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In the second part of the report, the theory of distributed CFAR detection with data
fusion is developed. First, a system consisting of n CA-CFAR detectors with data
fusion is considered. The overall system is optimized so that the overall probability
of detection is maximum while the overall probability of false-alarw as fixed at the
desired value. Next, CFAR detection with multiple background estimators and a data
fusion center is studied. Finally, adaptive CFAR detection with multiple detectors
for different network topologies is considered. Two topologies, namely, a parallel
and a tandem topology are investigated. The overall systems are optimized so that
the probability of detection is maximum while CFAR is achieved.
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3 CHAPTER I

) INTRODUCTION

)

P

o

"

Q 1.1 Constant False Alarm - Rate (CFAR) Processors

L

o 1.1-1 Background and Literature Review

N

% In practical radar signal detection systems, the

" problem is to automatically detect a target in a nonstation-

. TR,
s ary noise and clutter background while maintaining a constant aéﬁ’

" NN !
) ) ] A
% probability of false-alarm. '"Clutter" is the term applied ﬁ\f&ﬁ
"' 3 ’.:'. :‘ /
2 to any unwanted radar signal from scatterers that are not of 'y
5 _ Lt
! interest to the radar user. Examples of unwanted echoes, or d:xﬁ
N AN
; clutter, in radar signal detection are reflections from :?ﬁﬁ.

"! \._‘:'\.:\ Y
ﬁ terrain, sea, rain, birds, insects, chaff, etc. Classical Ps
\ i
h detection using a matched filter receiver and a fixed Qf*;

- -l ~.:‘ .

l; threshold is not applicable due to the nonstationary nature éﬁt?f
3 PR
h e A

of the background noise. In fact, a small increase in the

"‘.(l
*
,‘*"'.-o

total noise power results in a corresponding increase of

-
13
4

Y
s

: several orders of magnitude in the probability of false ;Eg&.
i
) alarm. As shown in Figure 1-1, for a design probability of i:j;
; false-alarm of 10-8, an increase of only 3 dB in signal-to- :jﬁi
$ noise ratio causes the actual fclse-alarm probability to EE%E?
increase by almost 104. This undesirable increase in the hfﬂx‘
L Cd
g number of false alarms causes the data processing equipment, 3%?2
:; either a human operator or a digital computer, to saturate. f%ii
LS
; 1
:

RS Co f

~’\’1 '/ AR A $~$5 :&,‘.f“' ’i) -*

} x*-» N o ‘f
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Therefore, adaptive threshold techniques are needed to main- P
. . b '
b tain a constant false-alarm rate (CFAR). E'%’:
¢ ‘I“& X
] [fa¥
¢ . . . . Fol ol
N One approach to adaptive detection in nonstationary oAAN
o
y noise and clutter background is to compare the processea N
: 'i"ﬂ::'?
* O
:5 target signal from the test cell to an adaptive threshold ,:.::n.:.
4 e
R obtained from the mean level of clutter plus noise over ad- W)
B jacent range and/or Doppler Cells [1-3]. The conventional 5’__-,;r
L _'_z")
¢ cell-averaging constant false-alarm rate detector is shown -.;::'.__ :
[ oy
3 in Figure 1-2. 1In the cell-averaging constant false-alarm Ly
L
: rate detector, CA-CFAR, the adaptive threshold is obtained 1‘6'"&’:
X ..“"' ;
A from the arithmetic mean of the reference cells [4]. Finn [2] ‘:..»::"\
: Seaviht 't
) OO0
W showed that in a homogeneous Gaussian noise background, where N ""
. . . A
the noise samples obtained from the range cells are identically ,xf;;:
j e Y
" '."-’.‘Fq" g
\ distributed, the CA-CFAR detector performs well and its per- V;"_\-; t.
> :'-\."Gy' '
4 formance approaches that of the Neyman-Pearson detector as *’\"*-’*.x
the number of range cells is increased to infinity. In 2 ;';’.::3
X o :‘.’;‘
5 . (RN
h nonhomogeneous background, which may be caused by clutter ..;::::::E:
; "'.":’0‘
» edges and chaff, the adaptive threshold setting is seriously “"
. affected resulting in a degradation of the performance. 1In :;R_r::
[} 9.0 %
[ Wy h' '
. the situation where the transition from a clear to a clutter ‘,-}t%.g
2 DNY:
> environment is not relatively smooth, it is assumed that it
A o
p the total noise power density as a function of range can be ;:'.-.’,-.. X
) N
;; represented by the step function as shown in Figure 1-3. j:«::"_\_.
0 SR
. . . NS
& Two cases may be encountered in this severe clutter environ- SaCd
Wi
X ment [1,2]. In the first case, the cell under test is in NN
! X
b the clear region but a group of the reference cells are ';:-:;'.:.’:
i RIS
? immersed in the clutter. This results in a higher adaptive ®
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threshold and the probabilities of detection and false-alarm
are reduced. This is also known as the masking effect. In
the second case, if the cell under test is immersed in the
clutter but some of the reference cells are in the clear
region, the threshold is relatively low and the probability
of false-alarm is increased [1,2,5,6]. Jamming and the
clutter edges mentioned above significantly affect the power
level as a function of range which results in an intclerable
increase in the probability of false-alarm. This situation
is frequently encountered in search radar design. To centrol
this intolerable increase in the probability of false-alarm,
Hansen and Sawyers [5,6] proposed the greatest-of-selection
logic in cell-averaging constant false-alarm rate detector,
GO-CFAR. A comparison between the two CFAR detectors, CA-CFAR
and GO-CFAR, using square law detection of Swerling I targets
was treated by Moore and Lawrence [7]. The clutter map CFAR
approach can also be used for nonhomogeneous background. In
this technique proposed by O'Donnell, Muehe, and Labitt [8],
the detector output of each resolution cell is averaged over
several scans. An analysis of the clutter map CFAR technique
has been performed by Nitzberg [9], to obtain the probability
of detection.

Trunk [10], while studying the target range resolu-
tion of some adaptive threshold detectors, showed that targets
cannot be resolved by a CA-CFAR detector if another target lie
within the reference cells of the other. He proposed the smal

lest-of-selection logic in cell-averaging constant false-alarm
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rate detector, SO-CFAR. The SO-CFAR detector is less sensi-
tive to the detection loss than the CA-CFAR unless the number
of resolution cells is relatively large. In other words, for
a small number of reference cells, the detection loss of the
SO-CFAR is relatively large as compared to the ideal detector.
Closely separated targets may be encountered in dense civilian
or military target environments. In such situations, capture
effect may occur where the probability of detection rises
slowly and reaches one asymptotically. Finn and Johnson [1],
and Rickard and Dillard [11] studied this problem of two
closely separated targets and showed the existence of the
capture effect for all single-pulse Swerling target models
(cases 1,2, and 4). The SO-CFAR detector proposed in [10]
eliminates the capture effect that exists in the CA-CFAR and
GO-CFAR detectors.

Additional work on CFAR processors in situations
where one or more targets lie in the set of reference cells,
i.e., in multiple target situations, is reported in the
literature [12-16]. In this situation, the interfering
targets raise the threshold, thereby drastically reducing the
probability of detection. The noise samples of the reference
cells are not identically distributed in this case. There-
fore, a mathematical representation of the system model
is more complicated which makes the performance analy-
sis of the systems more involved. McLane et al. [12] proposed
a threshold control technique for the CA-CFAR detector based

on a priori information about location that could be supplied
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by the radar's tracking system. Al Hussaini and Ibrahim [13] °
’n'.i'fw

. . . . e,
presented a generalization and extension of the technique in :::;;-:-g:
-'N‘-;h:-"-

[12] for the CA-CFAR, GO-CFAR, and SO-CFAR detectors. When ;_f";:::
h.:.h\' A

the interfering target is in one of the reference cells, ?"\C'?‘\{r':.
> 2 e
Weiss [14] showed that the detection for a GO-CFAR detector :;:%
e

is extremely poor. To alleviate this problem, he suggested ::;}':;
. S
the use of the SO-CFAR technique. Rohling [15] introduced an 'i"'
ot
0 \l
order statistic based estimation technique to obtain CFAR in '::‘:'.:%
(NN
¢ ‘u.\(-
multiple target situations. Finally, Ritcey [16] presented '}!::::::}!:‘
PeG

the performance analysis of the censored mean-level detector - d
Aot
(CMLD), which is an alternative to the mean-level detector ':"::.5}:;:::3.
N TN

. . . OO
(MLD) considered previously {[1-15]. He obtained the expres- 2:::}:::‘,;;:
RNy
sions for the probability of detection of the CMLD in a \v,‘

i

multiple-target environment when a fixed number of Swerling II : l::g.kﬁ
™ 't’f
targets are present. The CMLD achieves robust detection per- ¢ '4:;::“:
\) A

formance in a multiple-target environment by censoring o
h"\_. \J

several of the largest samples of the maximum likelihood C"'ﬂ'
‘ ¢
\ ¢
estimate of the background noise level. . '.'"-&
@
, Soseis
1.1-2. System Description, Notation, and o ;:'.'::2:
Terminology ."::‘:::i'
g,

In this subsection, we describe the operation of the 3

e
cell-averaging CFAR detector, we define some notation, and \xﬁg
hY “\ t
t
present some mathematical background that will be used ‘x::.\"\\‘:'
N

-t W N
throughout the report. LI
\.“il".\":\
The conventional cell-averaging CFAR processor is ':'u::f
ey
shown in Figure 1-2. As shown, the output from the square "".:"f
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law detector is fed into a tapped delay line torming the t’fb}f
referehce cells. The delay, 1, between the taps is approxi- sﬂﬁéé
mately equal to the transmitted pulsewidth. To avoid any iﬁ&?ﬁ?
signal energy spill from the test cell into the directly ﬁ%ﬂ??
adjacent range cells, which may affect the clutter power ﬁ?“E.
estimation, the adjacent cells, called guard cells (usually H@Aﬁa
one or two on each side of the cell under test), are com- uﬁ'

pletely ignored. The statistics of the reference windows U ;t‘ﬁ?”
and V are obtained from the sum of the % leading cells and NKV:J:
the % lagging reference cells respectively. Thus, a total #{_ :h
of N noise samples are used to estimate the background en- W¢'nw
vironment. The noise samples are assumed to te statistically p“ m.
independent. The reference windows U and V are combined .““ﬂ%h

according to some selection logic to obtain the estimate of ::tﬁw

".‘ ’.'t

the clutter power level Q. To maintain the probability of : §$&$
iq‘l (N
false-alarm, PF’ at the desired value, the adaptive thresh- PRRRRK
old is multiplied by a scaling factor called the threshold ;ﬁ;g]h
N 0 OO
" ¥, N
multiplier Ty- It should be noted that for the same value &h:'l'
4 ‘|'l A
of Pr, the threshold multiplier is not the same for different Qe

selection logics. The product TNQ is the resulting adaptive wamag
TR
threshold. The output,q_, from the center tap is then com- -." W
o] L\
. : . AN
pared with the threshold in order to make a decision. * )
“' .
We assume that the target at the test cell (center Ehﬁ?,,
iy
tap), called the primary target, is a slowly fluctuating bk'un
ik
target model of Swerling type I. The signal-to-noise ratio, R
Ui A X
SNR, of the primary target is denoted by S. We further Sﬁ&;Sﬁ

10 r
assume that the total background noise is white Gaussian. ;gai f
:2&.“&
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'?:::::,.%
'i' Since both the noise and Rayleigh targets have Gaussian ehe '
3 quadrature components, the output of the square-law detector ::-’_2 EET
[ WaY ‘h"h
has an exponential probability density function [17]. 1If ?_"M
' . .INHN
the noise variance is 02, then the conditional probability e v:
Bl et bt
density function of the output of the detection cell, Qg s is :6;;_
oyt
S AN
given by {fus: ".::'
44
¥ 1 - qo/202(1+S) Ay
e e
: 267 (1+5) R
; Q IH (q IH ) = ) , for hypothesis Hy :.. ‘E:‘:':'::
, 1 "9y/20 (1-1) R
‘ — e , for hypothesis Hy b -‘-‘
20
. ':'
The hypothesis H, represents the case of noise alone, while Q:M;‘,:.::
: AR
: hypothesis H1 represents the noise plus target signal case. %;':i\‘::
4 LA (X
The probability of detection, Pg, where N may represent CA, :
o,
Q."y"-. ¢
‘ GO, or SO, is given by ‘,)f',;:
( ;:é“ s
’ o ¢
! AN
! N N BN
Pn = | Pr(Q > Tyq|Q, H;) P,(q) dq (1-2) )
. D 0 N 1 Q P
ANy
0 P"wﬁ 3
" "‘NJ{<
Pg(q) denotes the probability density function of the adap- :E
) \ M 3%
n Y,
\ tive threshold and R
S
’ ” T\a %‘ :"
| Pr(Q,> TyalQHy) = | Po iy (4 lHp)dag = expl- —7—] R
) T, q o1 20°(1+S) -l ,:
(1-3) ..
We easily see that P is directly obtained from P, by just g«_‘;
R setting the target SNR, S, to zero, i.e. I—:;Zz%‘
¥ AN
©o AT )
N - | preq. > TualQ, H) PNeq) d 3
; F J 0 Nd 1R Ha) Fola) dq r%
¢ 0 o 2 (1-4) "
-TNq/Zo N P ehNe
- e .+ Py(a) da ot
0
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'."HV -n.,W“ "' : -:;:: 0 f' v"s. ;-.
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For simplicity, we normalize the noise power and the output :

.,.‘.‘.:;‘l:
i
' l

|' v
and (1-3) become ""'::"'
1 _qo/(l"'s) . . : ‘
T+5 © , for hypothesis Hl

e 4y

P H. = _ w ) ¥
Qolﬂi(qol ) - (1-5) -u¢§\;
e , for hypothesis Ho e, Hp

from the test cell and divide by 202. Then, equations (1-1)

‘ and ) m byt : .;.-':v':
Pr(Q, > TyalQ, Hy) = e 1+S (1-6) x#ﬁ#ﬁ
).'\" )
f:d:é " N

When there 1s no interference in the reference cells, then Py
all the noise samples are identically distributed. Since these ‘ «éﬁ
noise samples are statistically independent, the reference
windows U and V have a chi-square, xz, distribution of 2(%) "

Y
degrees of freedom (see Appendix A for details), i.e., N,

-1 AR
1_ 2~ eu > 0 (1-7) watn

Py (u)

|

~f Z|
o

=4

N
and 1 2‘ = 1 -v
Py (v)

i
<
@

b
, v>0 (1-8) )
r - T
:71

The corresponding cumulative distributions are Cﬁgb,

(N/Z) -1 . ]
Fy(u) = I srul,uzo (1-9) S
320 j! ey

°
f‘}‘:‘:\'\ %
and (N/2)-1 1] ;Z:j:;::? <
Fy(v) =1 - 1 STV V2 0 (1-10) ﬁ;g-
j=0 ‘*ﬁd&

|
=
[
('D

|
[¢]
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The above results will be used throughout this dissertation.
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Next, we discuss distributed detection and data fusion. ;&‘u‘
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1.2. Detection with Distributed Sensors and Data Fusion "0“

The use of multiple sensors with data fusion is widely ‘,n.:f

increasing in surveillance systems. One of the main goals é:li

of using multiple sensors is to improve system performance ‘J

such as reliability and speed. For surveillance systems :3:«:'::0:':’::‘

requiring a large area of coverage and/or a large number of ’E‘E.:':a'..:.:
W n

targets under consideration, multiple sensors are used. In

such systems, complete observations can be transmitted by the .

sensors to a central processor for data processing as shown ) ﬁg{:’
in Figure 1-4. This requires a large communication bandwidth "h"
which may not be available. Thus, due to the constraints on .:."‘:".::?:':i::f
the bandwidths of the communication channels, distributed ‘ﬁgﬁﬁﬁ
signal processing with a data fusion center is preferred in :""
many situations. In such distributed detection systems, some “@f
processing of the signal is done at each sensor which then }‘ "":':
sends partial results to the data fusion center, as shown ;P%
in Figure 1-5. These partial results are combined according ig;-:::;
to a suitable data fusion rule to yield the desired global ‘?f
result. In our case, the partial results are the decisions - “
from the individual detectors, D;» i=1,2,...,n, where :?:':%‘\h
Di e {0,1}. The Di's are combined to yield a final decision, E:
D,, which may again be a zero or a one. :,:j'"."-.&."
Some work on distributed detection has been reported %:ig}

in the literature [18-31]. Tenney and Sandell [18], extended f’fﬁf«
Sk

the classical Bayesian theory to the case of distributed N A
sensors for the binary hypothesis testing problem. Sadjadi :‘;:EE;:‘
[(19] generalized the results of [18] to the case of multiple ‘.:2\3:5*
@
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hypotheses. Ekchian and Tenney [20] considered various
distributed sensor network topologies and solved some associ-
ated Bayesian hypothesis testing problems. Teneketzis [21,
22] has solved the decentralized quickest detection problem
and the decentralized Wald problem. Srinivasan [23] has
presented some results on distributed radar detection.
Kushner and Pacut [24] conducted a simulation study on the
effects of specific prior probabilities and parametric de-
pendencies on the decision rule. Chao and Lee [25] presented
a distributed detection scheme based on soft local decisions.
Conte, D'Addio, Farina and Longo ([26] studied the design and
performance evaluation of optimum and suboptimum multistatic
radar receivers. Chair and Varshney [27] derived the optimum
fusion rule at the data fusion center for a Bayesian detec-
tion problem with distributed sensors. Hoballah and Varshney
(28] solved the problem of Neyman-Pearson detection with dis-
tributed radars. 1In [29], they devised an information theo-
retic formulation to the distributed detection problem. More
work on distributed detection and data fusion has been done

by Varshney and his coworkers [30,31].

1.3. Report Organization

In this report, two major topics are considered.
The first part deals with CFAR detection in multiple target
situations. In Chapter two, we present a weighted cell-
averaging CFAR detector for multiple target situations. The

leading reference window and the lagging reference window are
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weighted and added to yield the adaptive threshold. The

oM
@
relative weights assigned to the reference windows depend E? ':&
upon the level of interference. These weights are selected Ny ':“$
such that the desired probability of false-alarm is maintained é&ﬁﬂ%
while the probability of detection is maximized. The per- iﬁf “k
formance of the weighted cell-averaging CFAR detector is %?ﬁ%%
analyzed and compared to the performance of the conventional -Jﬁm&
; cell-averaging, the greatest-of-selection cell-averaging and id}:
' the smallest-of-selection cell-averaging CFAR detectors. IEL*‘
In Chapter three, we present a cell-censored CFAR de- ;tgﬁ:
tector. Each range cell is first compared to a predetermined N@"v

fixed threshold, where a decision about the presence or absence
of an interfering target is made. The cells, where the presence
of an interfering target is decided, are not used while forming

the adaptive threshold. This censoring scheme eliminates the

cells with interfering targets which may otherwise raise the
threshold and therefore, lower the probability of detection.
The performance of the cell-censored CFAR detectc is also
studied.

The second part of this report deals with cell-

averaging CFAR detection using multiple sensors and data fusion.

In Chapter four, we study a system consisting of n CA-CFAR

.
AR

detectors and a data fusion center. Given the fusion rule, a?_:¢

' AP N
first we obtain the optimum threshold multipliers at the indi- ;&gi}

l’--:.:\:-\.‘
vidual CFAR detectors by maximizing the overall probability of "“‘:‘

] RPN
‘ detection at the data fusion center, while the overall proba- fg;%b'
..._:_\. ~ -~
bility of false-alarm is maintained at the desired value. ﬁﬁkﬁ:‘
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Next, we consider the optimization of the overall system, i.e.,
we derive both the optimum fusion rule as well as the optimum
threshold multipliers at individual CA-CFAR detectors.

In Chapter five, we consider a system where multiple
background estimators are used for the estimation of the back-
ground noise. These estimates are transmitted to the CFAR
detector. This CFAR detector computes its own estimate of the
background noise and combines it with the received estimates
to yield the adaptive threshold. The performance of this
system is studied and an extension is also proposed.

In Chapter six, we consider adaptive CFAR detection
for two distributed sensor network topologies. Specifically,
we consider the parallel and the tandem network topologies.

In this chapter, the compressed data transmitted amongst the
detectors is assumed to be in the form of decisions instead
of estimates. The overall systems are optimized to yield
the maximum probability of detection for a fixed probability
of false-alarm. The performance of the systems is also
analyzed.

Finally, in Chapter seven, we present a summary along
with a discussion. Some suggestions for future research work

are also presented.
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A WEIGHTED ADAPTIVE CELL-AVERAGING CFAR ®
DETECTOR FOR MULTIPLE TARGET SITUATIONS

- - - -
-
..‘._
-

) &

..
T

o
oy

2.1 Introduction ...

In radar signal detection, the problem is to auto- nlar

¥
. . . . )
b matically detect a target in a nonstationary noise and éh&@ﬁ

: clutter background while maintaining a constant probability o ;ﬁ
f \) v
f } I"l' ¥
h of false-alarm. Classical detection using a matched filter a$ﬁ%&
H ‘l
; T

receiver and a fixed threshold is not applicable due
P to the nonstationary nature of the background noise. A
small increase in the total noise power results in a cor-
responding increase of several orders of magnitude in the
probability of false-alarm. Therefore, adaptive threshold
techniques are needed to maintain CFAR.
In this chapter,we propose and analyze a modified
, cell-averaging detector for multiple target situations.
The leading and the lagging windows are weighted in
) accordance with the level of interference. Optimum
4 weights, which maintain a constant probability of false-
alarm and maximize the probability of detection,are obtained.
For the Swerling fluctuating target model I, we obtain the
' expression for the probability of detection for our weighted
. cell-averaging CFAR detector. In Section 2.2, we present

) some background material and assumptions. In Section 2.3,

'

A
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we derive the expression for the probability of detection

for the CA-CFAR, GO-CFAR, and SO-CFAR detectors. In Section

A o

2.4, we evaluate the performance of the weighted cell-

~
-

averaging CFAR detector, WCA-CFAR. Numerical results show-

-

" -

ing the performance of the WCA-CFAR detector are also pre-

-
‘v

sented. In Section 2.5, we provide a summary along with a

-
o T

discussion of the results.

2.2 Preliminaries

The conventional cell-averaging CFAR processor, shown
in Figure 1-2, has been described in Section 1.1-2. There,its
performance in the presence ot interference was not discussed.
In this chapter, we consider cell-averaging CFAR processors,
in the presence of interference, i.e., in multiple target
situations. We assume that the target at the test cell

(center tap), called the primary target is a slowly fluctu-

%

R X
N
.,

x,

ating target model of Swerling type I. The signal-to-noise

x

L g}

ratio, SNR, of the primary target is denoted by S. Without

CELT IS,
‘.‘Jff‘tt"a

'-rr‘v
A,
7

z
<

loss of generality, we assume only one interfering tar-

e
5L
A2

iy
g
22 22

-

-

i~

get, the secondary target, in one of the taps of the window U.

We assume that this interfering target is also fluctuating in

f.?

accordance with Swerling target model I with an SNR I. We

55

o
=,
X

further assume that the total background noise is white Gaus-

l,

.:‘.
>

sian. Since the noise samples of the reference window V are

‘51‘

identically distributed, the probability density function and
the cumulative distribution function are as defined in (1-8)

and (1-10). Due to interference, the noise samples of U are

19
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not identically distributed and the probability density
function and the cumulative distribution function of U are

given as follows (see Appendix A for details).

N u

-z - Ly (N/2)-2 .
PU(U) = %' [11"'1]-2- + {e 1+1 e Y JZO JL' [1}-I]J UJ},
u>0 (2-1)
N u .
_ 1+1,7° 1 T TeT 1 (N/2)-2 |0 s (N/2)-2-5 .k
Fy(w) = 1 - [H57] e + e by [_T_]J ’ u
j= k=0
u>0 (2-2)

2.3 Cell-Averaging CFAR Processors

In this section, we derive the expressions of the
probability of detection for the CA-CFAR, GO-CFAR, and SO-
CFAR detectors. These expressions will be used to compare
the performance of these cell-averaging detectors with

that of the proposed cell-averaging detector.

2.3-1 CA-CFAR Detector

In the cell-averaging CFAR detector, the adaptive
threshold, Q, is obtained from the sum of the reference cells
U and V, that is,

Q=U+V (2-3)

Since the random variables U and V are statistically inde-

pendent, the cumulative distribution function of the adaptive

20
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threshold, FSA(q), is just d

Q A@) = pr {Q <q) = Pr {U+V <q}
J PV (v) J PU (u) dudv (2-4) ,q'.:::::.v::.-

-0 u=-o

(1]

Using Leibniz's rule, we differentiate equation (2-4) to AN
obtain the probability density function of the adaptive ”%a-

threshold which is just the convolution of the random vari- i

-
-
»

-8

A

ables U and V. That is,

Y
25

o

pGR(@) = pytw) * Py = [ Py PyGasw) du (2-8)

-0
4

o
o tl
s
‘“.4."5:,
=y

where * denotes convolution and Leibniz's rule is defined

P
&

RIS
TR
R

as follows. If
b (u) i
G(u) = J H(x, u) dx (2-6.a) .
a(u) R,
then, -

b (u) RN
400 -y (uy, u) B oppp ), w SB[ AMOGU gy A

RGO
a (u) Fadry Bt }
(2-6.b) 2

. . etgle!
Using the fact that U,V > 0 and U+V = Q, equation (2-5) becomes haty

q J
L J
Q (q) = J Py(u) Py(q-u) du . (2-7) CASIN]
0
Substituting equations (2-1) and (1-8) into equation (2-7),

: A Y ' R TG, Tt A0 SR \,\0\
Y ~ \ \f .H’u"\'r')“,-’.."n ~ --f\"-(\ '\.«"n "-.P\ .(, ‘."‘\."\- \“ ’. *‘* }* \"'-“’\_. \ \
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we have

N q
CA 1 1 141,72 T
P (q) = _.N_ . T . [ . {i e .
Q F('z')
(N/2)-2 .4 e Ny
- .zo % [ I ]J J e VY.e (q-u) .(q-u)z uw du}, q>0
= 0

(2-8)
If we integrate the right hand side of equation (2-8), we

obtain a hypergeometric function for PgA(q). In order to
solve for the probability of detection, PgA, using equation
(1-2), we need to integrate this hypergeometric function
from zero to infinity which may not lead to a closed-form
solution. To avoid this difficulty, we use an alternate

approach and make the following change of variables.

o t oo oo

l f(t) J £,(0)f,(t-1) drdt = J £, (1) J f(t)fz(t'T) dtdr
0 0 T (2-9)

Using the change of variables and substituting equa-

tions (2-8) and (1-6) into equation (1-2), PSA can then be

rewritten as,

1+S+TCA]

CA 1 MRTCT S8 ST | rreae 3-1
pCA - g ey {Je

(q-U)7 dudq

Jq - fyp)
[

3
N

S
[e)
(e

q N

-1
(q-u)z

u’ dudq}

(N/2)-2 , -q [—13z—]
) f%'[lile l e J

j=0
(2-10)

Solving the double integrals, the probability of detection

becomes,
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oCA _ C S 1 (N/E)'Z C,
D ~ N7z lTess T+ DT T Ll T+ T
(1+S+TCA) CA j=0 (1+S+TCA)
(2-11)

where, N ) N

c = [1;1]7 (1+S)7

c' = [FE1(1+s)
and

- I 4j j+1

2.3-2 GO-CFAR Detector

In this case, the adaptive threshold, Q, is the maximum

of the reference windows U and V, i.e.,
Q = MAX(U,V) (2-12)
The distribution function of the random variable Q is

Fgo(q) = Pr {Q < q} = Pr {U

| A

Q, V 2aq} (2-13)

Since the random variables U and V are statistically inde-

pendent, we can write

Pr {U < q} ¢« Pr {V

| A

GO
FQ (q) q}

(2-14)
= Fyla) Fy(q)

The probability density function is, therefore, the derivative
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of Fgo(q) with respect to q, i.e.,

2 l
GO _ _
Pq () = Py(a) Fy(q) + Fyla) Py(q) (2-15) :‘f‘-:':,:.',‘
I
Substituting equations (1-8), (1-10), (2-1) and (2-2) into .
hﬁivy“
equation (2-15), we obtain the probability density function o '%

Qe
:" I‘Q

of the adaptive threshold, which is given by Ry
3. t‘ml‘

(N/2)-1 , Tt b0
- {1 - &1 ) “ qQl1 - {e 1+l “"’f,’»?
j=0 J° onte ]

| Z

—
|+
—

q /232 . . (N/2)-2-7 K e
{1 - [1+I] e 11 % e ¥ &%l.

J |
!
<0 k=0 X' "T-'ﬁ.:“
2
§

q >0 (2-16)

—

Now, substituting equations (1-3) and (2-16) into equation o
(1-2) and rearranging terms, the probability of detection
for the GO-CFAR detector is obtained from p
= _ Igod S‘R&

- WO

This results in ®
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: GO el
‘ A
, (N/Z)-1 [ ltS i+l (N/f)'z L) .Syt .
! PESTYS N - : T+1 e
y j=o  *1*Tg j=o 1 1+5+T60 e
; Wt
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1‘ y |.|.|
(N/2)-2 (N/2)-1 (5.yy, (L3 (LS iekely X
) j=0 keo JP kKb I+l Z(1+5)+T, =
K i;fc'.‘_.’-f"
. Sahel
; N N, N ey
) s[itS 7 (11,2 [ (1+S) (1+1) )2 e
' 1+S+TGO I (2+1) (1+Sj+(1+DTGO Py

. N ,
; J1.a VD s TG e
! T TN, . — kU I TN
r¢z) j=0 k=0 °
o N + k . _‘.._-.‘_
RN AT
A . [ 1+S ]7 2-18 ,'.‘x'\"\:‘,
Z(I+5)+Tn (2-18) L
.' GO ;q_*.
) \ \H ()
2.3-3 SO-CFAR Detector e
. A
|: :E:::::: ¢
3 In this case, the adaptive threshold, Q, is the miminum '.;.:::.:f}
W ey
' ERSA
N of the reference windows U and V, i.e., et
®
R R
n Q = MIN(U,V) (2-19) r:-.;’
o o]
N The distribution function of Q is D
K] '.jv".fl'.;_'
y S0 ) RS
. FZ27(q) = Pr {Min(U,V) < q} AP
\ Q - AN
y "“i"‘:-'l
2 =Pr {U<q or V <qg} (2-20) -f:
NS
A . . el
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- Fgo(q) = Pr {min(U,V) > q}

Pr {U>q and V > q}

Pr {U > q} « Pr{v > q}

(1 - Fy(@) 11 - Fyla)] (2-21)

Therefore, the cumulative distribution of the adaptive

threshold is

Q (q) = Fyla) + Fy(a) - Fyla)F(a) (2-22)

Taking the derivative of equation (2-22) with respect to q,
we obtain the first order probability density function of the

adaptive threshold Q, i.e.,
P () = Py(a) * Py(a) - Py(a)Fy(a) - Fyla)Py(a)

Substituting equations (1-8), (1-10), (2-1), and (2-2) into

equation (2-23), the density of the adaptive threshold becomes

N
1,772 ) T% -q (N/E)-Z

Pa (@) =1 (Ff71° - (e “e L

j=o

(N/2)-1 E-1

J},,, q
js0 37 (§)

(N/E)-Z 1+7. (N/2)-2-3 K
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e ,
I R
% Now, substituting equations (2-24) and (1-6) into equa- Qﬂ%v
: . )
a tion (1-2), the probability of detection for the SO-CFAR ;%hﬁ
K i
, detector is obtained from .%:v
“W OO
R et
3 = . Isof S
’ SO 1I+5 ,S0,. 4 4 e
‘ Py = P q 2-25 ey
: D £ ¢ q (@ (2-25) SR
$ This results in
g \
K pSO L L (1+1,7° 2 (N2)-1 [ (1+8) (1+1) (5ol _

D I I 320 (2+I)(1+S)+(1+IjTSO
;o
K (N/2)-2 (N/2)-1
R) = - . . .
) (3+k) ! [ I ]J . 1+S ]J+k+1} .
} . k1! 2(1+S)+TS,,
P io k=0 ‘%TET‘ I+1 I+5)+TS
] N N
: 141,71 (1+S) (1+1) 7
: [——] (2+I)(1+S) + (1+D)T
& I SO
K
' . /N N
K S Lo TE T T(T+5)+ T,
N 2
; (2-26)
y 2.3-4 Threshold Multipliers
\.:
3
k)

The threshold multipliers for the three schemes, TCA’
9

T.~n» and T.., are all different since they depend on the LA
" GO SO r\‘.\.‘,('- Sy
. . . . NN ,
z selection logic. To solve for these threshold multipliers, :25:\
§ PEANON
k] . . . a s NG
: we obtain the expression for the probability of false-alarm AN
“ )
ja [N
of each detector. Then, we set the probability of false- ~:€?n
AR
\ . . iyl
b, alarm to the desired value v, and obtain T.,,T.. and T.., pladic,
: CA’ "GO SO e
s . . RRRRCY!
s from equations (2-27), (2-28) and (2-29), respectively, by _qu‘
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an iterative procedure. The probabilities of false-alarm of

’
3 '.--,A
the three cell-averaging detectors are as follows. i‘“ e

- 2
z (N/ !

)
) j+1
0 D7 (1+T,)
(2-27)

2
iy /
-2 N,
)

2
L

j
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SRR

By
1

Z

0
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co _ D? 1t (N/2)-1 1

1*(1"'1;! . g J"’I

o
N
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RN

S
(N/2)-2 1 G

L J 3 8
j=0 D (1+TGO)J TR

Wi

(N/2)-2 (N/2)-1 (4, . . .‘m

i L Sl T el Z RN
j=0 k=0’ DI (247 ) K (1+1 )V "

71 N . RN

p2 (1.1)V/?2 1 , (N/2)-2 (N/2)-2-3T(+K s

T TN N

(2¢1+ (e DTV 0 T () 3'20 ko K 3+k eI

(2-28) iR ]

-2
po -~ VB e e
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Next, we present the weighted CA-CFAR detector. b
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2.4 Weighted Cell-Averaging CFAR Detector

The proposed weighted cell-averaging constant false-
alarm rate detector, WCA-CFAR, for multiple target situ-
ations is shown in Figure 2-1. The output from the square
law detector is fed into a tapped delay line forming the
reference cells. The set of the leading reference cells
form the reference window U, while the set of the lagging
reference cells form the reference window V. The reference
window U is multiplied by the weighting coefficient o, while
the lagging reference window V is multiplied by another
weighting coefficient, B. These weighted means of the
leading cells and the lagging cells are added to yield the
adaptive threshold, Q. The output, P of the test cell
from the center tap is compared with the adaptive threshold
where a detection decision is made.

An intuitive justification for using a weighted cell-
averaging approach is the following. While computing an
estimate of the background noise from the reference cells,
we should assign more weight to those cells that do not con-
tain interference. Thus, if interference is present in the
leading cells, then the weight o assigned to the reference
window U should be smaller than the weight B assigned to the
reference window V. The relative values of a and B depend
upon the level of interference in the reference cells. It
should be mentioned that o and B should be such that the

desired probability of false-alarm is maintained.
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We assume that the primary target at the test cell
has a signal-to-noise ratio, S, and the secondary target,
or interference has an SNR, I. Without loss of generality,
we assume that the interference is in the leading cells
only. The primary target and the interfering target are
assumed to be fluctuating in accordance with the Swerling
target model I. The total noise power in the background
is assumed to be white Gaussian. The reference windows U
and V are statistically independent random variables. Re-
scaling U and V by the constants o and B, respectively, we
obtain two new independent random variables X and Y, where,

Py(x) = — P(X) , @ #0 (2-30)
X Ial

5

- Llop
Py) = T PyB) B # 0

o
-

Substituting equations (1-8) and (2-1) into equations

o
A

G
i ﬁﬁ

(2-30) and (2-31), we obtain the probability density func-

._r'
5
i’

e

tions of X and Y to be

l.‘.,‘ ‘

P

Py

Py (x)

“v ® -y
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o The adaptive threshold, Q, of the weighted cell-averaging

'.i

ﬁ detector is the sum of X and Y, i.e.,

P

f.‘

4 Q=X+Y (2-34)

;

s Since the adaptive threshold Q is the sum of the two inde-

‘

ﬁ pendent random variables X and Y, the probability density

# function, Pg(q) is the convolution of X and Y, i.e.,

n

W

: (o]

0} W

i PR(Q) = Py(0) * By(y) = | Pyy) Pylasy) dy  (2-39)

i

ﬁ‘ Using the constraints (X,Y, > 0), the probability density

M

[}

& function of the adaptive threshold becomes

1)

™ W q A

b Pla) = J[ P (y) Pyla-y)dy (2-36)

N 0

* The probability of detection for this WCA-CFAR detector

)

\ is defined as

s

¥ P = | preq > qlQ, H) PP(q) d (2-37)

. D 0 » F17 Fq R

I 0

4 where

0

b i 4

‘ Pr(Q,>alQ #)) = | Po_ i, (8 Hp)da, = exp [+ ]

h)

€ (Z = 3 8 )

r,

i Now, substituting equations (2-36) and (2-38) into (2-37),

e Pg becomes
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‘Tﬂ§ q
D= j e ** J Py (y) Py(q-y)dy
0 0

This results in

. 4_ 4 -1
y J e 1*5 J y o Y/B .
0 0

ol % -

- e
j=0

(2-39.b)

1 .1 .1
fa] 18] r(g)

Using the identity (2-9), the probability of detection can

be rewritten as

o]

] - q[lis +
i e

1 o 1 1
a] J' e‘Q[‘l";g*‘(;]

y

(q-y)7J dqdy

(2-40)
Solving the double integrals, the probability of detection

is given by

(N/2)-2
oW a | 8 C c 1

o] 18] (1+s+B)N/2 ) [{1+S+dT1+fg

j=0 (1+S+OL)J+

(2-41)
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where C, C', and C. are as defined in (2-11). '”.'-‘
J "'..}..‘.:0
The goal of our WCA-CFAR detector is to obtain the S ...1:""
Wl
weights o and B so as to obtain the best Pg while keeping 'v',_: _‘:::,'
the false-altarm probability, Pw, to be a constant v. This iy
can be achieved by using the calculus of extrema, for which o '.',:.::
i
we form the following objective function. En:::.:::
J(a,8) = PH(a,8) + E[PY(a,B) - V] (2-42) T
ettt
where v is the desired false-alarm probability and £ is the .::‘,ié:
i
Lagrange multiplier. To obtain the optimum values of a and Zd_n
@
B, we maximize the objective function J(«,B), i.e., we take ,:'..::j:::i::
)y .lq.‘
the derivatives of J(o,B) with respect to o and B, set them ":3::‘:::::.::
SN

OO
equal to zero, and solve for o and B. The derivatives are "'«05
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. We obtain & from equation (2-43), substitute for it in ;ﬂagg

] 5‘ X1
0

: equation (2-44), and solve for B in terms of a. We obtain i

i

' (1+8) HZ - H

1 h
B = (2-45.a) I
H, - H Nt
1 2 ‘.-.-?"
Ay N
where PR
X b V‘::o‘;‘.
. SO0
A : r 1 (N/%)-Z C. | .
Hy = Imsvemery - T — ! Y
1 +otall+ I j=0 (1+S+a)J+ \"v_}‘u:".'
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Knowing the fact that the probability of false-alarm is “?ﬂ&t
F 3
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we substitute for B from equation (2-45) into equation ...
e
(2-46), and obtain a nonlinear equation in terms of a only. Eﬁtﬁf
g Yy
Using an iterative procedure, we solve for o -and B. Since Eﬁg{$§
'.F.".‘. \
the equations are nonlinear, more than one solution may -
:\.r__.f;r'
be obtained. Only those solutions which satisfy the Qﬁ??f
R0
given constraints of the problem are kept. qiﬁgi.
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i We obtain some numerical results to illustrate the perfor- '!h!:::::}
: mance of the WCA-CFAR detector. The desired Pg is assumed
E} to be 10", In Figures 2-2, 2-3, 2-4, we compare the per- A
. formance of the WCA-CFAR with the CA-CFAR, GO-CFAR, SO-CFAK -"'
Ec detectors in terms of Pg versus SNR curves for different "
E: interference levels. We notice that the WCA-CFAR detector '::‘-:E::SES'
: performs better than the other three. 1In Figure 2-5, we show ::T‘.‘:'
? the performance of the WCA-CFAR detector as a function of the ';E.
:E interference level. In Figures 2-6, 2-7, and 2-8 we also ob- ’r‘?}"‘..
" interference level. As expected, in Figures 2-6, 2-7, and "!!'5
5.. 2-8 we observe that the performance of the WCA-CFAR improves ::.“:2
.:: when the number of reference cells is increased. :":""2
" Rt
2.5 Summary and Conclusions 5,.‘
' - i
b In this chapter, we proposed a weighted cell-averaging "{::;'.:;:
CFAR detector for multiple target situations. In this de- "":::'t
E tector, the weighted leading and lagging reference windows :" r
E; are added to obtain the adaptive threshold. The weights are "-E:; é
! selected so that CFAR is achieved while maximizing the proba- ?\i’*.»
R bility of detection. It results in a smaller weight being .«-
E‘ assigned to the window where interference occurs and more &
¥ weight is assigned to the window without interference. This :-?"-.
:.' weighting procedure prevents the adaptive threshold from be- Ef?'?.:
:; coming too high and resulting in a severe degradation of the E:;E?}E
: probability of detection. For Swerling target model I embedded 7::.‘;:.'2:"-
28 in a white Gaussian noise of unknown level, we showed that i;fﬁ*
;: the WCA-CFAR detector performs better than the CA-CFAR, ﬁ.'s;';{:"
GO-CFAR and SO-CFAR detectors. 'ﬁ‘f-';ﬁ'
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CHAPTER III

A CELL-CENSORED CFAR DETECTOR FOR
MULTIPLE TARGET SITUATIONS

3.1. Introduction

In the previous chapter, we proposed and analyzed the
WCA-CFAR detector, which was shown to perform better than the
CA-CFAR, GO-CFAR and SO-CFAR detectors for multiple target
situations. In this chapter, we propose another scheme for
adaptive cell-averaging CFAR detection for multiple target
situations, where we censor those cells which may contain
interference or noise spikes in them. In Section 3.2, we
formulate the problem and study the performance of the pro-
pcsed CFAR detector. In Section 3.3, we present a summary

along with a discussion.

3.2. Cell-Censored CFAR Detection

The cell-censored mean-level detector considered in this
chapter is shown in Figure 3-1. In this detector, the idea is
to delete those cells, which may contain interference,
while estimating the background noise. The output of each
range cell is compared to a predetermined fixed threshold, A, TR

to determine the presence or absence of interference in that
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3-1. Cell-Censored CFAR Detector.
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! range cell. The desired probability of false-alarm at the 't\'c'

range cells determines the fixed threshold A. The comparison ‘ﬁ{ m
. . ."' ;
of each range cell to A yields a decision, Di’ i=1,2,...,N, udf'
' e
where Di e {0,1}. When Di’ i=1,2,...,N, is one, it indicates '.". .,',.
the presence of interference in the ith cell. This cell is :::::‘.::"::,.
|.l'|l O'.i"
then censored and is not used while computing the estimate of nhnRNY
the background noise. However, when Di’ i=1,2,...,N, is zero, :::
'.l"
it indicates the absence of interference in the ith cell and ?‘-'.,; :::::::
antitety
. . . X% L)
this cell is used in the estimation of the background. The "o!"o.t
estimate of the background noise is used to set the adaptive ’.‘":"'.:";'
H.t, H
threshold, Q. As before, Q is scaled by a threshold multi- :."u ::.::'3
O
plier, T, prior to comparison with the output of the center T
» At s v-
tap to yield the desired overall probability of false-alarm ;J,;f‘n
}‘,\’.";‘ ]
at the output. As seen in the previous chapters, presence of éi’l# '::
SRLRLS 'Q
interference in the range cells raises the threshold unneces- /‘x.,@;c
@
sarily and consequently, it reduces the probability of ""::"'""
'.!"u"w“.l
detection and the probability of false-alarm drastically. '::..,‘ "
The proposed cell-censoring scheme prevents the adaptive 08
°
threshold from becoming too high by eliminating the cells '~"".‘
‘Qi
. . . S
which may contain interference and thereby improves the ' :%2,
e
) ,
system performance. ¢ Y
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§ LR !
ey,
: v - (1 - Dy a, (3-2) sy
: i= (N/2)+1 ¥ R
PREAR
) Clearly, when Di is one, the corresponding a; drops out of DRl
' A
the summation. As in the conventional cell-averaging CFAR :%:j !
PIFat N,
detector, the adaptive threshold, Q, is obtained by summing - ;‘
vg‘r.'-';.
. the reference windows U and V. Q is then scaled by the t,c.:::',.:'::
! GRS
; threshold multiplier, T, in order to achieve CFAR at the de- '{ﬁﬁﬁ
' "‘t‘".
: sired value. The output, Ay from the cell under test (center - ;
T
, tap) is compared to the threshold, TQ, to yield the final Z;&QA
b :\) M
} decision D, D e {0,1}. &{*{{i
k o’ "o hoaNi
! We assume that the target to be detected, or the primary e
raed
target at the test cell, is slowly fluctuating in accordance )‘-5. '.;E::
bt
o] |'||!
f with Swerling target model I. We also assume that the inter- k?&*
: ‘:...'.:v‘
! fering targets are of Swerling type I. Then, the probability ' 6‘

, density function of the normalized output of a range cell

without interference is

"4 e
; PQi(qi) = e » q; 20, (3-3) N

i=1,2,...,N \
and the probability density function of the normalized output e

of a range cell with interference is given by
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PQi(qi) T+T1°¢ » 93 20 (3-4) 8
i=1,2,...,N

where Il’ i=1,2,...,N, denotes the SRN of the interference | o

b
-

(if present) in the ith range cell and the superscript I in
Pé.(qi) indicates the presence of interference in the ith
i

range cell.
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Next, we evaluate the performance of the proposed
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system when there might be only one interfering target with
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an SNR I in one of the taps of the leading reference window U.
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Without loss of generality, we assume that it is in the first
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where Z corresponds to the output of the first cell which

may contain interference, i.e., §ﬁ3ﬁ
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The discrete probability density function of the random 535
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where, 6(x) is the Kronecker delta function such that, ??fxby
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1, if x = X 3\:&
8(x - x) = (3-9) St
° 0, if x # xg °
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in P; indicates that it is the probability associated with an .Ngﬁﬂg
AR

individual cell. We may express Pi as hf%§§§
"‘.::.“.::t‘:
L J

P] is the probability that the decision D; is one, and

1 - Pi) the probability that D; is zero. The superscript ¢

I I I I
Pr(D, = 1|H)) P(H]) *+ Pr(D; = 1|H ) P(H) SR
cﬂdﬁdv
t‘l:l'(f.

R

o
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(3-10)

where Hé is the hypothesis that no interference is present

in the first cell while the hypothesis H{ indicates that in-
terference is present in the first cell. Pgl is the pre-
specified probability of false-alarm at the first cell which
determines the fixed threshold A\. Pg and P{ are the prior
probabilities indicating the absence and presence of the
interfering target of SNR I at the first cell, respectively.

The random variable Z of equation (3-7) is defined as

Z = GQ (3-11)
where

1° G e{0,1} (3-12)

If D1 is one, G is zero and thereby implying that Z is zero.
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Since Pi represents the probability that D, is one, the proba- e

bility that Z is zero is also P¢. When D, is zero, then due ‘ Qﬁgﬁi

1 1
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to the independence of the random variables G and Ql’ the L’.{
e

probability density function of I is °®

- - C - z/ 1 l.h
PZ(z) = J (1—P1) S(g-1) e g TET dg (3-13) 2&%qu
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Solving the integral, we can write the probability density dadeiny

function of Z as ‘;v;#h‘
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(3-17)

then from Appendix A,

1
P, (u,) = u
Ui r(g -1)

N Z
13
—
]
[
p—

e *, u; 20 (3-18)

The probability density function of V is as defined in equa-
tion (1-8). The adaptive threshold Q is the sum of Ul’ \'

and Z, i.e.,

Q = U1 + V + 7 (3-19)

Then, the probability density function of the adaptive
threshold, Q, is the convolution of the probability density

functions of Ul’ V and Z, i.e.,

PQ(q) = Pul(ul) * PV(V) * PZ(Z) (3'20)

where * denotes convolution as before. If we define R as
R=1U;, +V, (3-21)
then the probability density function of R is (see Appendix A)

_ 1 N-2 -r
PR(r) = FTNTTT r e ’ r > 0 (3'22)

The probability density function of the adaptive threshold, Q,
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Pola) = Pp(r) * P, (2) R
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Substituting equations (3-14) and (3-22) into equation (3-23) _;;_hﬂ
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and solving the integral, we obtain e,
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To obtain the expression for the probability of detection, ﬁﬁﬁ” "
l'.!“‘l!
we substitute equation (3-24) into equation (1-4) and solve ' ‘:v‘w
the integral to obtain the probability of detection, P,, to ¥ 'dﬁi
D Khemeh
be :21"
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1+S ,N-1 1+S N RS
= p¢ h - N A - ot
Pp = Py Iyggerl © ¢ (1 - P Iq3seyd] (3-25) e
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The probability of false-alarm is Aol
: ®

C C \
1 5
P = L+ L (3-26) oy

N-1 N ad!
o (1+7) s
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To evaluate the performance of the proposed cell- .
S,
censored CFAR detector, we obtain some numerical results. :ﬁfnﬁn
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We assume that the desired overall probability of false-alarm, :?}ﬁi;‘
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PF, is 10 ; the number of range cells, N, is 4; while the g e
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SNR of the interfering target is one tenth of the SNR of the \a§b$*
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increased (P§ is reduced), the probability of detection, Pps “&x
1 !
improves. We also notice from Figures 3-3, 3-4 and 3-5 that :g
)
the performance of the conventional cell-averaging CFAR de- ’ .
-
tector is better than the performance of the cell-censored "
CFAR detector for small values of the target SNR. As the SNR
of the interfering target increases, at a certain point the
. . . . ¥4
cell with the interfering target is censored and the perform- ; N
AN
ance of the cell-censored CFAR detector becomes better than iy
that of the CA-CFAR detector. The point at which this cross- E o
over takes place depends upon the value of Pg . It should be !
1 ’ e
noted that if we make P§ smaller, the crossover point would o
1 ALk
ncenr at a smaller value of the SNR of the interfering target. o
i
. ("-',,C." \‘.
3.3, Summary and Conclusions "n'::p&
ey
In this chapter, we have proposed a CFAR detector using ‘*ﬁ“z
e
a cell-censoring scheme for multiple target situations. We j%%fﬁ'
v
analyzed the system for th i - gﬁﬁ‘
y ystem for e case when no more than one inter N
. Kot
fering target may be present. The analysis for situations V'KT‘
when more than one interfering targets are present can be ?L
v,
3 . - 3 - 3 - \
carried out in a similar manner. Numerical results indicate F;
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that the proposed scheme is effective in a multiple target °
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®
K CA-CFAR DETECTION WITH DISTRIBUTED RADARS Ll
I M)
: AND DATA FUSION SR
$ pla)
‘ Wi
: R
4.1. Introduction ‘;‘ew
Fd f
As indicated in Chapter One, a lot of work on distri- %&ﬁif

Rt
buted detection has been reported in the literature [18-30]. b !

o

Also, an extensive amount of research has been performed on Sﬁiy
,\.:_\\-'4 t
cell-averaging CFAR detection using a single sensor [1-17]. s
et
S )
To our knowledge, no work is reported on CFAR detection ?ﬁE:‘
using multiple sensors and data fusion. The goal of this ﬁﬁf.@
o]
chapter is to develop the theory of cell-averaging CFAR &*~ !
‘l
detection using multiple sensors and data fusion. In Sec- & ;h

. . N = i\:i

tion 4.2, we formulate the problem of distributed CFAR :ﬁt
-J‘:' :-Jl,

detection with data fusion. In Section 4.3, we shall assume RO
RS

that the fusion rules at the fusion center are known. Spe- Kﬁﬂ?

cifically, we consider the "AND" and the "OR" fusion rules

at the data fusion center. We obtain the optimum threshold
multipliers of the individual detectors and derive an expres-
sion for the probability of detection at the data fusion
center for the given fusion rules. As an illustration, we
study the performance of a distributed CFAR detection system
with two detectors and data fusion. Numerical results show-

ing the improvement of the performance for the distributed
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multiple sensor system with data fusion over a single sensor
system are also presented. In Section 4.4, we consider the
optimum design of the overall system, i.e., we obtain the
optimum threshold multipliers at the individual detectors as
well as the optimum fusion rule at the data fusion center. An
example is also presented for illustration. In Section 4.5,

we present a summary along with a discussion.

4.2, Distributed CFAR Detection with Data Fusion

We consider n distributed CA-CFAR detectors with a
data fusion center as shown in Figure 4-1. It is assumed that
the number of range cells at the ith detector is Ni’ i=1,2,
.,n. The target to be detected is a slowly fluctuating
target model of Swerling type I. The target is embedded
in a white Gaussian noise of unkpown level. Let the

probability of false-alarm and the probability of detection

at the individual detectors be denoted by Pe and PD ,
i i

i=1,2,...,n, respectively. If the average noise power is 02,
then the conditional probability density function of the test
statistic q; from the test cell of detector i,i=1,2,...,n,

is given by

i 2
1 -q;/ZO (1+Si)
——— ¢
_ 20 (1+Si)
P . (qéIHj) = ¢ , for hypothesis H,
1 —qé/Zo2 , for hypothesis H
\ —7 ¢ °
20
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where Si’ i=1,2,...,n, is the target SNR at each CA-CFAR qu.r%

AR

detector. The hypothesis Ho represents the case of noise :§¥34§
N,
alone, while hypothesis H, represents the noise plus target o

|
b

signal case. To simplify the mathematical derivations, we

o

-
- o "’—’b..
'.ﬂ‘oso‘o
R

»
5
b2

-
el

assume S1 = 52 = ..., = Sn = S, where S is the target SNR.

Results for the case of unequal target SNR's can be obtained R\
in a straightforward manner. The probability of detection, ;gés?
D.? for deteétor i, i=1,2,...,n, is given by Q??ﬁf‘

1 LA ".‘;"":‘ “,

P

N °
Pp = J Pr(Qé > TiquQi, Hy) P .(q") da’ (4-2) N &"
i 0 Q ‘l‘p!t‘

where T.1 is the scaling factor at the CA-CFAR detector N

. i .o QM’.&
i, i=1,2,...,n, and P i(q ) denotes the probability density Sy

-
-
v e
T

function of the adaptive threshold at the ith CA-CFAR de-

2

2
=

tector. Also,

3
ol
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£
&

N
¢
24

. s . . T.qi
Pr(Q, > T;a'IQ", Hy) = J : PQiIH (aglH)) dag = exp [- e
1

5
-

SF Rty
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(4-3)
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Since the noise samples, for each CA-CFAR detector, are
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n: o
-
o

.
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identically distributed, the probability of detection of the

“x
S a

individual detectors can be written as (see Appendix A for

™

=1
25
Z

details)

N, ::T.\-'NJC\.
0 = (+S) o i=1,2,...,n (4-4)

i
(1+S+Ti)
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Each CA-CFAR detector transmits its decision to the data

fusion center.

These local decisions of individual detectors

TRRRAIY
c‘.':':‘:':::‘

Iy ::"c’r
."3',:}3::;

- wi A7)
are denoted by Di’ i=1,2,...,n, where ﬁ&ﬁﬁm‘
]
. . ) AP AR
0, 1if detector i decides H_ :AE#H'
D . = ( 4 - 5 ) w ) :
1 ! ':..'
1, if detector i decides H1
In order to be able to express the overall probability of
detection, PD’ the overall probability of false-alarm, PF’
and the overall probability of a miss, PM, at the data
fusion center, in terms of the probabilities of false-alarm
and miss at the local detectors, i.e., PF 's and PM 's, we
i i
define the following quantities:
D= (D, D D )T (4-6.a)
— 1 ’ 2 L AR n .
MQ = % PM. ﬂ (1 - PMk) = P(QlHl) (4-6.b)
S J's
= - = 4-6.
F_ no (1 - P.) H1 PFk P(D|H) (4-6.c)
S J s
PkQ = Pr(D0 = k|D) , k=0,1 (4-6.d)
D0 = Global decision at the data fusion '.
N N
center (4-6.¢) e
0 :".r:‘;:'::"'
S = Set of all j, (j # 0), such that D, ORI
] IREEN NN
is an element of D and Dj = 0 (4-6.1) BRI
o
1 o Xr
S = Set of all k, (k # 0), such that Dk PN
A
is an element of D and D, =1 (4-6.g) RN,
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Then, we may express PD’ P and PF as follows ﬂ&ga-

M’
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x.

Py = I Pop M (4-7) N
D
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(4-8)
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(4-9)
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where,
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= summation over all possible values of D.
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The transition probabilities Py, and P, are determined by

the given fusion rule. Since D can take 2 possible values,
' n ey e e g
there are 2 possibilities for POQ and PIQ' The goal is to NS
: maximize the overall probability of detection while keeping Woth
: the overall probability of false-alarm constant. To do this, A

we use the calculus of extrema and form the objective function Pt
h.

SR
£
s

S
_}

J(Tl,Tz,...,Tn) = PD(S,Tl,...,Tn) + g[PF(Tl,TZ,...,Tn)-v]

&2
&?}.,

h g
.

(4-10)
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where v is the desired false-alarm probability at the data

,’,
D
e
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o,

fusion center, £ is the Lagrange multiplier, and Ti’ .. -‘_..‘,
i=1,2,...,n, are the threshold multipliers at each detector. Vﬁ};
To maximize P,(S,T;,...,T ), subject to the constraint that T
PF(Tl,TZ,...,Tn) is a constant, we must maximize the objec- -
tive function J(TI’TZ"“’Tn)’ We set the derivative of ilfdh‘

J(T,,T T ith T., i=1,2 1 o
( 12T 0 n) with respect to ;» 1=1,2,...,n equa to 5'*f
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zero and solve the following system of n nonlinear equations

in n unknowns.

3J(Ty,Tyyers»T )
3T
j

=0, j=1,2,...,n (4-11)

Once the threshold multipliers, Ti’ i=1,2,...,n, are obtained,

all the PF 's are fixed and the optimum Py results. Now, we
i

give specific results for the "AND" and the "OR" fusion rules.
We also find the optimum threshold multipliers so as to maxi-
mize P while Pr is maintained at the desired value.

4.2-1 "AND" Fusion Rule

In Table 4-1, we present the "AND" fusion rule. From
this table, we see that the global decision at the data
fusion center is one only if all of the detectors decide a

one. The transition probabilities are

0, if D= [1,1,...,117
Pop = 9 (4-12.a)
- |1, otherwise
and
1, if D= (1,1,...,1]7
Pip = < (4-12.b)

| 0, otherwise

Substituting equations (4-12.a), (4-12.b), and (4-9) into
equations (4-7) and (4-8) and rearranging terms, Ph and PF

can be written as
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by D, Dy ... Dy D | D
. 0 0 0 . . . 0 0 0
0 0 0 . . . 0 1 0
0 0 0 . . . 1 0 0
0 0 0 . . . 1 1 0
1 1 1 ... 0 0 0
! 1 1 1 e . 0 1 0
; 1 1 1 ... 1 0 0
1 1 1 e e 1 1 1

Table 4-1. "AND'" Fusion Rule
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n
P.= N P (4-13)
n
P, = m P (4-14
That 1is,
N.
n i
- 1+S -
P, = T - (4-15)

n
- 1 ]
Pp = 0 — (4-16)
(1+T3) *

Substituting equations (4-15) and (4-16) into equation

(4-10), the objective function is,

N.
_ 0 1+8) ?
J(TI’TZ""’Tn)_ {_I N
(1+8+T.) t
- 1

+ 5[.H1 — N v] (4-17) ﬂ' ‘
1= 1 v \
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Taking the derivative of J(TI’TZ""’Tn) with respect to L’L".'

A
Tj’ j=1,2,...,n, and setting it equal to zero, we get g?;#ﬂ

W

: N.+N. =3
' BJ(TI ,Tz,- .o ,Tn) - (1+S) 1 J . ,¢~,4$
aT. N.+1 N.

J (1+5+T;) Too(1eseT)

i
i

‘ILII.::in':’

1
J

1 s
| ¢ { ]
: . N +i - = 0, j=1,2,...,n  (4-18) AR

i=1 j i 5
§ gy (10T 7 (4T

Ny
) The threshold multipliers, Ti's, can be obtained by ¢Q§ ]
; solving the above set of coupled nonlinear equations ﬁ?f“dq

along with the constraint

o
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(4-19)
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Numerical results will be obtained in Subsection 4.2-3.
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4.2-2 "OR" Fusion Rule iﬂ?u"
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In Table 4-2, we present the "OR" fusion rule. The ?Fq&ﬂ‘

-t

global decision is zero only when all the detectors decide NN
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a zero. The transition probabilities are:
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(4-20.a)

0, otherwise Rt y
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AR
and ’&}ﬁl

Pip =9 (4-20.b)

k1, otherwise I

Substituting equations (4-20.a) and (4-20.b) into equations

L4}
S
A
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P e
XA

(4-7) and (4-8) and rearranging terms, PM and PF can be

Fakon ¢
o'y
Fry
s
LY

":
X
4

~E L
(e Jo)
"

:)

written as

d
.

%
L'y

N

7

[ ’i.

P

(4-21)

and

g
)

69

N O e LA, AL

&‘-ﬁ ~~\ 'u\“‘-"-'.

LS . LSS o f > K

/-. Sopistad ‘M‘-“-,-"f 'z‘a" E N O I oy N . N TN PR " g
PStdeyd q_k A ~ */'\ o Y \ 0 '.. i

o.p -.".' SNl X “- ... x L NN "‘h .i.M Wt :".t LS NS



R AT R R A R A A R A R A A TR R TV OO OO o 0 b et Ul Vol vo o fn Vet Gaa L A TR e W LASTA Al ' St

(R

,.,,-
gL
ot

S o Yo A
Py
s '-’{.
S e % s

s
4

p_ =] F (4-22.a) N
£ :

e}
»
5
it
P

(4-22.Db)

The objective function then becomes

J(T,T F. - v} (4-23)

n
Tp) = 1P D

oo + E{
2 n 1 M E
D

-~ .— d
TN,

)

since we are minimizing the overall probability of a miss,

Note that in this case we have to minimize J(Tl,T

}gégb
- 3
AL,
S

Ay

which is equivalent to maximizing PD at the data fusion

o
f
.
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JELIAST SR
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center as defined by equation (4-9). Taking the deriva-
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tive of the objective function with respect to Tj’

x

5

AL
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j=1,2,...,n, and setting it equal to zero, we obtain

N. N, N
aJ (Tl TZ, LI ,Tn) - g 1 _ (1*5) 1 ] . (1+Sl J ',)'\ T
T It N, N+ 7
123 (1+5+T,) (1+5+T) o
gy M, ——tg—r o 1 =0 (4-24)
D s (1+1;) TSt (qamy K
D#Q j#k kA j k

j=1,2,...,n
Hence, we obtain a system of n coupled nonlinear equations

in (n+1) unknowns. Then, we use the following constraint
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to solve for the (n+1l) unknowns.

In the next subsection, as an illustration, we derive
specific results for a system consisting of two detectors
and a data fusion center as shown in Figure 4-2. The per-

formance of the system is also investigated.

4.2 -3 Example

The system under consideration is shown in Figure 4-2.

For ease of understanding, we will use a more explicit nota-

tion. Let us denote the transition probabilities by

Pyjj = Pr(D = k|D = i, D, = j) (4-26)

for i,j,k=0,1. Then the overall probability of a miss,

PM’ is

P, =P

P, P + P P
M 000 M1 M2

(1-PM ) M
1

001PM1(1"PM2) * Poyg

2

+ P011(1-PM1) (1-pM2) (4-27)

and the overall probability of false-alarm, PF’ is
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From the "AND" fusion rule at the data fusion center,
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the transition probabilities are

T AL
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P011 = P =P (4-29.a)

100 101
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Pooo = Poor = Po1o = F111 ° (4-29.b)
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Thus, the overall probability of detection, Pps and the

2
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overall false-alarm probability, Pr, become
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The objective function is

N.+N

172
= (1+S) 1
J(Ty,To) = N W ¢ Al V N, V)

(1+5+T ) 1(1+S+T2) 2 (1+T,) 1(1+T2) 2

(4-32)

where, N1 and N2 are the number of reference cells for de-

tector one and detector two respectively. We maximize

," «
R, A Ay Ay
Yy

J(Tl,TZ) with respect to T1 and T, by setting the derivatives
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equal to zero, i.e.,

-"P’-' -l-

8J(T,,T.)  3J(T,,T,) 5ayn§;
1 A = 1 2 = 0 (4_33) Pt

E oT, °
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The resulting equations are g
>

N, +N

1 2 It

(1+S) 1 _ piv.2
N+1 N, e N 1 N - 0 (4-34) L
(l+S+T2) (1+Tl) (1+T2)

(1+8+T )
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N, *N,
(1+5) , 1 _
N N+T * 6 N, N,+1 =0 (4-35)
(1+5+T)) L(1+S+T,) (1+1,) 1(1+7,)
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Solving for T1 and T2 subject to the constraint N
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- 1 - } Ry
P, = . N < (4-36) ;r_';:t:;?' y
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<y
N
5

'~{
P
S
]

we obtain,
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=
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T, =Ty =l Y (4-37) [
l‘i'-
The performance of the system in terms of PD versus the 'ﬁ?ﬁ
target SNR for N1 = 4, N2 = 6, and PF = 10_4 is plotted in &;fé;
Figure 4-3. o
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Using the "AND" Fusion Rule

with a Single Sensor System (S8S).

SNR [08]
po= 1074, N = 6 and Ny = 4.

16. CO

“t

Performance Comparison of the Two Sensor

System (DS)

4-3.

Fig.




Po11 = Po1o = P100 = Po11 = © (4-38.a)

Pooo = P110 © Pio1 = P111 T 1 (4-38.b)
Thus, PD and PF become

Py = Pp, * Pp, - PpPp (4-39)

P =P_. +P_. - P_.P (4-40)

The objective function is then

N, N, N N,
J(Ty,Ty) = (25) Nt (128) NT - (1+S%' N
(1+8+T;) 1 (148+T,) 2 (1+8+Ty) & (1+8+T,) 2
1 1 1
+ £ m + N, - N, N, - v} (4-41)
(1+T) 1 (T B (eT) (1eTy)

We maximize J(Tl’TZ) with respect to T1 and T2 by setting
the derivatives equal to zero. After some manipulation, we

obtain the following nonlinear equation.

T AR T W U W WL MU WU W WU R WO Bav Hg® Ug? Sp 0a* $a 02" 0a% $a% ba® §.P dav Nab Bat a¥ Sa¢ gV @)% @2V a0 a0 -gaV G U gat a9 T

R
SR
IRl
Bag¥iao, 00,0
» e

N, N, N, N,
(1+S) “[(1+8) © - (L+S+Ty) 7] (1+S+Ty) = [(1+T,) © - 1](1+T,) =
Ny N N, Ny
(1+8) "« [(148) " - (1+S+T,) “]-[(1+T;) © - 1](1+T;) (1+S+T,)
(4-42)
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PO,
e =

- Using the constraint that sﬁf‘
, 0
: 1 1 1 .
[ = - = - :
;{ Pg Nt N, N, v (4043 N
; (lle) (1+T2) (1+T1) (1+T2) o Yol
we obtain T, in terms of T, as R “
O
N 1 : ¢ Pl
! (1+7,) -1 N, oot
4 T, = -1+ [ ] (4-44) -
! 1 NZ ey
R
Substituting equation (4-44) into equation (4-43) and using - :-%
G et
an iterative procedure, we obtain a value for T, and then Ty lﬁggé:

O

For N, = 4, N, = 6, and P. = 10" %, the values of T, and T _

1 2 F 1 2 '..-':;.:.;.:,
are 11.597 and 4.050, respectively. The numerical results :":::::.:::
.:'."Q‘"Q
showing the performance are plotted in Figure 4-4. 1In the / df“&
e otn
next subsection, we comment on the performance of the "AND" 2

\!\"!
and the "OR" fusion rules. ;“\h X
:* ™ "o'.f
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4.2-4. A Comment on the Performance of the
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"AND and "OR" Fusion Rules
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In Figure 4-5. we plot the system performance for the

N
"AND'" and the "OR" fusion rules. As evident from the figure, ;f?ﬁi\
|~ ‘-“'.".n

AT

when the target SNR exceeds 14.5 dB (approximately), the Qﬁch
RRARGGR

performance of the "OR" fusion rule becomes better than the ““*ak
QA AN

performance of the "AND" fusion rule. This is easily demon- j;ﬁg;:
DSl

v v

strated analytically. Let the overall probabilities of

r g
P

«

oy
gy
[

AN
Ay
\Y
\

detection at the data fusion center for the "AND" and the

"OR" fusion rules be denoted by Pg

]

]

7
40

and Pg, respectively. s
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' Py > Pp (4-45) S
I h
# if and only if, .*5“3
3§ N N N, +N X 3"‘-'
¥ + AN
2 aes) ', _qes) P (1rs) T 2 . P
M RF Ny N -
; (1+8+T;) (1+8+T,) (1+S+T;) *(1+5+T,) .
) sty
8 .
p Ny*N, R
A, 1+S Qe
! ( r)q w (4-46) &h
‘ (1+S+T,) 1(1+5+T.) e
o 1 2 =2
x‘ ﬁ:",."\

Solving this nonlinear equation, we obtain S=14.57 which

=S
P

agrees with the graphical result.

[P
X

X g

K 4.3. Optimization of the Overall System At
; i
¥ In the previous section, we studied the problem of ﬁ?ﬁ%*
i TR
¥, "
' CA-CFAR detection with multiple sensors and data fusion. 2 S?,
®
1) -y
ﬁ Given the fusion rule at the data fusion center, we maximized ‘FTEQ
4 : N
k) C o . . . !
n the overall probability of detection by obtaining the opti- *&.ﬁ%
I { ‘
4 . . . .. ",
» mum threshold multipliers at the individual CA-CFAR detectors, ey
P o
- while the overall probability of false-alarm was maintained o
s, \.u N
[} -J" '}‘: ’
; at the desired value. In this section, we will also consider ;ﬁfﬂ;
b - e
b PG
. the design of the optimum fusion rule. Again, the goal will "B
®
be to maximize the overall probability of detection while the ;5&3,
Cata Ay
b . NN
LD overall probability of false-alarm is kept at -a desired value. H}Q&
i (L Tag S
N . R g . N
While maximizing the overall probability of detection, we SL*-‘
. e
i will derive the optimum fusion rule at the data fusion center Eggkt
' . s e AR
o as well as the optimum threshold multipliers at the indivi- quh
) j , *'- )Cq
'Nf.-f L
dual CA-CFAR detectors. We will use an approach similar to deadt
;. . g Xy
' the one in [35]. NN
:' A
j The decision output, D, at the data fusion center is a “EE“_
"
’ NN
function of the incoming decisions Di’ i=1,2,...,n, 1i.e., "J;r
;.'_,_.,, 4
;:-.:»::
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D, = £(Dy,Dy,...,D ) (4-47.a) e
and

Do e {0, 1} (4-47.Db)
For ease in handling, we use the following notation for

quantities defined in equations (4-6.b), (4-6.c) and

o T

(4-6.4),

MM

; P, =M (4-48.b) pUNA
; D1 D it
1 - vy ]
. _ o
PDO = FD (4-48'C) X :;Q‘:;%

) = = iy
: c.l':::‘:::%
t Then, the overall probability of detection, P, and the V§&§§
. i Wty
4 overall probability of false-alarm, PF, at the output of the i ';
TN

data fusion center can be written as Cﬁ%}f:

L -

j 5%?%;
or, )
, = - RPN
; Pp % P1p Pm1 (4-49) byt
2 - - s °
Do
g

= - >

Pp % P1p Ppo (4-50) x:\ :
—_ ) ‘i‘
‘ iﬁ%@;*
. The optimization process for the overall system will L“."
! be carried out in two steps. First, we optimize the fusion EEE:&,
RuNe:
rule at the data fusion center assuming that the threshold -Sﬁ;::
:'\ .\’r'\ N

multipliers are known. This yields a set of equations. Then, ";f

we obtain the optimum threshold multipliers assuming that ﬁxi
the optimum fusion rule is known, which gives another set of NOWINS

.\';‘.‘:N

equations to be solved. These two sets of nonlinear equa- Y

NN
tions are then solved simultaneously to yield the optimum ;ﬁ{ﬂg

- ax -n L =

threshold multipliers and the optimum fusion rule.
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Again, using the calculus ¢’ extrema, we form the

-

objective function,

-

oy

; J = PD + g (PF - v) (4-51)
B}
. where, £ is the Lagrange multiplier and v is the desired
)
2 probability of false-alarm at the data fusion center. Sub-
t
" stituting equations (4-49) and (4-50) into equation (4-51),
; we obtain
)
)
;: J =) PipPpy * € 9) PIDPDO - v} (4-52)
. D == b ==
‘ The vector D whose elements are the decisions Di’
) . s
’ i=1,2,...,n, can take 2" values. For a specific value
b
; of D given by
K oA
¢ * * * %* T
: D = (D, D2""’ Dn) s (4-53)
')l
equation (4-52) can be rewritten as
0
= - * "
B J',‘.v" "
0 aﬂf‘%
: ]
+ K(D*) (4-54) N rr
- Loy
r where,
»
3 * =
) vk o=y - |3 p
: g;g* 10 DO
§
~ K(D*) = ; P P
; pfpx ‘2 D
W and
)
)
; = Summation over all possible
*
! D7D values of D except D*
‘I
k)
'
s 82
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Our goal is to maximize J. This maximization is equivalent s
to maximizing P,p, Pp.; subject to the constraint plD*PD*O=v* iy

Dividing equation (4-54) by Pp,; we obtain TRAL AL

J* = p + £* {P. . - V¥ + KK(D*) (4-55) oAy
1D - i)

= we ML
sl

«
Fm

1D*

where h
J

i Svey TR

EY = € 5

oot = V2 'c':\':‘:':ﬁ‘:

P, X0

D 0 L ...

B LS

and A VYN
[ ]

K(D*)

* = ¥
e e SR

Since KK(D*) does not depend on P, ,, equation (4-55) repre- iy
= 1D

sents the equation of a straight line in terms of P

. Thus s
* H

1D ¥ 3

as in [35], we obtain the conditions which the transition P

probabilities must satisfy to yield the optimum fusion rule. f

Pyp« = min {w*, 1} O

e > 1 (4-56) 3‘?\2\
<::::: “bﬁ:.\

Pip* = 0

The next step is to find the optimum threshold multi-
pliers, Ti’ i=1,2,...,n. The probabilities of detection,
PD.’ and the probabilities of false-alarm, PF-’ i=1,2,...,n,

i i
at each CA-CFAR detector are functions of the threshold

e Al S T e T A S I R N N A e A RN
AR L RO, o, GO N ":\-‘)\‘-: N S e T A AT

' SQ-." :":"'.: v "--‘:, AL ™ _{.'S-?'v- S ~ :u R ".a".-:.- NN }‘.-::.' ,
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multipliers, Ti’ i=1,2,...,n. Therefore, maximizing PD’ bt YRt

. . . : L

while P, is fixed at the desired value v, is equivalent DAYy

F PRy

to maximizing J with respect to the threshold multipliers W'j
P

o '

T;'s. We take the derivative of J with respect to T, o *z&

.

i=1,2,...,n, and set them equal to zero to yield the follow-

ing set of equations which the optimum Ti's must satisfy.

g%; =0, i=1,2,...,n (4-57)
1

It should be emphasized that the set of equations (4-56)
and 74-57) are to be solved simultaneously in order to ob-
tain the optimum threshold multipliers as well as the best
fusion rule. The computations involved are overwhelming and
it will require an extensive computer iterative procedure.
This point will become evident in the simple example we
consider next.
Example

We consider the system of two CA-CFAR detectors with

data fusion. For the sake of simplicity, let the transition

probabilities of equation (4-26) be denoted by s i=1,2,3,4.

i.e.,
%1 = P1g0 (4-58.a)
= - °
0.2 P].Ol (4 58 .b) ;‘.-_‘._-.:,-_‘
N
0L3 = PllO (4-58.C) '_-:_‘::_::\
AN
= - RESCRCRN
g = P (4-58.d)

Using the same notation as in the example presented in

Section 4.2, we can write the overall probability of detec-
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' tion, PD, and the overall probability of false-alarm, PF’ S
] TR
T as A Ls,
N Sy
b § ...~.,. l‘
K P = o,(1-P, )(1-P, ) + a,(1-P, )P + o0,Pn (1-P,. )+ o,P P RN
:: D 1 D1 D2 2 D1 D2 3 D1 D2 4 DlDZ TN
: °
4-59 “r
. ( ) :::{'_1‘.,?
K) ‘-J'\v-."x
‘e Q"\-“-" g
N = - - - - )
: Pp = o;(1 PFl)(l PFZ) + a,(1 pFl)PFZ + aSPFl(l PF.2)+ o,Pp PF R
1. M“N
LE - -
" (4-6,0) TN
. Assuming that the target SNR is the same at each CA-CFAR ":ir,-
‘,‘”* j
o detector, denoted by S, the probabilities of detection and :ﬁ! 4
" the probabilities of false-alarm at each CA-CFAR detector . ,“,
. are (see Appendix A), .,\‘f
' Y
. N N
\ 1+ 8 1 e
B Py . I eo7t] ) i
4 Dl— I'+S5+T, (4-61) °
s :_.:k'
s N SEO N
N - 1l +S 2 ) AR
2 o, T T en o
2 '::CE::_ ‘
. _ 1
. PF1 - ——— '_Nl (4 63) .:: ,::w
9 (1 +Tp) RO
k) S NQC.
) :-..:::::F
j 1 aindag
p = — 4-64 ®
' "2 ?— e o
"5 (1 + Tz) \.':\‘:'s""
J NN
' Ay
3 As discussed earlier, to optimize the entire system we need O
‘ WA
2 to maximize the objective function defined in equation (4-51). 0 @
: g AR
4 Substituting equations (4-59) and (4-60) into equation (4-52), ;":;
] '-.'N ‘-':‘
we obtain ‘_::::":{:»
-~ l."!:.".(
K (1-Pp -Pp +Py Py ) + o (1-Pp )P+ a Py (1-Py )+a,Pp P
: “1'*""p, "D, "Dy Dy %" ""p;" ", D" "Dy *4'D; D,
N
P + £{a,(1-P_ -P_ +P_ P_ )+ o, (1-P. )P. +a,P_ (1-P. )+a,P. P_ -v}
3 TSRS TR P 50 T ALl RS PRl b MRS P S I Y
(4-65)
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Dividing equation (4-65) by (1-PD -PD +PD PD ), we get a new
1 2 1 72

objective function Jl’ i.e.,

J = Qo + £ {a .,‘n
1% 1 %1 #@k

)}+ o) P P
4 1 2

p.) * %4Pp Pp

1 72

Notice that equation (4-66) is the equation of a straight

-bcﬁés

2

line in ay - In this case, the extrema are at the end points

LA

depending on whether the slope is positive or negative. Thus,

I

at the data fusion center, the value of oy is given by

A

k po 4

a; = min {vl,l}
a; = 0

In an analogous manner, we obtain

SNt NN ‘"&:"w‘*-"‘*‘:ﬁ Ty
N A A AR
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a, = min {vz.l}

€, Z 1 (4-68)

£+ ;;E%f? 1 (4-69)

Q
=S
[l
=]
=
o]
—_~
<
+»
[N
gt

£ % 1 (4-70)

where, vz, v3 and 'ﬁ have a definition similar to vy
The next step is to find the optimum threshold multi-

pliers. The optimum threshold multipliers are related to

the transition probabilities through the objective func-

tion J. This relation is easily seen by rewriting the ob-

jective function as
J = Ppplag-a; + Ppylag-ay-ag + oy)]
* € {Pplagmag + Ppylag-ay-ag+ay)]+ar-v + Pp,(ay-ay)}

+

a; + PDZ(aZ-al)} =0 (4-71)

Dividing equation (4-71) by [as-a1 + PDz(al-aZ-aS-ﬁa4)] and

rearranging terms, we obtain the objective function J11 to
be
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Jip = Py * Eyp (Pp 11} + Ky (4-72) 1D
i 1 1 e 'I
¢ Al
! where, ;S-?_ "{ ﬁ
sty
0.3-0.1 + PFZ(GI‘GZ'GS + 0.4) ?"h"
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: In a similar manner, we can define JZZ’ €22, Vos and I(22 for .‘;:::;.::;:’
: ERLNSRE
p the second threshold multiplier. Taking the derivatives of i;i::;::;»!‘
' ‘v‘. falytity
J11 and JZZ with respect to T1 and TZ’ respectively, and 'E'::E:?,e:
3 rearranging terms, we obtain oo .‘
‘*l..
°Pp, "%‘
— = - - “n \)
: ) 11 (4-73) AT,
. 3P 1 o
‘ Dy R
! T a2 (4-74) S
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Substituting equations (4-61) to (4-64) into equations AN
] (4-73) and (4-74), we get .L‘,i§
¢ N, Ny +1 ; ,."".:'-:'.g
A (1+3) (1+T4) st
: .. = 1 4-75 e
11 ° Nl ( ) Iy, W
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(1+8) 2 (1+1,) * e
22 = - N (4-76) R
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Solving equations (4-59) to (4-64), (4-67) to (4-70), .f_'i\, %ﬁ
' Nt .»'..
.\:ﬂ:‘*.(‘: ]
@
. o
: 88 ,d :.':
h‘q“: »:’.::f
gt
'!\.. "s':‘:
v
o ¥ B N N M N 'y PN N et ap M, AL N m, n m, L eL e Al el L s ‘.\ :‘-‘.\"
'3:; ""'“-"“ NN 55‘{-‘.4‘& T R R AR A e
) \"' N Y S g N N R N S N S
o."oo LTATY, '-'J:‘"a""'a"% 'f.' .’l.c e ,u&f\.oﬁ.:!‘.ﬁ'.‘.o% ?"f‘.&b e F T N T N YT R e A TN AN



L e

O R R

X

c,l\' 5

Vit

:..-. W \"A“" ‘:‘

DAY x l'. a

proposed.
89
:' \}‘ ‘\} 1% l." "y E\\‘%\_ :J;‘E‘-;& \\.x ‘-‘:ﬁg . % | "r.’. -*, \Q&'\.\‘\\"“V‘h\ ‘\fi \;N‘.:; ~% .‘
.‘- .’ 'ﬂ:‘:’.. Yot "‘.‘:ﬁt 'c.l’ T J.l'..."&'ﬁ,» hl':‘.-‘-. % '3'\. hoo! !..0?'.. O Pt S

e -otemad a% At st et a0 0% a0 a0 2 " s Y a0 O O IS P 0av Gat Bt .8 Gt $at 0.0 §a0 Lo ‘¢ Ju

(4-73) and (4-74) by an extensive iterative procedure, for

N, = 6, N2 = 4, we obtain the optimum PD versus PF curves

1
shown in Figures 4-6 and 4-7, for S = 5 dB and S = 10 dB,
respectively. To obtain the overall probability of detec-
tion, PD’ for a specific probability of false-alarm at the
data fusion center, we read it directly from the graphs.

-4 .
F = 10 7, 