 ) = (K - iy) 2.

We now assume that there are two primary input signals, so that

V0 = U Re [e16j1-Kj- e-)* e + 21K21 1
/ 2.1 (48)

Then Eq. (46) will contain on the right side terms at several different frequencies. We are interested in
I V0

the IM at JIM = 2oI - W 2. After evaluating V0' - we find that we can rewrite Eq. (46) as

a2 
V , a 2 

V, OV

ay 2  LCo(EI -- E2)-- - -- RCo(E 1 - =e2) - (49)

- (LCU- (L - iRCow)(aE - )e, )e_ ,v4

where we want to keep the real part of V1. Here ) WM -to -2 .2, K 
2
K1 -K 2, and

y= 2y + Y2. Note that K and y are not in general the propagation constants for a signal at wor,
although to lowest order K will be. These quantities will be discussed again later.

The solution of Eq. (49) which satisfies the conditions that V, = 0 both at v = 0 and as v - 0

is, to first order in a and -q,
I3U3owCo e,1t(wL - iR)(aE1  i?1(E2)}{I, ,.,,,,R)+,1-,,,)' 2i

V, 1 0 C, Re e"-' 6L-i)a,-iEje(50)
l 4 Re -- {(Y + iK) 2 + (o(o(6oL - iR)(eI- i2))
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If the expression for r 2 (Eq. 47) when to = tal.1 1 is used to define new quantities Kj1 and -yl we cal
then write

(T ,42.1 ,, ' , + ? .

4 U,-1- (
2
K--K.- 2iyj- iy()2)'}I ii,

Evaluated at the full length Y of the line, this then lead to

PI.ka. = lit ( )/ Z. (52)

The characteristic impedance Z4 will also be frequency dependent, so that ideal matching cannot occur
R Rat all frequencies it -o is significant. It is to be expected, however, that both oLand --:"will be

small f'or real cases of' interest in which case Z4 can be taken to sufficient accuracy as

Two cases of special interest are the general case when wo.t = (,)I w2, and tile case where
4E

R
and - are both small, but frequencies are general.

# wL

When the IM frequency is very close to both carriers, we can approximate w1  o = ,
KIi = K K,, and y,%, = YI = y/2. From Eq. (51) we then find

'.-= Re e'"' ' ' - iy) 2(aE1 - hlE2 )) c v (53)16 1(2-y + iK" 1 (EI - E2 ))

The Y dependence of the amplitude, all contained in the last parentheses, leads to a saturation effect as

described by TRW, with a maximum at , ' ' = . i.e., where P/\ is down 4.8 dB. This will generalh

involve transmission lines significantly longer than 3 rn so that the eff'ct would usually not be
observed. A similar saturation effect will occur also in other IM processes.

In the case where -- and L are both small, the quantities K and y can be written
E1  wi.

K t (LC* 1)2 andy K + (54)

ttence we can take Ki, = 
2 K1 -K and y .%f = 2y, - y2. Taken to lowest order, Eq. (51) leads to

; -/ -- K/Mk sin(wIjt--Kft.VY) + I L2I (k - 1) cosO(W --f -. K l . (55)

Note that to this approximation, the exponential factors have vanished from the result. If, in fact,
E,= R = 0. so that only the real part of E is changing. Eq. (46) can be solved directly to obtain the
first term here. It can be seen that generally t will dominate -9 as an IM contributor. Only if o is

essentially zero, perhaps as in an absorbing gas. will the "r contribution be significant.

For the two special cases above, we can readily write the IM power at the load, taking

i J . From Fq. (53) we obtain

(K + y (,,? + :,, It

12t y(K' 4 4y 1 ) (t +
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From Fq. (5), (the resu I for smal I t and R becomes

Pi =128 /(107

Ini thle absence ot1( . i Eq. (57) or (58) below is to be replaced by 77 In terms of the input

pomers P, ~ and ', 11, thle qljantit ~3t qw)= s8/','i' while the propagation constant
2z" 2iO

K 1,~ Ii Eq. (57) can be taken as 27r, X 1,. I lence E q. (i7) canl aljso be written

I'2im - T I' /,11 2 ) 8)

I lere A %, is thle I NI %%i a'length in thle transmission line. If' ) is large enough it should be replaced inl
the lie \t order ol' approxinlation by, c I- t, 4-Y 1:. Ihlen the maximum P'Dfii, .when

is giv enl h% Eq. (58) if' It is replaced by. I, 27y l'. onl the other hand, a discrete dielectric
cIlent can alSO be treated USin1g EqL. 08) if' Y is taken to be thle length of' that element.

Ini order to connect thle paramieter a with the more significant coefficient (%' which expresses
dependence onl electric field, w e can treatt thle transmission line structure ats at capacitor w-ih f depen-
dent onl VI and then finld to lowkest order thle corresponding connection between capacity Lind C. For
Ovxample, if' thle olumle occupied by the dielectric does not change, at Structure With phlne pfaall plates

results simiplN Ii (I , where d is thle spacing of' the plates. In the case of coaxial cylindrical plates.

thle relationship becomes (t I , I'( 2 The same relationships, if' needed, will con-

nCtI 11 Mnd 1)"

As onle examlple, weC 11ow\ apply\ Fq. OM to at case considered Ii thle Philco study: molecular
absorption by P, water \ apor in air. all contained inl an A-ban11d wNaveguide. We use the samne conditions
gi senl inl thle Philco stiudy. P, = 6 ON. P. t0 NV, Z/ = 448 1),1 10 in . A 0.0445 Ill. d = .01

m ~ I 0. dielectric attentuation 2 Q4\ 10 "dHl/ m, 1)'[i 2 x 10 for F 1.4 x 10' V/ni
Treating thle s aseguide as a parallel plate capacitor leads to il' 10 t.~ 4.1 - 10 ". and to

-lf 1, 2 \ 10 ow o r I 3,o dilmi. This value is below thle -- 1 29 dBmn estimated Ii thle Philco study,
butI is. not1 legl igible. Withl grc.iter power onl either Input, higher humidity, a longer waveguide. or the

t to 20" d B intcrease estimated bY Phi leo for more refi ned anal " sis of' the molecular absorption process.

ete.-d Ii Part 1, A wth 33 dB4 added f'or iniceased powker and length contributeOs only - 157 dBim th rough
1:SIlIN 110i,1111i1i g.) this s% ater s apor effctI is aI result of' thle molecular rotational absorptins at 22.2
(ill / andt \%Ill bComle m1ore pronounced as that f'requency is app -oaehed. Belo\% s-bandl frequencies.
th is is. the oni la.bsorpt ions process of* interes;t Iii normal air, but at higher f'requencies both water vapor
anld mloleculiar o\ , \ge~ nabsorption (at 60 (;Ile) \% ill result in strong 1 Ni generation as well as significant
Sign il prokyagaton lisses

Whlen ai solid dwioctiric is considered. the miass rather than volunme of' dielectric is conserved.
\ los anice f'or the chainge dielectric ol utie nmodifies thle relationships between n aiQ (I above. These

%%Ii then be gis en b\ (I I I- o (i .2t (11 In ijjn~~ respectively, on

tihe .i'ssilliplioii thatl Am sii'weptibilitv , el. dlensitm as Ii electrostriction.

I ecti osirictionl is expc ted ito be theC p)TICipal Source oft non-lineart~ tin good non-polar dielec-
ii ik~ I he 1 R\V sind.\ cimnsidci the effect of' electrosiriction oil teflon Ii a coaxial line. Using the
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conditions of the TRW example for a 300 MHz IM signal, with ,'(- 0.8 to 25) \

10' (V/m) - 2 . r, = 2.4 x 10-3 m = 3 rI, AI,1 = 0.7 m, Z = 4711, P, = P , 30 W, *1 = 2, the abo\e
relationship for (t combined with Eq. (591 leads to PI.til = (.01 to 10) X I0 w. .N.. line Im long
will thus yield Pl t t of -170 to -200 dBm, probably below detectability.

The value of a' is obtained from the expression

K W

where K is the bulk modulus of compressibility. Equation (59) is given by B6ttchcr 7 based on thermo-
dynamic arguments. The spread in values reflects the range of K values quoted by the TRW, repo i

Since K is about as low as possible for teflon, the effect of electrostriction is unlikel io !c
signiticant with other well chosen dielectrics. If materials with resonance absorption losses, polar pr;
perties (permament dipole moments) or anisotropic polarizabilities were used, ho\e\er, the I.I t,
ducts could be significantly increased, so such materials should be avoided.

Functionally. Eq. (58) and the relationships between a and a' show that t',/i will increase qua-
dratically with the number of wavelengths in the transmission line length, and except as Z, is altered b%
dimensional changes will vary inversely with the fourth power of the transverse strlctural dimlensions
Since structure size and power levels will generally be correlated, the conclusion is that this kind or
dielectric INI production will be insignificant in all but extreme cases. (For instance, it in the example
above, P, and ', are increased to 1000 W while r, and r, are trebled. Plkl \will be increased "' JB )
The one conliguration in which INI production might be significant with good dielectrics is a high-Q
resonant structure where the power densities are correspondingly enhanced. Thus it is desirable to
exclude all dielectric materials from such elements.

7. SUMMARY

The intermodulation signals contributed by the intrinsic non-linear properties of naterials other

than semiconductors) used in multiplex circuits ha\c been calculated. Functional dependences. in
terms of parameters accessible externall., have been obtained for the nornally dominant 3rd-ordCr I\1
signals.

Non-magnetic conductors are considered in which rcsisti\ity changes either by resistive heating.
by associated mangetic fields, or by current density directly Resistive heating is the most importint oft
these effecls.

Ferrolagnetic metallic components are treated separately. These materials are entirel\ unsuilet
to small signal applications. In addition to causing very high losses, they can generate INI signals 100
dB, abo\e thernial noise in realistic circumstances. The danger in the use of such components is illus-
trated in Chapters II-IV.

Dielectric elements, distributed or not, in which the dielectric properties are functions of electric
field. are treated in a generaliied fashion. It is found that \water vapor in air produces non-negligible
IN! signals, particularly at microwave frequencies. Dielectric media with no polar properties or reso-
nance losses are generally insignificant as IM sources, although in resonant structures they might lead
to observable IM signals.

Ilhe results of this chapter lead to i.he following recomlnrldations concerning naterials in Multi-
plex systems:

i.) Ferromagnetic materials (and also semiconductors) should be totally excluded from an. part
of a ,.ysten in which multiple signals exist. Leakage effects may require shielding of such materials.
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ii.) Water vapor should be excluded from all transmission lines and cavities, particularly for
microwave frequencies. Attenuation in the atmosphere is probably the main deterrent to operating
above -band frequencies, but if higher frequencies are used, oxygen also should be removed from the

iii. High power densities should be avoided- since these are inevitable for cavity fillers, materials
, ',i there (even more than in other parts of the system) must have low resistivity, high heat capacity,
lir- i thcrmal conductivity and low thermal coefficients of resistivity. Surfaces must be clean and free of

.I oducts.

i.) Dielectric materials should be excluded from resonant structures. If used elsewhere thev'
n 'aou'd he ,,m-polar and with minimum loss characteristics.

v.) Paths in which multiple signals pass should be kept to minimum lengths, preferably a meter
or tess. Mechanical junctions and closures should be kept to a minimum, placed to minimize currents
cross them, and made to best insure metallic contact.

I' tile abo\e conditions are satisfied, IM production will probably be dominated either by the iune-
effects or by resistive heating in resonant elements. In the latter case the example given in Part I

.1'gksts that for an input power level of I kW, 3rd order INI power can be held below about -140 dBrm
for Ul1l signals. Because of the functional dependences illustrated in Eq. (15), this ievel will increase

input power rises or system temperature falls, and will increase as the separation of primary signal
,:'queneis shrinks or as the primary frequencies rise.

N!BOLS USED

Quantities used only where detined not listed. MKS units throughout. The subscript IM on a
.tv means the same quantity as without, but restricted to the IM signal Grd order, 10, -

4 effective conductor surface area
S magnetic induction

defined by Eq. (32)
capacitance per unit length of transmission line \' ith vacuum dielectric
heat capacity of conductor

I) coefficient of quadratic magnetic field dependence of permeability
spacing of parallel plate capacitor

*electric field strength
defined by Eq. (I I)

G; thermal conductivity of conductor
/I magnetic field strength- //(z) instantaneous local \ alue

instantaneous current in transmission line
I _ " in.;tantaneous local current den:my.11\ .A Iiest older

value due to input signals
.i instantaneous total current a~t aill depths in conductor per

unit width of' surface

.J rms value of J
A Boltzmann constant
L. transmission line inductance per unit length
l ~magnetization, t, saturation magneti/ation

PI\ (7.) instantaneous local density of power dissipated, lowest
order due to input signals
rms power dissipated at all depths per unit surface area.
lowest order due to input signals

--AMA

*L .,
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Pit. rms iM power dissipated at load due to unit area of IM source
Ps total rms input power available to load
PIAv lost total rms input power lost in transmission to load
PIMAL total rms IM power delivered to load
Q circuit Q factor
R resistance of transmission line per unit length
R, surface resistivity, cf. Eq. (8)
rl,r2 inner, outer radii of coaxial transmission line
T temperature. To ambient; T(z) local instantaneous value above ambient
U amplitude o1 rf voltage across transmission line
V instantaneous voltage across transmission line; V0, Vilowest, next lowest

order values for changes in dielectric constants.
W defined by Eq. (4)
x defined by Eq. (7)
Y length of transmission line
V distance along direction of propagation
Z() characteristic impedance or matching load impedance
Z depth below surface of conductor
Ja ratio of signal amplitudes for two inputs, signal 2/signal 1.
80 skin depth for small signal levels; 8 (z) instantaneous local value
E= (E- i 2 ) relative dielectric constant for small signal levels

coefficient of quadratic current density dependent change in resistivity
X wavelength in transmission line
/' magnetic permeability; p, permeability for very weak

signals; ju (z) instantaneous local value
o circular frequency

radian frequency
P0 resistivity for small signals; p (z) instantaneous local value

coefficient of quadratic magnetic field dependent change in resistivity
defined by Eq. (4)

' generalization of T7' , coefficient of linear thermal
dependent change in resistivity

a '.j' coefficients of quadratic electric field dependent changes
in real and imaginary dielectric constants

a-, 7, a'. -q' modified by transmission line geometry to give changes
in dielectric const:,nts with voltage across transmission line

7 = (K - y) complex propagation constant
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Chapter VI

INTERMODULATION GENERATION DIAGNOSIS BY
ANALYTICAL AND COMPUTER TECHNIQUES

A.C. Ehrlich, G.N. Kamm and G.C. Bailey

Metal Physics Branch

Material Science and Technologv Division

INTRODUCTION

Recent advances in communications technology suggest that more powerful systematic methods
for the reduction of IMG must be developed to keep pace with this technology. In this chapter analyti-
cal approaches to IMG diagnosis are reviewed and discussed. It is found that a great deal of informa-
tion about the nature of the 1MG-producing nonlinearity can be deduced from the intermodulation
(intermod) spectrum and this can provide important guidelines in identifying the source of the non-
linearity. On the other hand it is not possible to identify with certainty a unique physical source of an
intermod from the intermod spectrum alone although the reverse is possible. The strengths and limita-
tions of the analytical approach are delineated and the need for the application of high speed computers
for Fourier transform analysis of signals containing intermods is demonstrated. Several model com-
puter calculations are carried out and the results arc discussed and compared when appropriate to what
might be expected from analytical considerations. Insight is provided into such effects as the power of
the intermod relative to primary signal power, the surprising decrease in power of certain intermods
when additional primary signals are turned on, the relative power of different intermods, etc. The goal
is to provide a mathematical and computational basis for predicting the intermodulation spectrum from
particular physical models of IMG sources as well as to develop procedures for diagnosing sources of
IMG.

ANALYTICAL CONSIDERATIONS

Intermodulation generation occurs when an electronic system contains one or more elements
which do not exhibit purely linear current-voltage (i-e) relationships. It is mathematically well-known
and obvious how non-linearities give rise to IMG.

Consider the functional relationship

e = .4i + gi2  (1)

where c is the voltage and i is the current across an element in the system.

Then, for a two-carrier signal with frequencies , an,! ,), and zero relative phase at t= 0

i + F' = l1 Cosw 1t + 1, COSO I

and thus

c -I [ll cosw It + /)cosa, t1I + BIl coswt + 1,cos,wt]

= 11 ,l cosw,1 t + 1, cosw,,tl - Bll? cos 2
(01t + I. cos2w0,t

+ 2111 cos(, t cosuo.,h
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Recalling that

Cos.x = l/2(cos2.\ + I)

cos v cos y = /21cos(x + v) + Cos (x -Y)0 (3)

we find

S.4 11 cos~wlt + l2cosoot + I B11 1 (cos2wi.t + 1) + I (cos2cua + 1)

2

+ 2111 1cos(,oI + to)r + cos (to - o]) (4)

and the i- term is found to give rise to second order intermodulation signals (intermods).

Analogously. il a third order termn were also in Eq. (I), (
0 3 say, then additional terms would

appear in Fq. (2), to wit

I (.l/i lcos3wt t + 3cosw1 d] + /1 Icos3,,t + 3coso,t]
4

+ 31 1IU 12coswolt + cos(ol + 2 o,)t + cos(wo - 2wo)t + costa), - 2wd,)t]

+ 3111,I2costo, + Cos(2w1 + wo)t + cos(2wo - W2)[1)
In principle, this same kind of procedure can be used to carry out an evaluation of the intermodulation
signals for an arbitrary number of carriers and for any order term or terms in the current-voltage rela-
tionship.

What this implies is that regardless of the functional relationship between voltage and current, if
voltage can be expressed as a power series in the current, i.e. a Taylor series, then one could apply tie
technique used in obtaining Iq. (4) to predict the frequencies Ind amplitudes of the intermods.

A Taylor series expansion would treat the current associated with each primary frequency as an
independent variable so that the expansion would appear asI , 0, I a 01 , 21...I !10 .... 5

/() '(0) + 1 f~ +, -a~ 00 + ± I - '()(5

where /'(0) implies evaluation of f(i) where each of the iA's is zero and n is the number of primary
carrier frequencies. Each term in the Taylor series could be treated in the manner leading to Eq. (4)
to determine the resultant intermods. Although this procedure would be very long and tedious, in
principle it could be carried out just one time for each term in the series and for various numbers of
primary carriers and the results tabulated. We have carried out a number of calculations along these
lines which have proved to be very important for learning about the relationships between the non-
linearities and the intermods they cause as well as the relationships among different intermods. On the
other hand the compilation of the results proves to be rather elaborate and could not include the effects
of the relative phases of the primary signals at some particular time. (Consideration of phase will be
discussed below.)

More important., ho\Never, is the fi.ct that sonic simple i-c characteristics often found in real sys-
tems cannot be expressed i a Iay lor series. l:or example, the simplest rectifier, whose i-C functional
dependence is

i : .t) I )
t' 0 -. 0
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where A is some constant, does not fulfill the mathematical requirements for a Taylor series expansion.
It can, however, be easily treated using computer techniques and therein lies one major advantage of
the computer analysis as compared to the analytical approach.

A number of useful facts for an analytical diagnosis procedure are already obvious from these dis-
cussions. First, all terms in the i-e functional relationship contribute additively to the intermod
spectrum. Second, the highest order intermod that occurs arises from the hi hest order (non-zero)

term that appears in the Taylor series expansion; i.e. the term i [ ik . ./'(0) will give rise to

"Ih order intermods and in general, all odd or even order intermods lower than "I according to whether
in is itself odd or even.

[As an as:de, we note that if the trigonometric manipulations analogous to those leading up to Eq.
4 were carried out for flh order terms in the Taylor series using exponential rather than conventional
forms of the cosine function, one would conclude that only mlh order intermods arise from the inth
order term in the Taylor series. This would be incorrect. Use of the exponential functions with the
taking of the real part at the completion of the calculation is not valid for non-linear problems. The
difficulty arises from the difference between the power of the real part of a complex number and the
real part of the power of the same number. E.g., Re{(a + ib)2 } ;- {Re(a + ib) 2.]

Third, it is trivial to demonstrate that any particular intermod, say cos (2o + &02)t, has the same
phase regardless of whether it arises from the third, fifth, seventh, etc. order term in Taylor series.
(We are assuming, of course, that the non-linear element(s) giving rise to the intermods are found at a
single point in space.) To do this, imagine the quantity cIt replaced by (w, t + 0), and similarly for
Wot, &)3t, etc. and the result is obvious. On the other hand, given a multicarrier signal, it is likely thattwo or more different intermods will have the same frequency. For example, if o( = 10, ca2 = 11 and
W3 = 13, (in arbitrary units) then 2W02 - wto w W I + W03 - W2 - 12. in this situation there is no reason
to expect these two different intermods to have the same or nearly the same phase. This provides an
explanation for an often seen phenomenon that is not widely understood; to wit, a given intermod is
reduced in amplitude when an additional carrier frequency is turned on. This could occur for example
with the signal whose frequency is 12 in the example above when (03 is turned on if the WI + W3 - (02
signal is out of phase or nearly out of phase with the 2W02 - (01 signal.

Fourth, the amplitude or power (power is proportional to the square of the amplitude) dependence
of an intermod on the primary signal input amplitude (or power) can be seen from Eq. (5). If an i h
intermod arising from the mnth order term in the Taylor series expansion has a frequency (pIWj + P20)2
+ P3(3 + p4W4 + .... ) = pw,, where the p's are positive or negative integers and Ip, I = m, then

the intermod amplitude will vary as 1lI P"I3PI44 ... I'. This dependence of intermod power

on primary signal power can be a useful tool in determining the i-e functional relationship. It must be
remembered, however, that an mth order term in the Taylor series expansion will also generate, in gen-
eral, intermods of order m - 2, m - 4 .... etc. and all of these will also be of mlh order in the rs. For
these contributions, specific functional dependence of the amplitude of the intermod on the amplitudes
of the various primary signals cannot be simply specified. All that can be said without tedious calcula-
tion for a specific situation is that if an intermod frequency is p,,, then the amplitude will consist

of a sum of terms each of which varies as I/ ,, where Ip, I = in is the intermod order and n, is

an integer equal to or greater than 0. Thus, for example, a three carrier signal composed of frequencies
(di, ()2 and (a3 passing through a nonlinear device may well produce components such as
cos (2w1l + wo,)i arising from, say a 5th or 7th order term in the current voltage relationship. Although
this intermod does not "contain" an wol, it will have an amplitude that does in general depend on I.. In
fact, certain experimental observations, such as the variation of the amplitude of a term like
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cos(2w, + w,)t with 13., suggests the presence of 5th or higher order terms. In this regard one should.
however, be cautious. This could appear to occur if a different third-order term involving W3 happened,
by accident, to have a frequency numerically equal to 2w, + W2.

Fifth, the relative magnitudes of the intermods as a function of the number of frequencies
represented in the intermod, the number of carrier signals, and the order of the nonlinear term are
straightforward if tedious to deduce. Suppose the equation describing the nonlinearity is

c = .Ai + Bi3 + _is (7)

If one compares a three-carrier signal to a live carrier signal then the Bi term will give rise to the same
kind and magnitude of third order terms for both cases. For live carriers, there are simply more third
order terms arising from the larger number of combinations of frequencies than for three carriers. On
the other hand, the Bid term also gives rise to first order terms and these nonlinear generated first order
terms will be larger when there are five carriers than when there are only three.

Analogously, the 5i term will generate more fifth order intermods when five signals are con-
sidered than when three are, but their magnitudes will be the same in both cases for "similar' inter-
mods, i.e. cos( 3w - 2w,)t is "similar" to cos( 3w* + 2W2)t, but not to either cos5w or to
cos (2w I + 2w + W3)t, etc. On the other hand, the third-order intermod frequencies that arise from
the Ci0 5 term do have a magnitude which depends on the number of carrier frequencies.

If the (7s term is the highest order term in the i-e relationship, then the largest fifth order terms
will be the so called five carrier fifths, e.g. cos (WI ± W' ± W3 ± w4 ± )t. In order of decreasing
magnitude will come cos (2wto ± W I ± (d 3 ± W4) , COS (2w', ± 2 w, ± w3 )I, COS (3w ± w3 )t, COS 3w 1 ±

W2)t, cos(4to ± w2)t, cos5wo1 t. The trend is clear, the more frequencies and the more Lqually
represented in the intermod, the larger that particular intermod will be.

In general, higher order intermods tend to have smaller amplitudes. For example, the (0 term of
Eq. (7) will give rise to third order as well as fifth order intermods, and in fact the three carrier third,
i.e. cos(w, ± W2 ± w3)t will have a magnitude somewhat larger than the five carrier fifth mentioned
above. It is by no means true, however, that all or even most third order intermods are larger than all
the fifth order intermods.

COMPUTER DIAGNOSIS OF NONLINEAR SYSTEMS

Using Equations (2) through (4) is basically a simpler way of obtaining a Fourier transform than
the usual analytical procedure. On the other hand, computer based Fourier transform analysis is now a
well developed technique. This fact and the widespread availability of high speed computers strongly

suggest the application of computers to diagnosing nonlinear systems from the system's intermodula-
lion generation. The advantages of using computers are more than just speed. Unlike the mathemati-
cal requirements on the current-voltage relationships that are necessary in the analytical approach dis-
cussed above, the computer approach requires no particular restrictive mathematical criteria for the
current-voltage dependence. For example, there is no special difficulty in Fourier analyzing a multi-
carrier signal imposed on a circuit element with circuit characteristics given by Eq. (6). Thus, given an
i-e relationship, analytical or otherwise, one can predict the magnitude and relative phase of the inter-
noods.

There are three characteristics of computer based Fourier transforms which should be understood
if results are to'be properly interpreted. Firs , a computer based Fourier transform (FT) differs from an
analytical transform in that, with the former, one works with a discrete (rather than continuous) set of
"data" (values of the function being transformed) summed over a finite (rather than infinite) range of
the argument of the function. As a consequence of this, the relative phases of the input signals at
some fixed time can influence, to some extent, the magnitudes of the resultant intermods. This
influence, however, is quite small.
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Second, another and much more important consideration associated with signal phase is that all
computer results are numerical and there is no way to distinguish between two or more contributing
intermods at a given frequency. Further and as mentioned earlier, there is no reason for different
intermods of the same frequency to have the same or any other particular phase relative to each other.
Thus certain characteristics of particular intermods cannot always be easily sorted out. This corresponds
to the actual experimental situation where various intermods can overlap.

Third, a possible major contribution to the overlap of intermods is the phenomenon of aliasing.
When N discrete data points are separated from each other by a time interval T, then there is a max-

imum possible frequency, w,,,. that can be resolved which is approximately for large N. Frequen-
2T

cies less than to will be correctly given by the computer based Fourier transform. For those frequen-
cies greater than to,,, by Aw,,, the associated computer generated spectrum line will appear at a fre-
quency (to,,, - Aw,) which is, of course, within the range of allowable frequencies. This is the
phenomenon known as aliasing. Thus, the probability of signal overlap in the range of allowable fre-
quencies is increased simply because of the apparent increased density of intermod signals. This
phenomenon will not usually present too great a problem for two reasons. First, the intermods with
frequencies greater than to,,, are usually of higher order and thus can be expected to have very low
amplitudes. Second, the value of the intermod frequency can be made to indicate which spectrum lines
have appeared by aliasing. For example, if all primary frequencies are whole numbers but wto,,, is, say,
a whole number plus 0.3, then any spectrum line centered on an to that is not a whole number can be
assumed to have arisen from aliasing.

In order to illustrate the nature of the intermod response expected from an i-e relationship not
amenable to analytical treatment, a number of computer experiments have been carried out. For this
purpose we have worked with linear, quadratic and cubic rectification functions and various combina-

tions thereof. Thus, the i-' relationship is

e = ai + biN 2 + ci3  i > 0

=0 i < 0
where any one or two of the coefficients a, b, or c may be zero. For example if a = b = 0, c ;e 0 then
we refer to this as cubic rectification. If only a ;= 0, it is linear rectification while if only b ;, 0 it is
quadratic rectification. Calculations using up to three input frequencies have been carried out with

i lcos(WIt + (1) + 12 cos( 6 2 t + 02) + 1cos(o 3t + 03)

as the input signal, where to = 10, to2 = 11, and W3 = 13 and the phases 01, 42 and 03 could be varied
using a random number generator. Amplitudes of signals are in arbitrary units since only ratios of
amplitudes are significant.

In the first computer experiment, two of the three primary signals and two second order inter-
mods were examined for several combinations of the coefficients a, h, and c in Eq. (8). The parame-
ters used and results obtained are summarized in Table I. Values of a, b, and c used are shown above
the colunn corresponding to the results. If' one or more of these coefficients are not indicated above
the columins, the implication is that they are zero. The results themselves are averages of four separate

runs using random phases of the input signals with each run. The intent was to minimize the effects of
signal phase discussed above.

Table I -- Signal amplitudes ilt various frequencies for

the kinds of rectification indicated.

Intermod and c1 b=l b=c=l a1 abc1
Frequency

to, = 10 34.571 17.047 51.618 9.265 60.883
I- = 3 22,835 9.153 31.988 3.299 35.287

i+ (o0 = 24 22.697 9.117 31.813 3.036 34.848
= 13 34.534 16.695 51.229 9.242 60.470
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The most obvious feature of the data in Table I is the equality between the sum of the amplitudes
for quadratic (b - 1) and cubic (c - 1) rectification calculated separately and the result for the sum of
quadratic and cubic rectification, column three. The summability is also true for linear rectification.
This result is not surprising since it merely implies the obvious summability of spectrum lines from
different nonlinearities. A second interesting regularity is that for each type of rectification, "similar"
intermods have very nearly the same amplitudes. The extent to which the amplitudes are not identical
results from more than one intermod contributing at a given frequency.

The variability of signal amplitude because of multiple intermod contributions at a single fre-
quency, and the manner in which this amplitude can vary with primary signal phase are illustrated in

Table I. Here the results of several individual runs with random phases are presented for intermod
frequencies of 7 and 12. The reproducibility of the signal whose frequency is 7 is much better than the
signal whose frequency is 12 because the two major contributors to the former signal are third order
and fifth order intermods. Since the third order intermod should be perfectly reproducible and is much
larger than the fifth, whether the fifth adds or subtracts from the third (depending on their relative
phase) the amplitude of the net signal is changed only to a limited extent. In contrast, the major con-
tributions to the signal whose frequency is 12 come from two third order intermods whose magnitudes
can be expected to be much more nearly alike. Thus, addition or subtraction (constructive or destruc-
tive interference) of the two results in large variations in the magnitude of the net signal.

Table 11 - Signal amplitudes for the w = 7 and w = 12
signals for the kinds of rectification indicated.

Intermod and
Frequency run c-- b=l b=c-l a=l a=b=c=l

2w, - to = 7 1 2.007 .786 2.793 .133 2.876
3W 2 - 2(o.3 = 7 2 2.030 .7739 2.803 .137 2.838

3 2.0412 .7955 2.837 --- 2.839

oJW1(2+(3l= 12 1 3.145 1.422 4.563 --- 4.590
2o2 - (a, = 12 2 4.182 1.813 5.994 .0418 6.030

3 2.024 1.023 3.047 --- 3.022

The surprising thing about Table If is that the sum of the c = I and h = I coltumns equals the
b = c 1 column for an intermod frequency of 12. Unlike the results of Table I, the co = 12 s,. -Al
shown in Table 11 is a sum of two different intermods of comparable magnitude. It is easy to show that
under these conditions, the phase of the net signal for a particular nonlinearity will not in general be
equal to the phase of a signal of the same frequency arising from a second nonlinearity. (The phases
would be the same if the same single intermod was the only contribution for both of the nonlinearities
as is the case in Table 1). Thus the sum of columns c = I and b = I would not be expected to equal
column c = b I. Suppose, however, that A, is the coefficient of the u), - ao2 + (o3 intermod resulting
from c = I and Ml, is the coefficient of the 2w, - o I intermod resulting from c = 1 and Ah, and M, are
the analogous coefficients for b = 1. Then, if AI,/A, = AIh/A, it can be shown that the net signal from
c = I and b = I will have the same phase, and the additivity of the to - 12 signals in Table ii are to be
expected.

In Table Ill a large number of intermod amplitudes are given. It is obvious that the amplitudes of
the intermods fall into groupings as shown. Furthermore the relative magnitudes correspond quite well
with what we would expect from the analytical discussions earlier in this paper, including the facts that
the higher the intermod order, the lower is its amplitude and that similar inte mods have similar ampli-
tudes. Thus, it is possible to check the assumption of the previous paragraph that A/A, = All,4,. By
examining the magnitudes of the intermods w, + w, + (03 or + 1 03 - , and 2o + 01 or 2(? + (Ot,
which have frequencies at which no other intermod of comparable order contributes, one can estimate
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Table IlI - Signal amplitudes of the first, second and third order
intermods for the kinds of rectification indicated. Intermods

at higher order are indicated (in parenthesis) when they
overlap a lower order intermod.

Intermod Intermod &
Order frequency c=1 b=1 a-1

1 = 10 34.595 16.984 9.209
I = 11 33.789 16.704 9.007

W 1 oJ-= 13 34.589 16.728 9.206

2 W2 - WI = 1 20.044 9.044 3.883
2 cu3 - w= 2 20.999 8.966 3.404
2 -3 - (01 = 3 22.789 9.236 3.317
2 W1 + (02 = 21 22.350 9.028 3.103
2 WI + W 3 = 23 21.961 9.200 3.399
2 W , + W3 = 24 22.579 9.031 3.107
2 2o= 20 .

(4) 3W2-Co 3 = 20 11.764 4.604 1.745
2 2W2 = 22 9.843 4.483 2.219
2 2W3=26

(10) 6,4 - 4o I = 26) 12.240 4.641 1.647i 3 (01 + W12 - WJ3 - 8

(5) 3w - 2w, = 8 13.235 3.899 .193
3 W1 - 2 + W3 - 12 ].
3 2W2 - oI = 12 9.566 2.964 .074
3 W2 + W3-oW= - 14 13.679 4.328 .111
3 WI + W2 + W 3 - 34 13.601 3.912 .02
3 3= 30 2.422 .789 .189
3 3o2 =33
3 2o, + W3 = 33 5.481 1.416 ----
3 3W3  39 2.208 .516 .146
3 2w- W2= 7

(5) 3W2 - 2w3 = 71 6.923 1.767 .089
3 2w I - W2= 9(
3 2(02 - W3 = 9j 4.350 1.545 .109
3 2o2-WI1= 12

3 W1 + W3 - W1 = 12 9.566 2.964 .054
3 2o., - W3 = 15 6.550 1.996 .154
3 2w - wc I= 16 6.776 1.665 .136
3 2o + W2 = 31 6.635 1.688 .198
3 2W2 + Wi = 32 6.822 1.833 .178
3 2w, + w, = 33 5.481 1.416 ----

3 2W2 + W 3 = 35 6.649 1.999 .152

closely the magnitude of M., A,, Mb and Ab. It can be seen that the proportion M./A, = MAiAb is
valid to the expected accuracy. It appears in fact to be valid for all three third order harmonics, but the
relationship would not be expected to hold in general.

In Tlable IV a similar grouping of intermods using only two (different) fundamental frequencies is
shown. These data represent averages of only two separate runs but nevertheless result in better repro-
ducibility of intermod amplitude than Table III because of fewer possible intermods having the same
frequency.
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Table IV - Signal amplitudes of a variety of intermod orders
for the kinds of rectification indicated.

Intermod Intermod & c=1 b=1 a=I
order frequency

I = 7 20.680 13.244 9.191
I W2 = 17 20.687 13.243 9.191
2 CO2 - (01 = 10 15.950 9.224 4.985
2 wo2 + o = 24 15.702 9.081 4.907
2 2wa1 = 14 9.457 4.557 1.640
2 2W2 = 34 9.406 4.533 1.632
3 W2 - 2w, = 3 6.911 2.656 ---
3 2W2 - W01 = 27 6.875 2.642 ---
3 W02 + 2w1 = 31 6.715 2.580 ---
3 3w, = 21 2.246 .518 ---
4 2CU2 - 2w = 20 2.280 --- .995
4 3w, - W2 = 4 1.353 --- .330
4 W2 + 3wo1 = 38 1.307 --- .319
5 2W2 - 3w,- 13 --- .380 ---

5 302- 2w I= 37 --- .377 ---
5 4w, - W2 = 11 --- .074 ---
6 3W2 - 3w, - 30 .252 --- .428

A number of other regularities are noticed in Table IV where results for higher order intermods
are shown. A cubic rectification (c = 1) does not show fifth order intermods, but does generate 3rd
order intermods while a quadratic law does not show fourth and sixth order intermods. Linear
rectification appears to give only even order intermods (except for the fundamentals) which implies that
the "third" order intermods in the last column of Table IIl probably arise, in fact, from various high
order even intermods.

The effect of primary signal amplitude on the amplitude of the intermods for the three kinds of
rectification discussed above has also been investigated. To minimize multiple intermod contributions
to a single frequency we have used just the two frequencies 7 and 17. To simplify the interpretation,
these two frequencies are always taken with equal amplitudes and varied by factors of two.

The amplitude relationships are very obvious (see Table V). For linear rectification, if the imput
signals are increased by a factor ,, then each intermod is increased by the same factor. For quadratic or

cubic rectification, if the imput signals are increased by a factor n, then the intermods are increased by a
factor n2 or n.3 respectively. It is interesting that this is precisely the kind of behavior that is obtained
for analytical linear, quadratic and cubic relationships although the particular intermods obtained are
not. For example, a cubic i-e relationship (no rectification) would not produce any intermods greater
than order three and no even order intermods whatever.

The accuracy of the relationships of the amplitudes discussed in the previous paragraph is
extremely high as is the agreement of the amplitudes between different similar intermods (calculated,
but not included in Table V). This is a result of only one significant intermod contributing to each fre-
quency. In Table VI the same kind of experiment is carried out except that three frequencies are used
and, incidentally, the input signal amplitudes are varied somewhat differently. In spite of the numbers
in Table VI being the result of averaging several runs with random phases the variation from the ampli-
tudes expected is somewhat greater than in Table V where a single run is shown.
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Table V - Signal amplitudes for a number of intermods for the kinds of
rectification indicated. The values of the primary signal amplitudes

used are above the columns corresponding to the results.
Intermod Intermod & 1/4 1/2 1 2

order Frequency

Linear Rectification (a= 1)

1 WI = 7 2.2910 4.5820 9.1637 18.327
2 0)2 + oI = 24 1,2157 2.4295 4.8594 9.7181
2 2w, = 14 .4057 .8113 1.6213 3.2433
3 22 - W I = 27 .... ............
3 3 w = 2 1 .... ............
4 2w, - 2w = 20 .2510 .4995 .9998 1.9994
4 3w 1 - W2 =4 .0807 .1630 .3256 .6514

Quadratic Rectification (b= 1)

1 Wo = 7 .8253 3.3011 13.2044 52.818
2 (02 + WI - 24 .5619 2.2475 8.9899 35.9594
2 2w, = 14 .2817 1.1266 4.5064 18.026
3 2W2 - (0 = 27 .1639 .6555 2.6223 10.4893
3 3o = 21 .0320 .1279 .5120 2.0477
4 22- 2wtI = 20 ... ............
4 3w - w , = 4 .... ............

Cubic Rectification (c = 1)

1 W = 7 .32215 2.5772 20.6175 164.940
2 w, + w, = 24 .2429 1.9432 15.5454 124.363
2 2w, = 14 .1461 1.1689 9.3512 74.810
3 2w? - co = 27 .1066 .8530 6.8239 54.590
3 3, = 21 .0347 .2775 2.21974 17.758
4 2w, - 2o = 20 .0357 .2858 2.28647 18.292
4 3o - w, = 4 .0210 .1677 1.3415 10.733

Table VI - Amplitudes as in Table V for three inputs.

Intermod Intermod 1/2 2/3
order Type

Linear Rectification

I W etc 4.59 6.1 9.26
2 COI + W2 1.6 2.25 3.07
3 WI + W2 + 

(03 .01 .05 .06
3 2w-i - wo! .1 .1 .2

Quadratic Rectification
I W1 4.20 7.45 16.9
2 W| + W2  2.25 4.05 9.0
3 WI + W2 + W3 .42 .75 1.65

Cubic Rectification

I W1 4.32 10.2 34.6
2 WI + W2 2.75 6.65 22.2
3 (01 + W2 + W3 1.70 4.05 13.6
3 2w, - w, .83 1.95 6.85
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An additional experiment was carried out to determine the influence of the coefficients, a. band c
on the intermod amplitude. One coefficient was individually varied by a factor of two, while the others
were held equal to zero. It was expected that the resulting intermods would vary directly with the mag-
nitude of the coefficient and this is exactly what was found.

CONCLUSION

We have shown here two approaches, the analytical and numerical, for obtaining the intermod
spectrum given a specific nonlinearity and given the number of primary frequencies involved.
Although one can do much with the analytical approach, we have shown that the computer method is
the only way to handle the problem for certain rather common nonlinear systems. Nevertheless it is
clear that the IMG diagnosis, that is the deducing of the i-c relationship from the characteristics of the
intermod spectrum, cannot be carried out on a "prescription" basis. No routine procedure will quickly
and unambiguously provide the i-e functional relationship and thus information leading to identification
of the physical origin of the nonlinearity. However, the results of the analytical considerations and the
computer method set forth above provide guidance for procedures that can be carried out, on a case by
case basis, to obtain the i-e functional form.
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