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PREFACE

The provision of adequate fatigue strength is generally recognized today as a major
design requirement for aircraft structures.

Usually, new aircraft designs are subjected to full-scale fatigue testing in order to
substantiate a sufficient life under the spectrum of loads expected in service.

However, the loads experienced in actual service may deviate considerably from the
original design assumptions. Moreover, modifications of the aircraft may lead to local
structural changes. In order to allow an extrapolation of fatigue test results towards actual
service conditions a careful interpretative analysis of damage observed in the test will be
necessary.

In the present report, Mr. Barrois gives a comprehensive survey of means and methods
that are available and factors that must be considered in the interpretation of full-scale
fatigue test results.

Mr. Barrois is one of the gifted engineers who combine a scientific mind with a large
practical design experience in the field of structural fatigue.

Sincere gratitude is expressed to him for preparing this work, which will be of great
value to all those concerned with providing and maintaining structura l integrity of aircraf t.

J.B. DE JONGE
Chairman,
Working Group on Fatigue Life Prediction
of Tactical Aircraft
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SUMMARY

The fatigue behaviour of notched specimens depends on two elasti city parameter s .
namely, the stress concentration factor, K1 , and the relative stress gradient or the radius of
curvature at the notch root, r.  laboratory fatigue test results are not always represcntat ive
of the environmental conditions within aircraft structural assemblies, particularly because o
water vapour condensation in gaps and recesses resulting from temperature variations. The
frequency effect is mainly ascribable to humidity, and therefore to corrosion, owing to
hydrogen penetration.

In structural assemblies, stress concentrations due to load transfe r through fasteners are
investigated for the case of asymmetric single shear of the fasteners — a case often critical in
fatigue.

The breakdown of the applied loadings must include the peak-to-peak , ground-air-ground
variation. In load transfer by fastener bearing stresses, the low compressive loads may be
neglected, the local highest stresses varying from zero to the maximum. Interpretation of
full-scale fatigue results, either for a different loading or for a slightly modified local design of
the structure, is essentially comparative. In order to locate the computation points within a
suitable region of the (KT Sn N ) K TSm —r curves, the stress concentration factor K1 is
multiplied by a damage adjustment factor, kDA, such that the Miner damage is I for the
local failure of the structure considered. A structure may provide as many kDA-values as the
various damage failures observed during the full-scale fatigue test. A number of further
investigations would enable the variation of kDA with structural assembly parameters to be
investigated.
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USE OF GENERAL FATIGUE DATA IN IHE INTERPRI~rATION
OF FULL-SCALE FATIGUE TESTS

W . Harro is

I. INTRODUCTION

Previously, in most cases, the interpretation of fatigue tests ot lull-scale structures . sub-structures or small assemblies .
have been limited to initial test aims , such as t he confirmation of a sufficient lik under the spectrum ot lu~ds expe~ted
in service , or a comparative investigation of ,ese ral detail designs in order to obtain t he best solution.

A more advanced interpretation becomes necessary when complementary information modities the assumed load
spectrum, or it a development of the aircraft t~ pe implies a change in the expected loading and in the local dim ensions
of structural elements. Every instance of damage should be subjected to interpretative calculations , t he results ot which
could be entered in a data bank. Thus . one Játigue test could supply as ma~:i pieces of informa tion on luwl faugue
be/m a viour as there are points where Jàtigue damage has been detected and pussibi; the pro,aaga ruin recorded

Although this type of interpretation may take place at any time after the fatigue test has ended, it would be useful
to begin it as soon as the damage appears, so as to obtain easily complementary int ’ormation which may be needed, such
as stress measurements around the damage areas under fatigue loading.

In general, the forecasted , computed fatigue life of a structure under a given loading may be considered as being
reliable only to the same extent as forecast weather conditions , althoug h generally good, these can occasionally be
wildly erratic. This state of affairs is considerably improved if one or several test results allow adjustment of the
computation to take into account the actual properties of the structure in the area considered. Thus, computation
will permit:

evaluation of the life of the structure tested for a different fatigue loading;
- appraisal of the improvements a fforded by local changes in shape or size;
- forecasting of the fatigue behaviour of other structures made from the same material by using similar technology .

The two components of calculation are :

(i) The set of (Sa N) Sm curves characterizing the fatigue life, expressed as the number . N . of c~cles . under
constant amplitude stress , S = Sm ± Sa .  of notched specimens having a notch radius r , the fatigue behaviour
of which is assumed similar to that of t he area of structure considered.

(ii) The programme of variation of the stress S during tes t loading cycles and the expected stress development in
service. Knowledge of these implies that the states of stresses are well defined for test and in-service loadings .

These two components are used in evaluating the theoretica l Miner-Palmgren damage

~ N1(S 1) ’

where n1 is the number of applications of the stress S~ during the loading cycle representing, for example , one average
flight , while N1 is the number of applications of this stress level which, applied alone , would cause fatigue failure.

The stress development during the fatigue test is defined by the load development from the knowledge of local
,t resses that correspond to unit loads. Local stresses may be deduced from a combination of calculation and strain
measurements carried out on the particular structure during fatigue tests or static tests. From the local geometry it is
possible to compute the state of stress in small areas where measurement is not possible, such as in notch roots , which
are defined by a stress concentration factor and a notch radius.

ii.. - — -  — —
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2. REPRESENTATION OF S--N CURVES FOR THE INTERPRETATION OF
STRUCTURAL FATIGUE TESTS

The large number of materia l conditions, sueh as sheet , plate . extrusions and loigang, 0! specimen shape s , as well
as of surface conditions resulting from machinismg or front corroslon-protccttvc coalmgs, gives rise to wide satiat ion an
the (Sa N) S1,1 curves that represent fatigue test results.

In specimens and structur al elements , stre ss concentrations are ot te l l  defined with p xrr J~~uracy by the stres s

concentration factor, the reference s t re ss  ol’ which is not always known Moreoser , this lactur does not defi ne th e
extent ot the material subjected to high stresses and therefore gives no information on the plastic accommodation that
modifies the stress distribution during success ive fatigue cycles and which is the main ~jusc of t he scale effect.

The scatter of fatigue test results iiicludes all  intrinsic scattel , resulting Ironi the variation ot fatigue po’perties for
neighbouring points ot ’ the material in the damaged area , and another kind of scatter retatcd to the aver age tensile
properties. As shown by Gassmaiin’ , the cause of t his latter lies in the variation ot the strength properties front one
end of a bar to the other, or among the various areas of a forging, and additionally in the variation from one batch of
the material to anot her.

As illustrated in Figure I for a steel alloy, when t he tensile strength of each fatigue specimen Is measured h) testing
small tensile specimens machined from every fatigue-failed large specimen, a stress correction

S~ = SN 
(S~ t )averagc

(5utt )speclmcn

based on the assumption that the fatigue strength is proportional to the ultimate i~ usik strength. S,~ . g iv es a greally
reduced scatter.

When fatigue test specimens, taken from one element of material , and in close prox imit~ to one another , are
subjected to one load level, the average fatigue life will be well defined for the area of the clement considered and for
the particular load level. Nevertheless , with several load levels, as are needed in the determination of a S N curv e, the
curve variations may well be due to the variation of strength properties among the various areas of one element or among
several elements of the material batch. On the contrary , a random selection of specimens assigned to each load level may
increase the scatter , thus necessitating a larger number of specimens for each load level.

The curves plotted in Figure 2 represent fatigue test results published by Crichlo w ci a). 2 . The plane specimens.
containing a central, quasi-elliptical notch obtained by the intersection of circular holes, were ta ken from bare 7075-16 .
thin aluminium alloy sheets. Each point corresponds to the median life of five specimens subjected to the same fatigue
load level. Considering the four parameters: alternating stress Sa ,  mean stress Sm , the life N expressed in number
of cycles, and the stress concentration factor K1 , the lack of uniformity in the S N curves may possibly be attributed
to the scatter of the strength properties of the material from one point of the surface of one sheet to another , and to
scatter among the various sheets. In order to regularize the results. Crichlow et al. first plotted S N curv es of regular
curvatures that passed, sometimes , outside the experimental median points. Theit, remarking that , even for the 7075-T6
aluminium alloy sheets, results published by other authors showed variations of the same order of magnitude as thos e
related to various aluminium alloys. Crichiow et al. used a standard set of S N curves for several K1 values , assumed
to be valid for any aluminium material, in the determination of the so-called “Fatigue Quality index K”. i.e.. the
“equivalent” stress concentration factor KT interpolated from the standard S N data and corresponding. for each
region of a structure or an assembly damaged in fatigue, to the same fatigue life under the same fatigue stress. Uowcver.
fatigue tests of notched specimens subjected to fatigue load spectra show that the fatigue quality index K depends on
the shape of the fatigue load spectrum (rare or numerous higher loads). We think thit this is due to the stress gradient
effect and to residual stresses created by high loads and causing a change in the mean stress of the c~ des arid a decrease
of alternating stress amplitudes.

Our opinion is that a better representation of the state of stresses at a notch root may be obtained from a knowledge
of the surface stress S, = KT S at the point of maximum stress and of the relative stress gradient along the direction
perpendicular to the surface . (I /S,) (asian),. These two quantities govern the elastic behaviour when (he fatigue test
begins and, furthermore , the plastic accommodation of successive fatigue cycles.

As the relative stress gradient g is related to the notch radius r and, in the bending case , to the specimen thickness
h by the relation

g = ( l/ S,)(aS/8n)~ =

the relative stress gradient may be replaced by the quantity I / r in the tensile case.

—- ~~~~~~~~~~~~~~~~~~~~~~~~~~~ -— .~~~~~~~~ — - ——-..—-.- ——..--. -—~.-.~- . — ~—--- — .—--=——- ~~~~~~~~~ ~~~~~~~~~~
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3. S— N CURVES FOR PLAIN OR NOTCHED SPECIMENS OF ALUMINIUM ALLOY

3.1 Thin Sheets of 7075-16 Aluminium Alloy
(.‘onsidering again the fatigu e resLil t s of (‘richlo w ci al. ’ from t he regufj rued S N ~urses . presented as IogtK 5,,

versus log N , the ref .‘ ICI iLC ur~ es plotted in Figure 3 are obtained. 1 he K-1 v at t ics ~~ h~ (‘ric hlow are related to il~
nominal stress in the absence of the notch , but their method of csaluatioii ~~as not rep o rt ed . Here. t h e  isokh root suilace
stresses , S~ , are eva lu ate d by using the expression

S5 = k = S,10111 I 4 2 t i i i  i I — i

where Snom is the stress fa r away from the notch.
2a the width of the ~ ‘,itre notc h,

t he notch end radius and
w the specimen width.

(I + .\/f a r) )  is the stress cuniLelI t iat io li tac to r for an elliptical hole at the centre of an iiilimte shect, arid

‘.,ii I — 4  2a/ w 1 2 ) is the finite—width cu rrect io ll of Dixon’. I-or th e various specimens used, ~ 6 2 mm and

r = I 7 b 2  J 2 S4 0.665 j  0.335 mm
a = I 7,(s ~ 7 .62 8 9.67 mm
K1 nominal , ESDU Data Sh eeN 1 ”02(j 3.1 5
K1~~1, ESDU Data Sheet s 69020 3 $ bEt 1) 2

KTnOJ,.,~nil. expression 24 3.1 4 8.1 1 2 1
Klnet . expression ( 2) 2 4~ 3.h4 r 4 ‘I

Kinorunat . Cnchlow et al. - ~ 
7 10

The K1-values of the expression have been used to compute values of K 1 S~ = S~ in Figure 3

The perspective diagram in Figure 4 shows well the lack of regularity in the S N curses plotted fur san ious mean
stress levels, Sm , and relative stress gradients. g . The more regular tinic s of Figure 5 mas be obtained h~ .lhtctini 1! the
initial data. The reference set thus obtained for the (553 

N) Sm r curves is peculiar to hare 7075-Tb aluminium
alloy sheets and differs from the standard (S 3 N Sm - K 1 i r s  es proposed by (‘rich low Ct al 2 t ” n all aluminium
alloys.

Peculiarities of certain fatigue test results have not been emphasised or espla ined . For example. l-igurc 6. S,,
versus 5m represents NACA t.~tigue test results , with ~o n n s t a n i t  vj h i ies oh K = Smin /Smax of plain spt’sirnt’ns t.i l1enn

from bare, 2.3 mm-thick , 7075-T6 aluminium alloy sheets4 . Within the Sm-range from 20 to 30 ksi . the cur ves sho w
abrupt changes corresponding to the test at R = 0.02 . w hich are not attributable to an Ri~f Iect . It may be assumed
that t he anti-buckling guides used in compression.tension tests are related to this phenomenon. In this case, plain
curves could be replaced by the dotted ones, which res t n , rcs the regularity.

Using the same batch of bare T075-Tb shccts . NA( A 5 6 , ’ has carried out fatigue tCs t s  of notched specimens , the
notch surface being finished by electrolytic polishing. Values of Smas have been ta ken from published ~ur’ .s and
values of KT Sa have been computed with K1-values corresponding to notch su es and to data from the I Sl)t Data
Sheets 69020. Figure 7 shows these results graphically, with logarithmic scales of surface alternating st resse s at the
notc h root , KT Sa , arid of relat ive stress gradients . i l/S naS an) = — 2/ r  . perpendicular t o  the notch root s urta~. e
Probably owing to differences in hole machining for the 38 mm-diameter hole, and differences in str e ss distributions
for the shoulder specimens , the corresponding points are not likely to belong to t he same family as the results of
edge-notched specimens.

~~ut h r = 2 .54 mm , corresponding to g = ~~~ mm . Figure 8 shows (K 1S3 Ni Sm curves interpo lated
from the curves in Figure 7 . With the same scales . Figure 9 shows the (K1S2 N) Sm curves drawn from ( rucl~hr~ ‘s
resu lts modified in order to transfer from the CuISC s of Figure 2 to those of Figure 5. (‘omparlson for S~, = 0 and
Sm = 10 daN/mm 2 is legitimate owing to this small smoothing modification to the experimental results. It is

~~~~~~~~~~ ~_A_ . __ - -~~~
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I NA( ’A ’a results 11 (‘rwhlo w ’s reaults

N = 10’ IO’ I0~ 10’ IO’ 10’ I0~ 10’

Sm = 0 66 43.5 29 2 1 68 43 26.5 17 1KT Sa 1 Sm = 10 daN/mm 2 58 34.5 19 13 59 27 14.6 7 ç
daN/mm

The ratios (KT Sa )t/ (K T Sa )lI are { 
Sm = 10 daN/mm’ I j I . 3  ~~ 1.9

Since for practical cases in evaluating the life of aircraft wings, 5m ranges from 0 to 10 daN/mm2 , and the life ranges
from 10’ to I 0~ flight cycles, the average values of the fatigue ratio would be 1.2 for fatigue strength and 2.5 for life .

It may be assumed that the higher fatigue strength of NACA tests was due to the electrolytic polishing. The longer
the corrosion time the more important this effect may be. This would explain a shift of the fatigue limit towards the
small numbers of cycles for the polished sheets and, from a practical point of view, the disappearance of the fatigue
limit for service use in a humid environment. With high values of the mean stress , 5m the absence of any corrosion
damage on the polished surfaces permits the accommodation of fatigue cycles to be realized before any fatigue crack
initiation; the mean stresses of accommodated cycles tend toward Sm = 0 and the effect of the nominally applied
mean stress remains moderate as long as the test durat ion is small enough for corrosion not to have damaged the bare
surface of the material. It is worth noting the benefit of preventing the corrosion of internal surfaces of fastener holes.
and the difficulty of representing the corrosion effect during fatigue tests in a laboratory environment , which does not
include the periodic condensation of water vapour onto the masked cold surfaces, gaps or recesses.

The influence of the surface condition may be better shown by comparing fatigue test results on clad and bare
aluminium alloy sheets. The ‘Etablissement Aéronautique de Toulouse” (EAT, now CEAT)8 has carried out fatigue
tests on notched and unnotched specimens taken from clad or bare, 4 mm-thick , A-Z5GU-T6 (similar to 7075-T6) or
A-U4GI-T3 (similar to 2024-T3) aluminium alloy sheets. For each alloy, bare or clad sheets came from the same
casting, and they had undergone the same processing, rolling and treatment processes. Figures 10 and 11 show that:

(i) conventional fatigue limits at l0~ cycles of bare sheets are 1.5 to 3 times higher than those of clad sheets;

(ii) the tenàency of S— N curves to show a true fatigue limit (stress level asymptote) appears at a smaller number
of cycles for clad sheets;

(iii) the differences in fatigue strength for the various materials with similar surface conditions are considerably
smaller than those between bare or clad sheets of the same material.

This last conclusion is still supported by CEAT’s fatigue test results, plotted in Figure 12 and relating to flat , plain
or notched specimens made from AZ! (1% Zn, remainder Al) clad A-Z5GU-T6 (7075-16) or A-U2GN-T6 aluminium
alloys9.

Although a more rigorous service environment could modify the results, owing to the susceptibility of the
A-ZSGU (7075) alloy to intergranular corrosion, the foregoing conclusions draw attention to the fact that the
classification of materials by their chemical content and tensile properties is of less value in predicting their fatigue
strength than a knowledge of their production processes and surface conditions.

3.2 Thin Sheets of 2024-T3 Aluminium Mloy

The master K1S— -N curves plotted in Figure 13 represent the results of fatigue tests performed by the NACA
fatigue laboratory with the same set of notched specimens as for the 707 S-T6 aluminium alloy, the fatigue strength of
which was given in Figure 7. As with 7075-T6 , the 2024-T3 aluminium alloy shows a significant beneficial effect of
the stress gradient for notch radii smaller than 2 mm and pure alternating stress. This effect becomes detrimental for
high mean stresses and large numbers of cycles. Also, the early tendency of S—N curves toward asymptotes for the
larger numbers of cycles may well be attributed to the electrolytic polishing of the notch surfaces.

For KT = 2.55 and r = 1.6 mm , corresponding to a 3.2 mm-diameter hole in flat strip specimens made from
AlcIad 2024-13 aluminium alloy sheets of several thicknesses , Figure 14 shows (Ki.~N)—S m curves plotted from
fatigue test results collated by Beckett and Vann t0 . These test results may be considered as typical for Aiclad 2024-T3
thin sheets tested in a laboratory environment. It may be seen that the asymptotic trend of 5- N curves towards
fatigue limits is slight for N < I0’ . Within the N-range from 10’ to 106 cycles , these curves are well approximated by
straight lines which may be used as K1 S--N reference curves corresponding to the notch radius r = 1.6 mm . For
N-values from IO’ to 106 , these reference curves agree well wit h the results of the NACA tests shown in Figure 13.
However , for larger N-values, tendencies toward fatigue limits do not exist in aircraft service , owing to environmental
conditions. Therefore straight reference lines are quite suitable for representing fatigue in service. 
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Figure 15 shows German fatigue test results from the Laboratorium für Bedienstfestigkeit (LBF)’ The centre
notched (K1 = 3.!, r = 2 mm) specimens were made from bare, 5 mm-thick German 3.1354.5 (similar to 2024-T3)
aluminium alloy sheet. The straight reference lines K1S— N from Figure 14 are shown in Figure 15 . The comparison
shows discrepancies which are at most — 20% in stress for Sm = 15 daN/mm’ , and —10% in stress for Sm 0.
Other results from the same source are reported in Figure 16. Again , ref erence straig ht lines that corresponded to
KT = 2.55 and r = 1.6 mm agree well with results for K1-values of 1.5 and 2.1. Results for K1 = 4.5 and r = 1 mm
show the usual improvement due to the gradient effect, as previously illustrated in Figures 7 and 13.

The same gradient effect exp lains the discrepancy between the reference lines (KT = 2.55 , r = 1.6 mm) and the
K1S—N curves of the Figure 17, which represent fatigue test data collated by Beckett and Vann’° for plain specimens
(K1 = I) made from 0.8 to 1.2 mm-thick Aiclad 2024-T3 sheet.

3.3 Thin Sheets of A-U4SG-T6 (similar to 201 4-T6) Aluminium Alloy.
Effect of Surface Conditions

There is a scarcity of fatigue test results on notched specimens made from 2014 aluminium alloy sheet. However,
because A-U4SG-T6 sheets were used in French military aircraft , the CEAT fatigue laboratory undertook some fatigue
tests intended to clarify the effect of surface conditions on fatigue strength. For unnotched specimens ’2 , Figure 18
shows a significant improvement when initially sharp-edged specimens have been vapour-blasted. For comparison, the
S—N line evaluated for R = 0 from the S- - N curves of Figure 17 is shown on Figure 18.

With respect to the strengths of plane specimens of rectangular cross section (curve I), Figure 19 shows lower
fatigue strengths for edge-grooved specimens ’3 . The reason for this is probably that the specimen ends are not grooved
and that the stress distributions at groove ends correspond to actual stress concentration factors higher than the value
assumed, which is close to I. No significant difference was observed in fatigue strength, either for different suppliers
or for chemically milled or machined edge grooves, with or without vapour-blasting. The only case of poor , low strength
is shown by the curve 4, which relates to loading in the transverse grain direction for chemically milled edge grooves and
material from supplier A, which has a higher ultimate tensile strength. This pa r ti ci n Jar behaviour was not explained. By
comparison with curves 6 and 7 it can only be ascribed to the combination of chemical milling of edge grooves, transverse
direction of loading and ageing treatment giving a higher ultimate strength. Each S— N curve being plotted from about
20 test results, it is impossible for scatter to explain this behaviour, particularly in the region of 10’ cycles.

An investigation of other surface conditions” has been carried out by the CEAT fatigue laboratory using the same
batch of bare 1.8 mm-thick A-U4SG-T6 aluminium alloy sheets. Figures 20(a) and 20(b) show 5- N curves for materials
from two different suppliers, A and B. Comparison of curves 1, 2 and 3 shows that chemical milling is detrimental in
fatigue, even when a new solution- and ageing-treatment is carried out. Vapour-blast surface treatment on both sides
of the sheet produces some fatigue improvement in the A-material , which has the highest ultimate tensile strength, but 
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no sign,tic~nt el t ect  was observed in the B-nwte rial i~.unipare curves 3 and 4 1  ( hromic atiudizing lesselis the laligue
strengt h ~)l both m ater ia ls but more so in the Buiiaterial Icuilipare cu rses 3 and 5 i Alter a vapo um -blast operation .
chromic anoduing slightly IIIIIIu . the t~ tigue strengt h ol the A and B m ate rials (LIlutipaic ~~t t  ~

- s 4 and 6)- This
m ight imply the existence uI opposing ~llect ’. ut eL hiiig during jnoduI’iI and ol t h e  lurther prote~ t u I l l  .igallist
corrosion provided h) .*tmodi iiiig. In tIlls cont ext . vapour-blasting be fore anodu,ing c:e. i les residual cni itpress ise stresses
user a small depth below the sheet su rta~~s. Ihese residual compressise stresses .1ic not suI!iv ieui tI~ stj ble to cau~~ j

strong improvement in i~tigue (compare curs es 3 and 4) , but their eIIe~. iii cousmfrrading the possibk- detrinienial
elTect of etching corros ion during anodiziiig might be litu portatit .  This led us to assume the ptissihilit) oh iiiitial
corros ion damage during anodizing in the case of the A-U4SG-T6 aluniiiiium JIb ) ~ hich is ki wn to be sus~-eptibk to
intergranular stress corrosion. lhe protection afforded b) s.ontpress ist’ residual stresses ~ould he lower I I I  the 8-utta terial
which Is less susceptible to str ess corrosion. 1 he sulphuric anudiiiuig ol the sheet surla~Cs belore i t Is~~I lung a 4 mni-diameter
rivet lessens the fatigue strength slightl) - The sulphuric anodized film is tl iivk and brittle, and ma~ be cracked during
riveting. Comparison with the A-U4GI S ~ rele ren~e line ~sa lujt~d front I o~Lre 17 for K -‘ li.l sh~~ improved
behaviour ut the .-~ -tu. i ter I .iI in the N-range from l0~ t IO~. and ut the B’uiI.Iterlal Iroun 106 to 10’.

3.4 Specimens Machined from Thick Aluminium Alloy Plaws

S)stematic fatigue tests ol axially loaded, r u I d - i i u f t hed speciniens tt ij~hined from 35 turn-thick A L  1(.Ys I ~
aluminium alto) plates l1 . t s e  been undertaken by the ( I -A l  fatigue t e st  Ij l’ !.IIII\ ‘‘ I I~iI IL’ 21 shows experimenta l
points cor responding to 1.7 K notched specinietis machin ed trorn pLies . in either the longitudinal or trai isser se
direction , and axially loaded. Unfortunatcis - no tes t result is .isailahle hr  the fa t igue strength in the short transverse
direction, ow ing to the difficulty III machitt ing specimens capable of being stressed in the dure~tioui ol t he plate thickness.
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For the case KT = 1.7 (see Figure 2 1 )  and for K1-values equal to 1 .03S . 1.3 . 2.3 and 3.3. fat igue t e s t  results in
both the longitudinal and transverse directions may be combined and . h~ interpolating between Sm-values.
(K iSa N) - K T Sm curves were obtained, as illustrated in Figures 22 and 23 for K.1. equal to 1.3 and 3.3 respe ct i vely.

For these A-U2G N- T65 I aluminium alloy plates. Figure 24 shows the master (K 1 Sa ~~ 
Sm g) curves where the

relative stress gradient in the direction n normal to the notch root sur t ace is de fined as

g = ~~iaS/a n)

and equals approximatel y - -  2/ r in tension and 2 ( 1  / r + I d) in bending, w here r is the notch root radius and d is
t he diameter of the specimen at the neck of round-waisted specimens. By interpolating (or other values of the rel.itivc 
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stress gradient , or of the notch radius , for round-waisted specimens , (K T Sa N) KT Sn~ curves m a y  be plotted.
Ibowever , it must be emphasized that such curves are only valid for areas of the structural assembly where the tensile
stress in the short tra iisverse direction is low enough not to be dangerous. Points have been obtained from tests of
axially loaded , round-notched specimens and from rotatit ig bending tests of plain (K T 1.035) and notched
(K 1 = 1.7) specimens.

For axially loaded , plain or notched specimens taken from 32 mm-thick A-U4SG-T651 aluminium alloy plates,
in e ither the longitudinal or transverse direction, Figure’; 15 and 26 show fatigue test results corresponding to Sm = 0
and Sm = 12.5 daN mm2 

, respectively. ‘[‘he direction of the specimen axis , in the longitudinal or transverse direction
of the plate , has a significant , though small , effect. Again , these results illustrate well the beneficial effect of the
plastic accommodation of the stress-strain C) d c  on stress concentration.

3.5 Axially-Loaded Specimens from Extrusions

In extruded bars, the short transverse direction is normal to the surface and is therefore radial for round bars.
The machining of circumferential grooved notches in the axially stressed , round specimens cuts the extrusion grain
layers, resulting in relatively lower fatigue strength levels for high stress concentration factors and high Sm-levels , as
may be seen in Figure 27 . which shows fatigue test results for axially-loaded specimens taken from 35 mm~~iameter
A-U4SG-T65 I aluminium alloy bars. The treatment was carried out on bars by the laboratory and was as follows:
solution for 1 hr at 502°C, cold water quenching and ageing for 16 hr at 160°C.
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. 1 - - 1 1 1 1 1 ~---T ‘ -— EXTRUDED BARS I
ii :j ~ EKT 1,035 , r ::55 mm 
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~~~~2 I
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~ :: ~~
.j 

~ 
d~~N /mm 2 E 11%

~ ~~~~~~~~~~~~~~~ -. - 7 area~~26%
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— REPORT M3 7873 — -

I i 1 1 1 1 1 1 1  I I u I i 1 ~~i I I l i l i m  ____

i03 10’ iO~ 106 10’
N CYCLES

Figure 27

It may be noted that high strength aluminium alloys treated in the T6-condition are generally brittler than in the
naturally aged T4-condition. Figure 28 illustrates a similar behaviour ’’ of the A-U4GI-T6 aluminium alloy (similar to
the 2024-Tb) as compared to that of A-U4GI-T4 ; as far as fatigue tests in the laboratory are concerned , the ageing
treatment improves the fatigue life under high stress levels , but shortens it under low stress levels.

This tendency would probably be aggravated for parts of the aircraft structure in the service environment owing
to water condensation and the stress-corrosion sensibility of certain aluminium alloys such as A-Z5GU-T6 (707 5-16)
and A-U4SG-T6 (similar to 201 4-T6), even when treated in the 165 1 -condition with stretching of I to 2~ interspersed
between quenching and ageing.
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4. REPRESENTATIVENESS OF INDOOR FATIGUE TESTS

A number of actual conditions in manufacture and in the service use of aircraft structures will result in fatigue
behaviour in service very different from that of the small conventional specimens tested in the laboratory environment.
Some causes of discrepancy may be inferred from laboratory investigations, while others are suggested by detailed
investigations, the aim of which is to explain the damage sustained in service.

4.1 Frequency Effect

The plastic accommodation of the stress-strain fatigue cycle may be facilitated by local metallurgical transformations
such as ageing for aluminium alloys or austenite-martensite transformation in steels. In fatigue tests , the lower the loading
frequency the less the fatigue life, as may be concluded from Man n’s’8 fatigue tests in rotating bending of 14 mm-diameter
specimens containing a transverse 2 mm-diameter hole and made of the Russian D-16-T aluminium alloy (similar to
2024-T4). The rotation speed ranged from 15 to 2000 rpm and its effect on the fatigue life depended on the stress ratio
Sa/Sult = k . With respect to the fatigue life, N15 , associated with the 15 rpm rotation speed, fatigue durations were

N = N,5 (f/f,5)”

with the following n-values:

Rotation speed , rpm 15 100 250 500 2000
Sa/Sult Speed ratio 1 6.7 16.7 33 133

0.5 0.10 0.18 0.30 0.35
0.6 n = 0.13 0.18 0.18
0.7 0.11 0.13 0.12

Leleu and Notton ’9 have investigated the frequency effect in the same way, using small specimens machined from
one 22 mm-thick A-U2GN-T35 1 aluminium alloy plate. This alloy is metallurgically stable and its ageing condition is
not significantly modified by fatigue or by a moderate increase in temperature. Test frequencies were 50, 500 and
6000 rpm. The specimen dimensions were:

— conical smooth specimens: 4.66 mm-diameter at the cross section of the maximum stress level,
— notched specimens: D = 5.5 mm , d = 4 mm , circular groove radius = 0.6 mm,

-- cylindrical specimens , d = 5.5 mm , with transverse 2 mm-diameter hole.

Plain specimens were lathe-machined using high-speed steel tools, w hereas in the machining of notched specimens
overcarburized high-speed steel tools were used. Static tensile properties of the plate alloy were: Sproportional = 30.3
daN/mm 2 , S02% = 32.7 daN/mm2 , ~~ = 43.8 daN/mm 2 

, elongation at rupture 21% and reduction in area = 309’ .
Surface roughness was about 30 RMS. From 50 to 6000 rpm , the fatigue lives of specimens with notches or holes at
the stress level Sa = 13 daN/mm2 were little affected. On the contrary, under the higher stress level 5a = 18 daN/mm2 ,

a significant effect was obtained, as illustrated in Figure 30.

If the test series of the three types of specimen at the stress level Sa = 18 daN/mm2 are considered, the life ratios
may be computed, using as reference the fatigue lives at the rotation speed of 1 rpm. They are as follows:

Specimen type Rotational speed I 10 50 500 6000

Plain 1 I 1.65 2.4 3.8
Notched Life ratios I 2.1 1.9 2. 1 3.3
With hole 1 1.2 1.9 2 3.5

Average life ratios 1 1.4 1.8 2. 17 3.53

Exponent n 0.146 0.15 0.124 0.1 44

It may be recalled from Maurin and Barrois2° that the results of fatigue tests on plane specimens with a central hole
and small riveted joints made from A-Z I clad A-U2GN-T6 aluminium alloy sheet yielded n-values from
0.O7 to O. l2.

--
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The ex istence of multimodal distributions of the fatigue lives reveals the effects of several pheiiomena at various
levels. At the level of slip barriers which have various degrees of stability with respe c t  to the loading barriers such as
inclusions, Coherent precipitates , dislocation knots . etc. residual stresses due to heat-trea tment and to the cold-working
during manufacture diminish with successive fatigue cycles. The less stable slip barriers , with respect to fatigue stressing.
are overcome , and stresses which balance the external loading are applied to a reduced ,mumber of ’ poimils of resistanc e .
from which microcracks and vacancies originate am id may combine into crack initiation. At the grain level the residual
stresses produced by cold-working during manufacture are reduced. The accommodation ol the fatigue stress-strain
Cycle which has been observed at the geometr ical notch level is likely to exist at the graimi level , and both accommo dations
which soften the initially hardemied material will lower the local tc~sj le stresses amid improve the latig ue strength2 ~

Let us consider the cumulative frequenc) curves in 1-igure 30 lor Sa = 13 daN/mm 2 (S
~/SUlt = 0.3). The curvature

towards high numbers of cycles is well knowmi and is related to the ‘understrcssing ” effect which nia~ be explained by
the mechanism of fatigue accommod ation of the stress-st rain cycle at the grain level and on the stress concentration areas.
For Sa = 18 daN/mm 2 

~
5a/~ult = 0.4 1 ), the accomnu -dation improvement is not complete for certain specimens before

the combination of microcracks and vacancies into d aigerous small cracks , the growth of which results in final fatigue
fracture . Owing to the local temperature increase in the neighbourhood of surmounted slip barriers , t he accommodation
phenomena within the grain may become more accentu ated at high loading frequencies , even if the mean surface
temperature is not significantly increased. That would exp lain the disp lacement towards high numbers of cycles of the
curves when the loading frequency is increased.

The existence of multimodal distribution of the fatigue lives for various stress levels was revealed in 1958 by both
Finney and Mann22 and Shabalin23 . A number of papers were reviewed by Finney 24 in 1 967 and more recent investiga-
tions were made by Luther and Wi lliams25 in 1973 for mild steel , then by Korbacher 2’ in 1974 for oxygen-free high-
conductivity copper.

For aluminium alloys alone, Shabalin23 and Mon 27 are reported to have investigated on the frequency effect. Most
of the investigations reported correspond to rotating bending tests at high frequencies (300 to 12,000 rpm) with plain
specimens; the stress concentration is related only to the bending stress distribution.

In practice , the loading frequencies to be considered for aircraft structures are as follows:

0.1 to 10 cycles per hour, orground-air-ground loads: 0.000027 to 0.0027 c/s
manoeuvre and ‘ust loads: 0.1 to 10 c/s
engine vibrations: 20 to 200 c/s
jet noise : 100 to 1000 c/ s

It is evident that , if any frequency effect exists , the dominant part of the fatigue damage, related to the so-called
ground-air-ground or peak-to-peak load variation, will be underestimated if laboratory fatigue tests are used in the
evaluation.

On the other hand, corrosion damage by pitting will drastically shorten the period of fatigue-crack initiation, and
water condensation in assembly gaps and recesses may increase the crack propagation rate . Therefore the absolute time
elapsed on the ground may well be a parameter as significant as the number of loading cycles in relation to the actual
fatigue-corrosion behaviour of aircraft structures.

4.2 Corrosior.-Fatigue Interaction

In a corrosive environment , that most generally present in aircraft structures being condensed water resulting from
t he ground-high altitude-ground variation of the air temperature , corrosion damage may act alone or may interact with
the fatigue damage in several ways.

Corrosion damage may exist before the application of fatigue loading. For materials such as 2024-14 extrusions
which are very sensitive to exj bliating corrosion , corrosion damage may create irregular score s at rivet hole edges and
become origins of fatigue cracks. Pitting corrosion creates numerous local pits , causing a drastic lowering of the fati gue

strength for high numbers of cycles which correspond to long periods of exposure to corrosion, by creating a multi-
notched surface condition and by relieving the beneficial compressive residual stresses , due to cold-working during
manufacture within a thin surface layer of the material. In the laboratory, most corros ion-fatigue tests were carried out
with simultaneous surface corrosion and fatigue loading. The lowering of fati gue strengt h in a corrosive environment is
illustrated in Figure 31 for three aluminium alloys and one magnesium alloy28 . While S N curves from the specimens
tested in air show a tendency to fatigue limit thresholds, the S N curves from specimens tested in the sea-water
environment seem to have absolute limits of the duration before failure. Figure 32 shows also a significant decrease of
the fatigue strength for maraging steel specimens wetted by distilled water 29 at pH-values ranging from 6.8 to 7. In
this case , the distilled water appears as a sufficiently harmfu l agent for use in tests.
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In forgings, stress corrosio n may create a surface crack , the propagation of which stops when the residual stresses
which caused its growth are relieved. The stress-corrosion crack is equivalent to a very sharp notch , able to propagate
in fatigue under relatively low stresses which would have no action on the unnotched material. Stress corrosion may
originate from only one corrosion pit near to the parting plane of die forgings or to some other emergent plane arising
from forging flow, and may then extend along this plane within the part thickness . This type of dangerous damage
may be apparent only by failure of the part through fatigue corrosion or stress corrosion alone.

Figure 33 illustrates a more complex problem30 . In a steel component , a surface area existed where friction had
destroyed the zinc protective coating; this region was poorly ventilated and there was a t’elt ring retaining water , from
condensation or otherwise. Numerous pits acted as origins of fatigue cracks from which cracks slowly propagated under
fatigue-corrosion. Then, as the propagation rate increased, the part played by corrosion in the crack growth became
negligible.

In-service damage sometimes arises from a rare coincidence of adverse circumstances. Such events , although their
probability of occurrence is low , are to be avoided because they govern the in-service safety. Laboratory tests provide
results corresponding to standard conditions which are not representative of the service conditions, because they are too
simple in nature and often too exaggerated as regards the activity of the corrosive agent. Owing to the small number of
specimens generally used, results of laboratory tests are often near to average values , whereas service damage, when first
revealed, belongs to the low lifetail of the unknown statistical distribution. Problems of stress corrosion might be investi-
gated in the laboratory to the extent of representing the periodic temperature variation, and the resulting water condensa-
tion, and the reduction of the residual stresses when the crack front propagates by stress corrosion or fatigue corrosion.

Sometimes reports on fatigue tests divide fatigue lives into incubation, or initiation, periods and crack propagation
periods until finally fracture occurs from static instability. This division is somewhat arbitrary, it being impossible to
measure the lengths of very minute cracks. At the beginning the crack propagation rate is subject to significant scatter
and may be slowed up or delayed by surface residual compressive stresses. Therefore fatigue properties cannot be
inferred only from crack propagation tests. Problems of fatigue under corrosion correspond to cases where the corrosive
environment has a significant effect on the fatigue crack propagation rate, whereas the crack growth rate under corrosion
and steady stress is negligible.

In laboratory tests , the time unit for corrosion damage depends on the nature of the corrosive action. For continued
wetting by an active solution , the unit will be that of the real time when the corrosion damage is predominant at very low
fatigue stresses; this will be the fatigue cycle at high stress and short fatigue lives for which the corrosive agent has had
no time to cause significant damage. In the service use of aircraft structures , the time unit for fatigue without corrosion
is the flight , owing to the major influence of the ground-air-ground, peak-to-peak stress variations, while the time unit
for corrosion alone would be intermediate between the flight, which causes water vapour to condense into assemply gaps
and cracks , and the day, for periods of which corrosion activity persists and may be rein forced by daily temperature
variation for aircraft parked outside.

Despite the foregoing reservations, fatigue crack propagation tests in laboratory conditions supply useful comparative
information. Most tests on sheet materials use w-wide sheet specimens containing a 2a-long cent~al through crack under
a loading giving a uniform stress S = Sm ± Sa far enough from the crack to remain uniform during crack propagation.
Assuming elasticity , the stress field around the crack tip is defined within an infinitely small domain by a standard
distribution multiplied by a stress intensity factor K such as

K = Sy’(ira)c~ with c~ = l/ ~/ [I — (2a/w) 2]

where cw , from Dixon 3i , is the correction factor for the finite width w .  Like 5 , K may be divided into a steady
component Km and an alternating component Ka .

Figure 34, from Donaldson and Anderson 32 , shows the major influence of the alternating term Ka of the stress
intensity factor and the small, though significant , effect of the mean steady component Km on the crack propagation
rate da/dn , where i is the half-crack length and n is the number of fatigue cycles. These results were obtained with
specimen widths of over 300 mm and have been used by the author in the interpretation of indoor fatigue tests of
fuselage skin made from 2024-T3.

Other results of fatigue crack propagation tests , on the effect of the loading frequency and of the environment ,
have been investigated by Hartman et al.33 , and by Schijve and De Rijk34 for 2024-T3 and 7075-T6 aluminium alloys,
using smaller specimens. For I mm-thick AlcIad 2024-T3 aluminium alloy sheet specimens , for testing in both dry air
(water content lower than 20 parts per million) and in saturated wet air (100% relative humidity), fatigue crack propaga-
tion has been investigated for loading frequencies from 24 to 3400 cycles per minute. Figure 35 shows that the effect
of the water content on the fatigue crack propagation rate at a loading frequency of 3400 cycles per minute is negligible
for the highest crack propagation rate (3 x l0~~ mm/cycle or 0.2 mm per secon d. Ka = 13.5 MN/rn ’ 5 ). The harmful
effect of the water is very small , even in saturated air: the time between two successive crack extensions is too short.
or the crack growth velocity is too high. On the contrary . with the 24 cycles / mm loading frequency, the damage due
to water vapour occurs at the very low water content of 20 ppm and is not signif icantly increased in saturated air.
At crack propagation velocities lower than 4 x I0~ mm/s . the duration of one crack extension is sufficient to produce
damage at the lowest values of water content.
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Figure 36 shows that temperature et lec h and low-loading Irequency cIfects may be compared the water action is
enhanced by the temperature level. It may be noted that the�~ e l t e c t s  ire reduced b r  higher val ues oh the Km / K j ratio ,
i.e., w hen a relatively higher level of the slcady stre ss , Sm , favours the accommodation of the stres s-stra in cycle.

Figure 37 , Irons llartma ui et ~~~~ shows the effect oh’ water content on t he fat igue crack propagation rate at roouii

temperature and 3400 c~ c les-nu in loading freque uuc~ in 70 wi n-wide . I mm-thick centre- c rack ed ~hiccin1eIus made from
clad 7075-To aluminium alloy sheet. The crack propagation s e loci ty .  da/dt , at which the d Ied o h the s~ a tc r  ~o uute uut
in air is negligible is of the same order of magnitude as for th~~2024 alum inium alloy: 0 .11 mm /s imistea d (1.2 loIn-s .

Similar behaviour occurs in high-s trength . lo w-au,, steels. For examp le . 1-ugure 38 shows results oh an ins estigat uoii
on the fati gue-corros ion strength of DoA(’ stee l by K1~ms le~ Ct al. 3

~ Under repeated loadings in tens ion tR <0.1).
compact ASTM-1 2 specimens had the same value of latigue crack propagatioru rate in dry air and distilled wafer lvi

= 70 MN/rn1’5 and I Hz frequency loading. ‘the corresponding crack propagation s elocity tor which the distilled
water cause d no significant damage was da/dt = 0.00j5 mni/s . Note that this steel is less susceptible to fatigue-corrosion
damage than the very high-strength low-alloy steel 434CM uuivestigat ed by Speudel 36 . the result ’, i i  which are shown in
Figure 39. In this case , the damaging effect of the non-aerated , distilled wa te r  is negligible with respect to the behav iour
in a vacuum for da/dn = l0_ l mm/cycle , ‘~~K = 70 MN/m ” . f = 0.1 lIz and therefore for %al ue s of crac k growth
velocity da/dt ~ 0.01 mm/s .

In the early use of tita,hiutn alloi -s , their excellent resistance to corrosion led to the assumption that no stress ’
corros ion trouble would occur in environments known to be harmful to stee 1 s and aluminium alloys. Using smooth or
moderatel y notched specimens , t his hope was partially ver if i ed for some environments, except that st ress-coi roslon cases
occurred in various other environments , such as chloro-solvents like trich loroethylene in trace qua nt ities , freon , met hanol .
nitrogen tetraoxide , etc. Moreover , parts that were pre-cracked by other causes , suc h as forging hiaws . sharp notches or
fatigue cracks , have shown stress-corrosion’~uscept ibility in sea water , distilled water and hydrogen gas at sustained stress
levels which would not otherwise cause failure37 ’”. Also, fatigue crack growth is encouraged b~ corrosion. Some test
results from a thorough evaluation of the mechanical properties of IMI 685 titanium alloy by Ryder et al. 39 are showii
in Figure 40. As in the preceding cases of aluminium alloys and low-alloy high-strength steels , t he damaging effect of
t he water environment with respect to test results obtained in laboratory air (about SO’? relative humidity) is s ignulucanl
at low AK-levels and low fatigue crack propagation rates. For crack growth velocities higher than 0.001 mm/s. which
corresponds to da/dn = 0.01 mm/cycle , the behaviour in latigue becomes independent of water content.

The foregoing examp les of corrosion-fatigue crack propagation tests in laboratory conditions indicate behas our in
the presence of water vapour common to several metals , which should be explained by a predominant common mechanism.
This suggests the following cdmments.

(i) On the macroscopic scale , it is not unusual to find actual cases of fatigu e corrosion such as that shown in the
photograph of figure 33 relating to a cracked steel component. It may be assumed that cracks may be initiated
in surface corrosion pitting, stress corros ion or corrosion l’at igue. propagat ing firs’ in corrosion fatigue , and then
in fatigue until final fracture depending on the AK-levels. Moreover , in considering aircraft components in
serv ice couidit ioTus , rest per iods between flights may result in stress corrosion in areas where residual stresse s
have arisen during manufacture or assembly. Speidel40 , investigating the behaviour of 2.5 cm-thick 7079-1 ,5l
aluminium alloy plates stressed iii the short transver~~ direction by using DCB specimens . has shown a significant
effect of corrosion on fatigue crack propagation. He established a distinction between two types of corrosion
fatigue: “True corrosion fatigue is almost exclusively transgranular in aluminium alloys. In contrast , stress
corrosion tinder cyclic loads is almost exclusively intergranular in aluminiuni alloys.” We think that this
distinction is of the same kiiid as the distinction between true fatigue for N > l0~ cycles and low-cycle
fatigue for 2< N < iO~ cycles . Only the magnitude of the effect is different , being higher with stressing in
t he short transverse direction owing to grain tiattening and the associated brittleness in the perpendicular
direction. As far as possibi- - - -~ entifi c progress tends towards the explanation of analogous phenomena by a
common predominant sc , as - - e l I as by secondary factors.

(ii) The important action of th~ ~~, ~~~ ii ion ami d molecule in stress corrosion and therefore in the intermedi ate
stage of corrosion fatigu e din ng ur - -. propagation , was first established for high-strength steels , so comp leting
ear lier theories on cracking by prefciei itia l attack of the metal next to grain boundaries and of the stress
rupture of the oxide film. Now U: re are numerous investigations on titanium alloys and the predominant
act ion of hydrogen is confirmed. Some authors have suggested an analogous hydrogen action in h igh-strength
aluminium alloys. Since l-lartman4 ’ and Van Leeuwen et al.42 have investigated the contribution of corrosion
to t he stress-corrosion cracking of Al-Zn-Mg alloys and have proposed considering the preferential grain
boundary attack only as initiating a crack , w hereas crack propagat ion may olten be controlled by a diti’erent
factor , a lone or in conjunction with other factors.

I i i i )  In all the tests reported , the crack propagation rate depends only slightly on the wate r conte ill . from the usual
laboratory test value to 100% relative humidity. It might appear that laboratory tests may be considered
representative of the actual service environment. However , no test resu lt is available to establish a correlation
between the usual laboratory conditions and the service condition most freqtue ntl~ foun d damaging. i.e.. the
presence of water condensation in recesses , assem bly gaps , deep corrosion pits , fa t igue cracks . etc., w here
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water, even if initially neutral , quickly becomes acid owing to the mechanism called crevice corrosion by
differential aeration , hydrogen ions penetrating into the material from the crack t’ront.

(iv) Except t’or very recent investigations , of which that of Speidel4° is the only one known to the author , no
information exists on the corrosion fatigue of’ material stresse d in the short transverse direction. From stress-
corrosion data it may be inferred that this would be the most useful inl’ormat ion for designers. It is to be
hoped that the use of DCB specimens may become general in future.

Although useful in U.uil-safe studies of aircraft structures , t he corrosion effect on fatigue crack propagation rate
concerns only the shorter part 01 the fatigue life, it being understood that microcrack propagation until a crack of
detectable length occurs is included in the initiation period and is likely to be controlled by the same factors. Results
ofst-sfe,natj e’ tests in an outdoor environment do not allow separation of the initiation amid propagatioui stages, which
are moreover difficult to define. Outdoor tests with night-to-day temperature variation , and the associated water vapour
condensation, are fairly representative of altitude-to-ground service variations in specimens containing recesses , assembly
gaps, etc. Unfortunately, in the only available test , by Leybold et al.43 , the specimem is had no crac k-like feature in the
failed cross sectiomi . Specimens were machined from 1.3 mm-thick , clad or bare, 2024-T3 and 7075-16 aluminium alloy
sheets. In the cross section of maximum bending stresses , 25.4 mm wide , specimens contained a 6.35 mm-dianieter
reamed hole. At a frequency of about 430 cycles per mimiute , a vibrating table applied 4000 cycles of loadimig in a
10-minute period each working day, while specimens were subjected to atmospheric conditions over a period of several
months. Applied stresses were 82.8 ± 172.5 N/mm 2 in bare specimens , 82.8 ± 100 N/mm 2 in 7075-T6 clad specimens.
and 82.8 ± 103.5 N/mm2 in tests on clad 2024-T3 specimens. The meteorological conditions at NASA Langley Field ,
which is close to the Atlantic coast , were rainy for about 50% of the days when the tests were done amid there was a
heavy dew on the specimens nearly every morning. This, with the salt air , represented test conditions which were
probably severe by comparison with avera ge conditions for aircraft (except for local conditions in structural gaps and
recesses, etc.). The tests showed that atmospheric conditions shortemied the average life of specimens tested out of doors
by a factor of about 3 for bare specimens of 2024-T3 or 7075-T6 , by a factor of 1.5 for clad specimens of 7075-T6 amid
has no significant effect on the average life of clad 2024-T3 specitnemis.

The scatter of results on fatigue life for outdoor tests is much less than that of laboratory tested specimens. An
estimate of the standard deviation of the logarithm of the fatigue life within the 10% -- 90% limits showed a reductioa
by a factor of 3 for bare specimens and by a factor of 2 for clad 2024-T3 specimens for which the lowest values of
fatigue life are 4 17 ,000 cycles in the open air and oti1y 227 ,000 cycles in the laboratory, although the average lives
were comparable. This reduction in scatter can miot , however, be used in the interpretation of tests on larger structures
in outside conditions, because there is no information on the behaviour of a representative structural assembly.

Further research by Leybold44 used the same type of specimem i and the same batch of material. First the specimens
were stat ically loaded amid exposed to atmospheric conditions for 1/2, I, 2, 3 amid 4 years; they were then fatigue-loaded
in the laboratory . The adverse effect of exposure to the elements was partial after six months and complete after a year.
The clad specimens were uiot affected. Again, the results cannot be utilised because , in aircraft fatigue tests , most of t he
damage occurs at rivet or bolt holes, w ith load transfer by bearing pressure , and a possible effect , riot visible , of fretting.
By comparing the effect of cladding. we obtain the following table.

Geometric Mean Fatigue Life, in 1000 Cycles

Exposure and fatigue Fatigue in the laborator u Storage for
together after exposure outside of 4 t ears andSpeci men - ,. -then fat igue

Laboratory Outside V2 1 4 years in the laborator,-

2024 bare 464 146 137 153 90 269
2O24 clad 590 550 220 3000 3000 1 540
707 5 bare 277 920 83 77 61 251
7075 clad 430 283 506 890 467 739

In these vsts, the beneficial e ffect of the plating is well confirmed, even for indoor tests of specin~ens st ored indoors.
A part of the beneficial effect , if riot the whole, is to be ascribed to the accommodation of the stress-strain c:.-c le in the
surface cladding layer material owing to the relative stress gradients , g1 = — 2/t = —1 .54 mm_ u in bending along the
direction of the thickness and g~ = - - 2/ r = —0.3 15 mm in the direction of the radius at the hole edge. The opposite
ef fec t  of plating is showmi in Figure II , for CEA’F tests of bare and clad alumimiium alloy sheets under axial tensioui .
In this case the stress gradient was zero in the direction of the thickness.

This comnparison emphasizes the designer ’s difficulties if his decision in structural desigui niatters is to be based omi
such information alone. The NACA outdoor tests were not represemit ative of the behaviour of structural elements
because of the absence of assembly gaps and the bending stressing of a thin sheet with holes, which is miot the most
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critical type of loading im i actual aircraf ’t structures made of thin sheet panels and extrusions. The CEAT tests were not
represefltative of the water condemisation arid only partially representative of the stresses.

In simnultaureous indoor arid outdoor testing using identical specimens , identically loaded by means of hydraulic
jac ks, the pressure of which is comitrolled , as with oth er jacks used in fatigue tests of win g centre sections , Schmjve amid
De Rijk41 have investigated t h e  eff ’ect of the outdoor atmosp heric environment on fatigue crack propagation rates iii
2 win-thick 2024-T3 Alc lad arid 7075-T6 clad aluminium alloy sheet specimens. Five cracks produced by prior low
stress fatigue loading were initiated from centre notches , distant 230 mm apart in the 100 mm-wide specimens. Loads
ot’ various levels were applied at lrequencies from 6 to 45 cycles per minute , either in ramidom sequences or in programmed
low-high-low sequemices , w ith or without intervening batches of ground-to-air cycles in each type of sequence. The outdoor
environment considered was country air and innocuous. Fatigue loads were applied during the daytime only. The duration
of test for each specimen ranged from 16 to 106 days during the period from March to August. The indoor relative
humidity was equal to or somewhat lower thami the outdoor humidity. Frequently, outdoor specimens were wettish ,
owing to residual rain or dew . Test results yielded the following main conclusions:

-- in 2024-T3 Aichid specimens , fatigue cracks propagate at about the same rate outdoors as indoors,

— - in 707 5-T6 clad spec imens, fatigue cracks propagate outdoors about I .5 to 2 times faster than indoors, this being
tentat ively attributed to stress corrosion.

The duration of full-scale fatigue tests is often longer than a year and may result in a more severe atmosp heric actiomi
during the crack initiation period when the test is carried out in the open air with the fuselage immersed in a water tank.
The comparison between laboratory and service behaviour is mainly the shortening effect of the service environment on
the crack initiation period until detectable cracks occur, entailing some risk or implying repair. in the NASA outdoor
bending fatigue tests of specimens with holes, the stress level is very high at the hole edge intersection with the cladding-
core interface. The role of the cladding is sacrificial, the corrosion damage extending into the cladding layer before it
enters the core material. However , the surface and interface geometric roughnesses are modified by corrosion pitting
and cause premature crack initiation. In the NLR outdoor tension tests of pre-cracked specimens, the corrosion had
insufficient time to damage the cladding-core interface during the relatively brief fatigue crack propagation tests. With
the 7075-T6 clad spec imens, the effect of the environment is to be attributed only to some corrosion or hydrogen
action within the metal round the crack tip. These tests show that indoor conditions are not very different from outdoor
conditions as long as only rapid crack propagation is considered.

In aircraft structures , during full-scale fatigue tests or in service , most cracks start from riveted and bolted joints ,
most often from fastener holes at the most heavily loaded end, that is, stressed by the highest direct tension and by the
highest tension due to the load tr: nsferred to the fastener. Fretting-corrosion damage occurs between assembled
components and between fastener shanks and holes. The problem of the corresponding stress concentration is the
subject of Section 5 of this paper.

From the information available , it is not possible to answer the very important question: Does the fretting-
corrosion period of fatigue damage in aircraft structures depend, significantly or otherwise , on the outdoor service
environment? The answer would justify full-scale fatigue tests , either indoors if the effect is low or outdoors if it is
not. It might be useful to investigate this problem , using riveted or bolted specimens at various ratios- of transfe rred
to bypassed load, in tests of short and long duration, in indoor or outdoor environments.

In a comprehensive survey Anderson46 noted that , from statistical data on damage incurred during full-scale fatigue
tests and during service “no one of the laboratory full-scale test defects could be identified as environmental-related,
whereas most of the identified damage initiators in service were , or were suspected to be, corrosion related. Furthermore ,
the tenor of airlines’ replies indicated that corrosion-related problems were of major concern. The conclusion seems
inescapable that probably the most important element in ‘scatter factor ’ between service experience and full-scale test
experience is traceable to environmental influences.”

In relation to the reasons proposed by Amiderson4 6 ’48 for the differences between the service and test behaviour
of aircraft structures , Harpur and Troughton47 noted the absence of some structura l elements and of some types of
loading in the tests. Recent experience has led us to emphasize that many small fatigue cracks are not revealed when
using X-ray inspection or other , more sophisticated . meamis , except when the exact location of a possible crack is known.
Cracks have been known to escape several X-ray inspections in open air on the full-scale structure. Later , specimens were
cut from the structure tested , after failure elsewhere~ the aim was to evaluate maintenance and repair procedures by
comp lementary fatigue tests. Most of the cracks escaped the additional inspectiomi amid were finally revealed as being
ori~~ns of cracks propagating to fracture. Further dismantlimig of attachment fittings in another region, where a small
number of cracks was visible , revea led a further num ber of incipient cracks escap ing X-ray detection. The lessons from
this were: (a) even with several load paths , structures are not fail-safe when their components are subjected to the same
stress level amid are simultaneously damaged, (b) most of the cracks originating at holes occur at the end- fastener holes
of fastener rows overloaded locally owimig to the load transferred to an attachment f itting or to a reinforcement or
additional material stretched by the stresses and strains of the structure below , arid (c) a fatigue test is completed and
has provided all possible information only when the complete damage is known . This last item of research is particularly
rewar d i ng  when an analysis is m ade to establish a correlation between the computed sfress concentration factors and the
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“fatigue equivalent ” stress concentration factors by means of a damage adjustment coefficient , as proposed in the
followimig section. Then perhaps full-scale fatigue tests would no lomiger be judged as were laboratory fatigue tests about
40 years ago: the nieamis of obtaimiimig mimiimum imiformatiomi for niiaximumn cost.

5. INTERPRETATION OF FATIGUE DAMAGE INCURRED DURING
FULL-SCALE FATIGUE TESTS OR IN SERV ICE

5.1 General

In the earlier sectiomis , a cr itical study of fatigue data has proved beyond doubt that rio standardized figures of any
mater ial property can be used as a basis for life evaluation. Too many factors , riot represented in tests amid of umiknown
value, have a sigmiificant effect on t h e  fatigue behaviour of actual structures. Only two problems can be treated to an
appro ximation adequate in practice. They are as follows:

(i) From kmiowledge of the loading programme applied during a toll-scale fatigue test in a kmiowm i environment
during the period which elapsed until the particular local damage occurred , to predict for the same degree of
damage, the test duration which would correspond to amiother loading programme. It is possible to extemid
the prediction to in-service behaviour if the service loading is known or may be evaluated and, to be on the
safe side , either by using an arbitrary high scatter foctor or, with a moderate reserve factor , t’rom knowledge
of similar damage in actual service under a differemit , stat istically known , flight loading.

(ii) For the same local structure , w hen only minor modifications are being considered imi order to extend the
fatigue life, to predict the probable increase in life. Moreover , interpretation of damage may determin e the
values of some parameters which might be used in prediction analysis applied to a different size of structure
of the same general type as the structural detail considered. Naturally the prediction accuracy would decrease
as the differences from the structure tested increased.

Assessments of fatigue lives are essentially comparisons of the structure area considered with a reference structure ,
the fatigue behaviour of which is known from previous tests. The refere mice structure may be a plain or notched
specimen , au assembly or another structure containing the local detail to be considered , subjected to the same type of
loadimig. The earlier miiethod of fatigue life assessment of a notched component was based , for comparisomi , on the higher
sur face fatigue stress in the notch, so t hat the favourable effect of the stress gradien t with depth was disregarded. This
method is conservative if the data used are from axial fatigue tests on plain specimens; it is simp le arid may be used to
check whether or hot  the fatigue strength can defim iitely be considered sufficiemit. However , fat igue strength may be
overest imated when using rotating bending results omi small-diameter plain specimens. This method fails with corrosion ,
frettin g or superimposition of undefined stress raisers.

An improvemen t on this method was made by tak ing stress gradients imito account arid by using fatngue test results
of a set of miotched specimens with several miotch factor values. This enabled us to plot a set of S- N curves in the for m
tK T Sa N ) K ISm , like t hose presented in Sectiom is 2 and 3.

Whem i the fatigue loading no longer consists of com istant amplitude load cycles but is a random or programmed
loading, cons istin g of numerous loads of various degree , S - - N curves are used in con junct ion  w i th  a cumulat ive damage
ru le. Despite a number of rules proposed for computing a parameter related to such an abstract quan t i ty as “damage”.
eac h rule being checked again st the author ’s test results but not against all the rest, it is advisable to use the simplest.
but not the m ost simplistic. Miner ’s rule. It gives less extreme errors , although it is questionable , and its use ca n not
resu lt in false confidence. The !t-Iiner-Palmngren cu,nulati ve damage rule is:

D = ~ ni 1/N~.

w here ni~ is the n umber of cycles applied at stress level S1 , while N1 is t he number of cycles at fai lure umider the same
stress level. D would equal 1 at failure if the Miner formula were exact. In most cases D ranges from 0.5 to 2 for
plaimi specimens under various programmed loadings. For structural assemblies the range of variation m a y  be larger .
ow ing to premature failure of a brittle part under the highest load level of the program me or, on t he con trary, ow ing to
the improvememit due to the app hicatiom i of higher loads when no crack exists.

Generally, it is possible to compute or to measure the nominal stresses applied to the structure in the damaged
area, far emiough t’rom t he damage to be not seriously a ffected by the stress concemitration at the origins of damage.
A value is assumed for the stress c ’onc ’ent ration factor K1 at the stress raiser fromn wh ich t h e  fatigue damage origin ates.

Usimig S N referem ice curves of notched specimens correspondim ig to the KT-v a lue assumed, t he Mmner damage d1
for one loading programme will be multiplied by the number ni 1 of loading programmes applied until the damage
occurs amid the Miner damage will he D1 = n1d 1 -

Another loading programme will give a partial damage d2 per programme and the number of loading programmes
likely to have been applied when damage occurred would be 
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n2 = n1d1/d2

Then, because of the scatter in fatigue life and the need for a reserve , the resulting life is divided by a reserve factor, k r
ranging from 3 to 5, and the sa fe flight life during which the damage considered is not likely to occur may be assumed as

N2 = (n2 f2 )/k~

where mi 2 is the miumber of flight load programmes , each associated with f 2 flights , and k r is the reserve factor.

With this early method of life assessment based on the relative Miner damage, the S—N values used were often
situated in a poorly representative regiomi of the S— - N curve , when the computed Miner damage of the test , D1 , differed
considerably from unity, owing to wromigly assumed values of the local nominal stress level or of the stress concentration
factor.

This is the reason for the comicept of “equivalent notch factor ” , KTeq imitroduced by Hayes49 . Fatigue test results
of miotched specimens with several values of notch stress comicentration factor were used to define by interpolation the
equivalent notch factor from a fatigue test of the componen t bein g tested umider constant amplitude loading. Then
interpolation of S--N curves according to this equivalent notch factor enabled an assessment to be made of the component
fatigue behaviour under aniy loading programme.

Recently 50 , using a set of (Sa — N)~~Sm curves representat ive of the sheet material and the notch radius, the author
made a modification to the S—N values derived from the S—N curves by using a multiplying factor , c , applied to the
nominal stress levels in order to obtain a value of unity for the computed Miner damage D1 corresponding to the actual
test damage. This multiplying factor can also be defined as a multiplier for bending moments , axial loads, load factors
or any quantity proportional to the load level.

Now, we propose to apply this method by defining two quantities, miamely the damage equivalent notch factor ,
KDE, and the damage adjustment factor , kDA, such that

KDE = KTkDA

may be used in conjunction with the set of (KT Sa _N) KT Sm curves described in Sections 2 and 3. The particular set
of curves used would correspond to the material and the actual notch radius. The theoretical surface stress levels at the
notch root would be

S = KDE X Snominai = (KTSnomina l)kD A.

In terest in the definitions of KDE and kDA centres around the hope of obtaining similar values of kDA for similar
design features.

In general, interpretation of fatigue tests would consist of two stages:

(a) the theoretical elasticity analysis of the state of stress at the crack origin, and
(b) tt:e damage computation, using an appropriate set of S- - N curves, assumed to be representative of the local

fa;igue conditions.

Interpretation of fatigue damage in service would involve two other types of data:

(c) statistical evaluation of the flight loads, and
(d) evaluation of the damage adjustment factor , from the full-scale fatigue tests or from previous full-scale fatigue

tests of structures which have sustained similar damage; after some evaluation of analogous local structural
designs in this way , the corresponding damage adjustment factors could probably be corrected to account
for the service environment.

The theoretical elasticity calculations relate to the essential parts , but not the whole, of the evaluation sequence
that transforms external load levels into surface stress levels and relative stress gradients at notch roots , through the
computation of nominal stress levels within large regions of the structure , then nominal stress levels iii the neighbourhood
of stress raisers such as fasteners in assemblies , and finally any stress concentration factors which may be superimposed.

5.2 Stress Concentrations at the Edges of Fastener Holes in Assemblies
In aircraft structures most of the fatigue crac ks originate from fastener holes, and the problem of the corresponding

stress concentration has been considered very important for several decades. Imi 1962 Deneff5’ computed local stresses
in a multi-rivet statically-redundant assembly , each assembly sheet being idealized by a system of rectangular meshes
in a network , the nodes of which were at the hole centres. The lines of the network were assumed to be axially loaded
bars transferring shear loads to rectangular sheet elements. Deformations due to bearing stresses in holes and to rivet
bending were evaluated from static tests. Computation , restricted to the elastic range , yielded nominal stresses applied
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near each hole and local loads transferred by each rivet. Allowable values of these loads and stresses were derived from
fatigue tests on elementary elements. In 1969 Jarfalltm2 made a further investigation on the fatigue assessment of a joint
by determining the quality of a fastener installation from an analysis of a set of four sheet strip or assembly specimens,
namely: a specimen with a plain hole, with a fastener without load transfer , with a fastener with low load transfer and
a two-row lap joint specimen with equal transfer per row.

The problem of computing the load distribution between fasteners was discussed in the years between 1938 and
1950 by Vogt 53 , who used an empirical formula in an attempt to summarize the experimental results of Volkersen54 .
and by Rosenfeld55 . Theoretical aspects of the stiffness in a loaded hole and in the joining of two strips by one fastener
have been reviewed more recently by Harris et al.56 Although no definitive data are available and computations of the
stresses in riveted assemblies depend on too many parameters , most of which are not known well enough to permit
more than an order-of-magnitude assessment , an attempt has been made to gather ava~able data and to determine the
unknown points”. A short description of the method is given and is followed by an example of its application to the
interpretation of full-scale fatigue damage.

5.2.1 The Loaded Hole — Analysis of the Displacements by integration of
Theocaris Stress Distributions for a Strip of Finite ~
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The expression in the form of equations of the problem of the hyperstatical joint of two strips by shear fasteners
introduces the elementary problem of the strains in a plate with a hole loaded by means of a pin. This elementary
problem is poorly defined since there is no reference point from which to measure the displacements. This difficulty
can be avoided by considering the symmetric loading of a plate by two loads , of the same amplitude bm’ opposite sign,
each being applied to one of the two holes (see Figure 41). The axis of symmetry perpendicular to the load direction
may be selected as the reference axis of displacements. For a plate large enough by comparison with the distance L
between the hole centres , the stresses will be negligible except in the hole region. In an infinite plate, the displacement
of each hole with respect to the reference line will depend only on P/Et and on Poisson’s ratio if the distance L
between the hole centres is large enough for the stresses on the refe rence line to be ignored.
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Applying 5~ Venant ’s principle on the fading of local disturbances of zero resultant force, the displacement
reference may be chosen at a strip cross section where the stress distribution is uniform, to an acceptable degree of
approximation. Figure 42 shows the procedure used to evaluate the relative displacement of the contact point of the
pin wit h the hole edge, with respect to the initial location of the hole centre , that is to say, 6 m + 6 2 , frcrn the
summation of strain integrals in the direction of the y-axis at the strip edges and at the middle axis. In the same way,
the displacement of the hole centre with respect to a reference line located at —y will be given by the strain integral
at the strip edge alomig the negative half of the y-axis. In order to obtain convergent integrals, the differen ce between
the mean elongation of’ the strip without the hole to the elongation of the strip with the hole is calculated. The
overall relative displacement of the pin-plate com itact point with respect to the reference line is given by

6 = (6)~, — (S/ E)y 
~~1 + + 6 3 —(S /E)y

An attempt to obtain empirical relationships that permit interpolation between X-values and extrapolation towards
= 0 gives

& = O. 8wS/ E( l—X ) . (I)

The stress at the hole edge has its highest value at the ends of the diameter perpendicular to the load direction.
From values of the stresses computed by Theocaris59 for the values 0.2, 0.3, 0.4 and 0.5 of A = d/w , the author has
proposed the following empirical relationship for the maximum stress and the stress concentration factor KT with
respect to the net cross-sectional area:

Smax = KT SNet with SNet = S/(l — A)

KT = A +  1/A . (2)

Figure 43 compares this empirical relationship with the Theocaris values, marked T , and with measured values in tests
on aluminium panels or in photoelasticity tests 59 ’60 .

It will be useful to know the ratio , Kb , of the maximum stress to the average bearing pressure, p = P/td

P l + A 2
Smax = Kb ,  with Kb = -j--

~
-
~

- (
~)

From Bickley 6m , the limiting value of Kb is I when A reaches zero. This shows that the maximum stress , Smax , tends
to the average bearing pressure when the net stress tends to zero for strip width increasing to infinity.

From the discussion in Reference 57 , the limiting result of Howland62 for the open hole is still right for the loaded
hole: when A tends to I, KT tends to 2.
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5.2. 2 Elongation of a Strip Containing a Circular Hole Under Tension —
Stress Concentration Factor for Direct Tension Stresses

As illustrated in Figure 44, stress concentrations at hole edges in bolted joints result from the super-
imposition of two stress systems. They are (i) the stresses due to the load R transferred from the bolt to the strip and
(ii) the stresses due to the residual tensile load not yet transferred and bypassing the hole, P — R.

(a )  (b)
S1RETCHED ST R I P  LOADE D H O LE

s0 : (P R)/wt S S0, S0, R/wt

twtwirn

~~ PLU G G E D HOLE ~~~~~~

rff ~T~m1
Fig.44 Breakdown of the strip loading into direct and transferred loads
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Fig.45 Stress concentration at the edge of a plugged hole

Figure 45, from Eisner’3 and drawn from Hertel’s book’4 , shows, for a plugged hole, the values of the stress
concentration factor, KT , that defines the maximum stress at the hole edge, taking as reference the gross area of the
strip cross section. The plug is assumed to be of the same material as the strip and KT-values depend on the clearance
or interference between the plug and the hole edge as well as on the highest nominal strain, €flom = S0/E = (Sm + S8 )/E ,
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the nominal stress being S0 = P/wt . It may be seen that an interference of about ~d/d = 1/1000 is sufficient to annul
the stress concentration if the applied nominal stress is lower than 0.0005E, that is to say, 35 N/mm2 for aluminium
alloys. The interference obtained in practice by severe crushing of rivet heads is higher than I per cent. However , this
interference will be easily annulled under nominal tensile stresses higher than the yield strength. Under fatigue loading,
it may be observed with loaded holes that the improvement due to interference is significant only for interference
ranging from 0.3 to 0.4 per cent of the diameter, i.e., higher than that for which the yield stress is reached.

We recall that , for an empty hole, the stress concentration factor is, from Heywood’s approximation ’5 of Howland’s
calculations’2 :

d d 2 I d 3
Smax /Snet = KT net = 3 [

~ 
_

-+ (_ )  

_
~

(;) J, (4)

or, with d/w ~ 0.3 ,

Smax /Snet = 
1 -i-

3
d/w’

where Snet = S0/(l — d/w) .

The problem of the elongation of a strip between the centres of two holes in the median line of the strip, under
tension loads applied far from the hole centres, may be treated empirically by using the numerical results of some
computations done by Harris et al., using a finite-element method, and the numerical results of Howland’s calculations
of stresses , and then integrating them, as done previously with the Theocaris results. The distance L between two hole
centres is increased under a tensile stress S by the elementary elongation, LS/E , and a supplementary elongation ~ L ,
for which the approximation proposed is

p1 1 1.3 \ Li
= ~- [A ~ j - - ~~ I) 

~;j’ 
(6)

where A = d/w .

5.2.3 General Equation and Solution for the Deflectio n of Tight Pins on an Elastic Foundation

No clearance is assumed between the pin and the elastic foundation. Figure 46 shows the sign convention used in
the equations. The shear load, Q, causes warping of the initially plane cross section of the pin, the S-shaped surface
of which remains perpendicular to the lower and upper fibres. The inclination of the pin, a~ 

depends on the surface
element taken as reference. The variation of the cross-section warping is not free but is modified by axial stresses of
zero resultant; the plane whose intersection with the warped surface defines deflection vectors of zero resultant and
zero resultant moment has been taken as reference for the inclination due to the shear load. For a circular cross section ,
Cowper” has proposed

Q . 5(1 + v)
~3 —  with ~ , (7)

~GA 7 + 6 v

where A is the cross-sectional area and
G is Coulomb’s modulus, G = E/2(I + v) .

The bending moment M creates a curvature of the pin axis with an angular difference dn,Li , such that

M
= —dx , (8)

EfIf

where Ef is the modulus of elasticity of the pin and If = ird4/64 . The slope of the lower and the upper fibres of the
pin results from the summation of ~3 and it ’ :

dy/dx = ~~~~~ (9)

Finally, it is assumed that the reaction of the material of the strip under the pin pressure equals that of an elastic
foundation made from parallel springs56  or of numerous thin sheets and therefore does not depend on x

The differential equation is

d’y k d2 y k
— — —-—--— — +— y = 0 , ~l0)
dx 4 

~iGfAf dx 2 Ef If
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Fig.46 Deformation of a beam on an elastic foundation

where the foundation modulus may be deduced from relationship (3), proposed previously, such that

k = E(l — A)/0.8. (II)

With the notation

m = k/MGfAf and n k/Ef If ,

the general solution of the differential equation is

y = A sin wx sh~px+Bsi n wx ch~ x + C c o s wx sh~px+ Dcos wx ch~ x ,

where

~~ ~~~(l_ ~~~_) and ~ ~~~(l+~~~_.) . (12)

Finally, t being the thickness of the strip, the following expressions for wt and ~ t are obtained:

= (t/ d )2 (— ~
...
) [i — 0.75 (_

~ _) m/ 2]
m / 2

r (13)
/ k ~~~ “ k ~ u 12hh ,2

pt = (t/d)2(_) II + 0.75 (—) JlrEf ~ 
lrEf

In the case of single asymmetric shear, the shank bending deflection is adding to that of the general imiclination of
the shank as a body. This inclination is resisted by the bearing reactions of the assembled strips and by the partial
clamping effect of the rivet or bolt heads. In single shear , the simplified reference case is no longer the uniform
distribution of the bearing load but is the inclination as a body of the fastener shank, assumed to be absolutely rigid.
It is still assumed that each strip is composed of separate thin laminae or, equally, that the foundation modulus k is
constant through the strip thickness, the distributions of the ‘bearing loads being linear, as illustrated in Figure 47.

Let q0 ~ qlb and q10 be unit bearing loads along the fastener shank at the strip surfaces. The equilibrium
conditions of the shank yield the solution57 —

l + 3 e 2 +4€ 3 4 + 3 e + e 3
= (P/a) 

+ ~~ 
qlb = (Pfb) 

I + e~ ‘

(14)
l_ 3 E 2 _ 2e3 e3 — 3e — 2

q0 (P/a) 
+ ~ 

, q10 = (P/a) 
I + e~

I 
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Fig.47 Inclination of a rigid pin

where e = a/b . When e varies from 0 to 1, the numerical values of the bearing load concentration factors
Kq~ = qa max/qa mean = qua/P , Kq~ = qj~b/P , and of the coefficients C0 = q0a/P and C10 = q10b/P are as follows:

€ = a/b 0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9

Kq8 1 1.033 1.143 1.342 1 .632 2 2.42 1 2.861 3.286 3.67 4
C0 1 0.967 0.857 0.658 0.308 0 —0.42 1 —0.861 — 1.286 —1.67 —2
Kq~ 4 4.297 4.571 4.797 4.947 5 4.947 4.797 4 .57 1 4.297 4

C10 —2 —2.297 —2.571 —2.797 —2.947 —3 —2.947 —2.797 —2 .571 —2.297 —2

The secondary bending moments on the pin with free ends are

— strip (a): = (qa qo ) 
~~~~ 

= ~~~e2(~~-~~-- )

( 15 )

— strip (b): = (qlb ql0) 
b2 

=

The secondary stresses due to the bearing concentration do not depend on the hinge or clamping conditions of the
strip ends at the points where the external load is applied, as is the case , on the contrary , with secondary bending stresses
considered generally as aggravating fatigue damage in single shear assemblies. The distinction betweem i these two cause s
of secondary stresses is not easy , each of them belonging to a simplified representation of actual features.

In the case where the fastener is a bolt, tightening the strips through two oversize washers ensuring good clamping
of the bolt head and nut with respect to the outer surfaces of the strip, secondary stresses due to bearing are very low
and the bending moment due to the inclination of the bolt shank is resisted by bending bearing pressures under the
head and nut of the bolt. However , apart from the bearing surfaces of the head and nut , the load eccentricity creates
bending moments’8 ’69 , depending on the eccentricity and the magnitude of the load, the bending under tension giving
deflections that are not proportional to the load, and secondary stresses which increase at a rate lower than that of the
loa~. Moreover , these stresses will not be a maximum at the hole edge , if the clamping effect of the bolt is sufficnent.

Considering now the flexibility of the actual fasteners , the problem of the bearing load distribution, no longer
linear, is treated by using the notation and coordinates defined in Figure 48.

ln general, the two strips have different thicknesses and 8 unknown integration constants are to be computed
from the set of linear equations representing the equilibrium and boundary conditions as follows:

two equilibrium conditions of the pin segments:

a
J 

kydx = P ( 16 )
0

and J kyi dx m = P , (17)
0

-- two interface continuity conditions:

(dy /dx ) 5 , 3  = (dy m/ dx 1 )5~,,,~ 
( 18) 
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Fig.48 Loaded hole — single shear of the fastener

/d2 y /d2 y 1 = 0 , (19)
\dx 2 )x = a  ~~~~~ 

— my 1~(M)x=a +(M m )xi=b = 0 or I— —my +

— two boundary conditions of zero shear load at the pin ends:

/d3 y dy \
m— ) = 0 , (20)(Q)x=o = 0 , that is to say, (,~

-
~
j—-

~ 
—

and (Q m )x 1=o = 0 , i.e., 
(~~~

-
~

_ 
~X!)

dx~ 
m

d 
= 0. (21)

x~ x 1 0

— Finally, the remaining two conditions both depend on the axia l pressure:

For pins with free ends , the two conditions of zero bending moment are

/d 2 y ~ = 0 , (22)(M)
~~ o = (~~~~~ my

1 0

1d2 y1 
= 0.  (23)and (M m )x = ~ 

= 
~~~~

j - — my 
x 1 0

In the case of tight-fitting bolts and assuming perfect clamping of the shank ends onto the outside strip surfaces ,
the two conditions of zero slope are

(dy/dx)~~ 0 = 0 (24)

and (dym /dx i)x m~~ 
= 0. (25)

These conditions have been developed in Reference 57 and have yielded the coefficients and second members of the set
of linear equations which determine the values of the constants A . B , C, D,A 1 ,B1 , C m and D1 of the two general
solutions relating to the two pin segm ents:

y = A sin wx sh~ x + B sin c~x ch~ x + C cos wx sh~ x + D cos~~x chipx . (261

= 
~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~ 

shcpX m +D m cos~~x1 ch~px 1 . (27)

When conditions (20) and (21) hold, conditions (24) and (25) become B = C = 0 and B1 = C
~ 0. The coefficients

are shown in detail in Figure 49.

-.
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Fig.49 Matrix elements of the equilibrium and boundary equation set of the deflection in single shear

With d/w = 0.2 , k = E and k/Ef = I , Figure 50 shows results of numerical computations for the c.ise a = b.
It may be seen that the axial tightening of bolts or rivets has a fundamental influence on stresses and dmsp lacements mn
the single shear case. With the usual values of a/d ranging from 0.4 to 0.6 , displacements and bearing load concemitrati ons
are very much imicreased if, owing to a manufacturing defect or to loosening in service , t he axia l tightening is low , t hus
nullifying the holding effect of the fastener heads. Moreover , very long rivets (a/d > 0.6) having an enclosed total strip
thickness greater than 1.2 diameters tend to behave in the same way as free end pins.

The actual stressing , by shear stresses at the hypothetical interfaces of the thin laminae which are assumed to
const itute the actual mass of the strips, must st iffen the strips at bearing concentration points and increase bearing load
concentrat ion factors, w hereas the local flattening of the pin cross section must have the opposite effect. For lack of
ot her information , it has been proposed57 to app ly again the correction suggested by the results 01 displacement tests
in symmetrical assemblies under double shear , that is to say, the correct ion

(a)cor mected = (a) computed ~0.8 + 0.3 

~
). 28)

For the limiting case of Len tight heads , Figures 51 and 52 give the dtf lection coefficients amid the bearing load
concentrat ion factors. The influence of the thickness ratio , b/a , is shown better imi Figure 53. For the short fastener
shanks , deflections amid Kq-va lues are comparable with those of the symmetrical double shear case , but they increase
and tend towards the values of the single-shear case with the increase of a/d

5.2.4 Evaluation nj Stress Concentrations

With the two causes of stress concentration at a fastener hole edge, either by the external loading of the sheet or
by the bearing load transferred by the fastener , the highest stresses occur at the ends of the hole diameter perpendicular
to t he direction of load. The fatigue crack source to be considered being at the same point at the interface ofjoined
sheets , the stresses may be superimposed. However , there is a difference between the two causes mmi that the stress
concentrat ions due to bearing are always in tension , since the bearing pressure applies to the opposite half of the hole
surface when the sign of the load changes. Figure 54 illustrates this behaviour in the more frequent case of fat igtme
critical fasteners , w here no compressive stress occurs although the external loadimig changes from tension to compre ssion.
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Suppose that a strip, of width w and thickness t , is subjected to a direct tensile load and to a transferred load, P~
appliei’ to a hole surface by a fastemier ; the highest stress . Smax  . is the sum of t hree terms defined as follows:

— The direct concentratio n stress . ~~~~~ . due to the direct strCss (S~ 
— P1 fwt )  bypass ing the hole, is

= iS 11 I’~ \ 5 t  I , (29)

where K~- is the usual s t ress  conc entratio n i .~ t r  r r c s p  n d i n g  ii’ the hole whemi plugged by the fastener shamik
see Figure 45).

- The st r es.s  i ~,ni. i -n ! r J t i n due to t h~ 1r~J ’ : s !  rr 1 1 - 4 1  ~~~c is Is t , it tw o  terms:

the term corresponding to  the mi -a n / i  ar t  t i -  ( IF - - ~r P ~
‘ - td = 

~~~~~ 
, is

2 = 9_~ eami 
~~ • I ’ I m  , (30)

where A = d - w  -

the term corresponding to the ~~
- ,,Jar h arnie liad ~~ is

~ Smax 3 C 
d 

+ )~ I ~ ~~~n J s  2~~ q I)  . t 3 l )

where is the hearing load concentration ), iLt r - and
c is a correction coc lt iciei i t  whii.h should take ,iccouiit of the lessening of the stress concentration

from the point of bearing load con. cn t r a t l ii to that of highest tensi le st rcss , and of the possmb le
oppos ite effect of the strips being composed ni separate thin sheeti~. Until other information is
available , c will be assumed equal to I. - 

-
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Critical fastener holes correspond to high values of the bearing load concentration factor K~ and it is noteworthy
that , despite some incursions of the external loading into the compression domain, the highest stresses at hole edges will
be tensile in most cases , if not always , for areas of aircraft structures that are stretched in level flight.

In structural regions where the nominal stresses are compressive in level flight , fatigue cracks often occur in thin
sheet skin at points where the compressive skin buckling creates bending tensile stresses near the ends of stiffeners ,
reinforcing strips or fittings.

With heavy compressive stresses , fatigue cracks may occur at the edge of an open hole, owing to the plast ic
accommodation of the stress-strain fatigue cycle. From labor. tory tests at CEAT (Ref.70), the crack propagation rate
is very slow compared with that of the tensile-tested specimen. This mode of fatigue cracking is not possible when
fasteners are without significant clearance.

However, although this is rare, fatigue cracks may originate from tensile stresses result ing from bearing stresses
due to the compressive loads that are transferred by the critical fasteners.

5.3 Distribution of Transferred Loads in Strips Joined by Fasteners

From Reference 57 , it is useful to recall the following summary and discussion.

In order to avoid outside protrusion or roughness, local reinforcements of aircraft wing skins and fuselage skins are
often put on inside surfaces and their fasteners are stressed in single shear. The same is true for fasteiiers attaching
ancillary equipment or its mounting onto internal members of the structure such as fuselage frames or thin webs of the
wing or tail spars. These additional components are stretched , owing to the elongation of the members underneath,
and their reactions overload the main members at the edges of fastener holes. Besides the higher bearing concentration
factors occurring in practice for vanous cases of single shear, the further example considered emphasizes the practical
importance of the general problem of the additional surface elememits stretched by the elongation under load of the
principle structural members below them, in which premature fatigue damage may occur at overstressed holes.

5.3.1 Formation of Equations

In the case of double shear , the assembly investigated and its model are represented respectively in Figures 5 5(a)
ami d (b), after VogL5 

~. With the same notation , Figure 55 (c) corresponds to the single shear case. Let P1, P2 P~_
and P~ be the loads transferred by each fastener , rivet or bolt. The tensile loads in the central strip of Figure 55(b) or
in the top strip of Figure 55(c) are

Q1 = . Q2 = + P2 Q1 = 
~ ~k (32)

with P1 = Qi+l ‘ Qt (33)



In the set of top and bottom strips of Figure 55(b) or in the lower strip of Figure 55 (c) ,  the tensile loads are

= P— Q  R1 = P— Q 1 . (34)
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Fig.55 Models of spliced joint and of reimiforced joint

The relative displacement of strips due to bearing stresses may be written as

a1 = P1f1 , (35)

where f1 is the coefficient of relative displacement between the strips, taking account of the local strains of rivet and
strips with respect to the state of stress assumed in the calculations, i.e., the uniform distribution of the stress through
the strip widths and along the strip length between two successive fasteners which are origins of transverse Imnes at
which the tensile stress in the strip is assumed to vary in abrupt steps. With k = (I — A)E/0.8 , where X = d/w , d is
the hole diameter, w is the strip width, E is the elastic modulus of the strip, and with the values of y5ka/ P and

Yb kb/P given in Figures 50 to 53 as functions of Ef/k , a/d and b/a , the displacements yaj and y1,1 between each
reference line and the fastener centres may be computed. Then the relative displacements are

a1 = Yai + Y bj ‘ 
(36)

The theoretical elongations of the centre and side strips are respectively

Aai = aj Rjlj/ Ea Aaj and Abi = 
~jQj 1j /Eb Abj 37)

where l~ 
is the distance between the successive fasteners numbered i and i + I

Aa and Ab1 are respectively the cross-sectional areas of centre and side strips in the span l~ between fasteners
i and i + I

Ea and Eb are the elastic moduli of the strips .
a1 and ~ 

are coefficients which take account of the effect of the holes on the elongation of the strip. From
Equation (6), these coefficients are approximately I + (d/ / ) ( L 1.3/ ( 1 — X) 1 — I I for a plain hole; no value
is available for a plugged hole and so the same value will be used provisionally.

- -—~~~~~~~~~~~~—~~~~- ~~ —- - - -~~~~ —, - -—- -- ——-----—-~~~~- - - .~~~~~~~~~~~~~~~
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Within the distance between two fasteners , the compatibility of displacements implies

a1 — a1.4.~ = Aai — AbI (38)

and, with

a, = P~fj and P~ = Q~ 
— Qj. ,.I

I I-cr 1-13- 1 P/ a
~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~ ~~~ L ( 39)

a am b bi a am

In the case of a spliced join t , the boundary conditions are

Q0 = 0 and Qn P. 440 )

in the case of a reinforc ing str ip of symmetrical design with respect to its middle cross sectio n , t he houiidar~ Lond itmo ns
are

Q0 = 0

at both ends, and

a~+1 = 0 or 
~ +i P~+i = 0

at the middle plane of symmetry.

If , instead of one row of fasteners, there are m parallel rows, the load transferred by each t , i st e i i e r ) * - - II

P = (Q1 — Q~_1)/m

and f1 must be replaced by f1/m in Equation (42).

5.3.2 Example of Elasticity Computations of Load Transfer and Stress Concentrations
in a Reinforcing Strip

As for other examples treated later , this examp le corresponds to actua l fatigue damnage occurring durmm lg a iull-s~ ,m Ie
fatigue test carried out in the open air with the aircraft fuselage immersed in a tank of water. l’ollowing the ,iniI~ sms if

this damage, practical improveme-’ts in inspection and maintenance procedures have eliminated any rmsk of damage
occurring in actual service. In soi~ie cases the original data have been modified so as to make possible a simplm l’ied
explanation of the technical aspects of the problem, but the stress levels an d values of the stress concentratmon (actors
have been preserved in order to retain the full value of the conclusions.

The reinforcing strip is represented in Figure 56. This strip was attached to the imiside surface of an aircraft wing
lower skin between two adjacent stringers .

The problem data are as follows:

— Skin of 2024-T3 aluminium alloy sheet. Thickness a = 4.8 mm, Ea = 70,000 N/mm 2 . 2024-T3 extrusion
stringers. Cross-sectional area of the skin and of the associated stringer, Aa = 1000 mm2

— Reinforcing strip made from 2024-T3 aluminium alloy sheet, Thickness varying from 1.5 mm at the ends to
3 mm at the middle cross section; width = 65 mm, Estrip = Ea .

— 4 mm-diameter steel rivets in two rows 45 mm apart. The part of the strip associated with one row of rivets is
32.5 mm wide. Enve t = Ef = 210 ,000 N/mm2 .

— Ratios:
The effective width of the skin and its associated stringer may be taken as Aa / a  = 104 mm ; d/w 4/ 104 = 0.04
and k ( l  — d/w)E/0.8 = l.2E .
The corresponding ratio Ef/k is 210 ,000/(70,000 x 1.2) = 2.5 .

In the reinforcing strip, d/w = 4/32.5 0.123 and k = 0.877E/0.8 = 1 . 1  E and E f/ k = 2.7 3.  The cross-
sectional areas of the strip are given in Figure 56. a/d = 4.8/4 = 1.2.
In the computation of a , the average value Ef/k  = 2.6 is used. b/a varies from 1.59/4.8 = 0.33 to

3/4.8 = 0.625 .

Computations not reproduced here show that the part of the load transferred by the first , most critical rivet depends
only little on the exact values of Ef4 = Ed/P = (E/P)[K q + (a/b)K q~ 1 . Therefore, the interpolation used to derive
values of K~~ and Kq~ from Figures 50 to 53 may be q~.1ite crude.
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On the average , forpins with free ends , a = 10 P/ka and Efi = Es/P = (8ka/P)(Ef/k)(E/Ef)/a = 10 x 2.6(70,000/
2 10 ,000)/4.8 = 1.806 ; for the other limiting case of clamped rivet heads , a = 5.7 P/ka and Eli = 0.98 . For two rows
of rivets and with the correction factor 0.8 + 0.3 (E/Ef) = 0.9 ,

Ef./2 = 5 0.8 1 for pins with free ends, and

~. 0.44 for the clamped head case.

Dividing f1 by 2 and multiplying all the terms of the Equation (39) by Ea = Eb = E , we have

—Q1 1 ~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~ = ~~~P (43)

The terms a1hi/A ai have the values 0.041 for i = I , 2 ,3 and 4 and 0.049 for i = 5. The values of the terms 131/j /Abi
are 0.475, 0.29, 0.26, 0.23 and 0.255 for i = 1 ,2 ,3 ,4 and 5 , respectively. From this, the following matrix equations
are obtained after their elements have been multiplied by a common factor so that all subdiagonal elements become
equal to —I .

— Case of pins with free ends (loose rivets):

2.637 — l
—l 2.409 — l Q2

—l 2.372 — l Q3 = I x 0.0506P ,
— l 2.335 —l Q4

— l 1.365 Q~ 1.195

the solution of which is:

Q1 = 0.0537P , Q2 = 0.O9lP , Q3 = 0.ll5P , Q4 = 0.l3 lP and Q5 = 0.l4OP ,

= O.027P , P2 = 0.019P , P3 = 0.012P , P4 = 0.008P and P5 = 0.OOSP. 

~~~~~~~- - ----- - . - -~~~~---- --~~- 
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— Case of clamped fastener heads (very tight rivets):

3.173 —l  Q1 
-

— l 2.75 2 — l Q2
—l 2.684 — l Q3 = I x O.0932P ,

— l 2.616 — l Q4
—J 1.672 Q5 1.195

the solution of which is:

Q~ 
0.0614P , Q2 = 0.IOl7P , Q3 = 0.1252P , Q4 = 0.1413P and Q5 = 0.l5llP .

0.0307P , P2 = 0.020P , P3 = 0.012P , P4 = 0.008P , and P5 = O.OOS P.

Now it is possible to compute the overall stress concentration factor for both tensile and compressive nominal stress.
The nominal stress is S0 = P/A a = P/ I 000 .

From Figure 45 , for low interference fasteners , the stress concentration facto r of axially applied stresses is about 2.
The partial stress at the hole edge is

~ Smax 1 = 2S0

since the nominal stress is not significantly reduced by the transferred load 2P1 . The second term corresponds to the
mean bearing load. On the average of the two cases , P1 = 0.03P = 30S0 ,  and

ASmax2 = ~~ (1 + X2)/( 1 ‘
~~~~ 4 x 4 8

5n =

The third term corresponds to the secondary bearing load resulting from the inclination and bending of the fastener shank.
It should be multiplied by a correction coefficient , c ~ 1 , the value of which is not yet known and is taken as I:

h~Sm ax3 = ~ Smax2(K q3 I)
~

where K a 
= 5.3 for pins with free ends (Figure 28 of Reference 57 , a/d 1.2, b/a 0.33 and Ef/k = 2.6) and

Kq~ = 2.~ for clamped fastener heads (Figures 52 and 53 , a/d = 1.2 , b/a = 0.33 and Ef/k 2.6). Then,

— 5 7S~ for pins with free ends, and
X 1,2.1 2Sn for clamped heads.

In tension the overall maximum stress is

s — 
Jl0.65n or

max — 

~~ 
5.8S~

In compression , S0 ~ 0 , for high negative Sn-values , the load transferred by a fastener tends to create tensile
stresses at the hole edge, As long as the bearing load is transferred by the whole of the hole surface , owing to the
pressure being reduced over one half of the hole surface and increased over the other half , the stress concentration due
to the transferred load is divided by 2 as long as contact is maintained, i.e ., longer in the presence of miominal compression
than in the case of tension with an interference-fi t fastener. Moreover , the stress concentratiom i factor associated wmt h
the direct compressive load bypassing the hole will be I. Therefore, an upper limit of t he ratio Smax l S n will be obtained 

—

by replacing ~ Smax i /S~ of the tensile case by — 1 , the other partial values being considered as upper limits to~
~ Smax 2/ Sn and i~Smax 3/ Se . In the present case, the values are:

~Smax i/ S n = — i

~
5max 2/ 5 n ~ 1.63

7 for pins with free ends , and
~s ~/s ~~max n (2.12 for clamped heads.

Superimposing these values we obtain the upper limits of the tensile stress concentration factors for a compressive
nominal stress:
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~ 
~ 57.63 for pins with free ends , and

max n 12.78 for clamped heads.

This means that fatigue cracks due to compressive nominal stresses would occur in compressed regiomis only at badly
designed fasteners.

5.4 Computation of Damage Adjustment Factors

As defined in Section 5.1 , the damage adjustment Jbctor , kDA . is mainly a multiplying factor for all load levels
used in connection with laboratory S--N curves uf miotched specimens , to make the value I of the Miner damage
correspom id to the physical damage occurring durimig a full-scale fatigue test. The value of kDA so compute d may be
used (a) in comparati ve computation of fatigue life with other loading spectra , and (b) in fatigue life evaluation for the
same environment and a slightly modified local design .

5.4. 1 Superposition of Stress Concentra tions

To clarify our ideas , we consider the case of a wing box lower skin imi a region containing a number of fuel tank
access doors , some numbers in the examp le being modified for publication. In the course of a full-scale fatigue test in
t he open air , and after 8000 cycles of a severe loading programme that was applied on a flight-by-flight basis , fatigue
crac ks appeared at fastener holes of access doors in the machined skin. The seveii cracked door frames and the
mieighbouring structural elements had the same technical desigmi but differed in skiii thickness , and the local stress levels
var ied slightly. The firs t visible crack appeared at a fastener hole in the less severely stressed door frame , which was
attr ibuted to a possible increase of scatter due to corrosion amid control movements during operation. More carefu l
investigation by means of au eddy current sensor then revealed other cracks , some tenths of a millimetre long, hidden
umider fastem iers located at six access doors. Figure 57 shows (a) the sketch of the wing box structure considered,
(b) the door assembly, (c) a schematic diagram of a typical problem, (d) the stress distribution on the door , the
fastem ier holes being neglected , and (e) the superimposed stress distribution on the fastener.

In an infinitely extended plate , the stress distribution S~, under a stress of S,~ S , applied some distance from a
circular hole of radius a , is

S~./S = I + (a/x) 2[0 .5 + l.5(a/x)2 ] ; (44)

from the general expression for ami elliptical hole (see Reference 21 , p.140):

S~~S = I +( l  +k ) u [~~~~ +( l  _ k ) 2 u(l .5 + ku)]

(1 + k ) [ x  [f fx \2 4k 11 I — b / a
where u = 1 I ( E 2 — k ) ,  ~ = I — + A t < l — l  — H. k

2 [a ~ ( ‘, aJ (1 +k) 2
J1 1 + b/a

and then k is equated to zero.

For the plate of finite width , w , conta ining a circular hole of radius a , the distribution of Sy /Smax has been
computed from numer ical data (Howland62 ) as follows:

d w  Sm a x /S 1 X~~i 
- 

I 1.025 1 .05 1.075 1.1 1.15 1.20

0.5 4 .32 1 0.875 0.770 0.700 0.637
0.4 3. 74 1 0.886 0.795 0.723 0.665
0.2 3. 14 I 0.944 0.894 0.850 0.810 0.742 0.686

L~
W = ao) 3 I 0.945 0.895 0.852 0.8 12 0.745 0.690

The last row is computed from the expressiom i (44 ) w ith Smax /S = 3 and corresponds to an imifim iite plate. For
0 ~ d/w ~ 0.4 , this expression is sufficiem itly precise to be used in comijunctiomi with ami approximatiomi to the stress
concentration factor:

/S = ! [I + (a)
2 

{o .5 + I (a)2}] (5m ax /5) (45)

In the present case . d/w = 300/ 1500 0.2 and the stress concentration factor is Sm a x iS = 3. 14. In the radial
direction , t he stress distribution is
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(x - - - a )mnmn = 0 7.5 10 12.5 IS 30

x/a I 1.05 1 .067 1 .083 1.1  1.2

S5 /S  = 3.14 2.8 1 2.72 2.63 2.55 2. 17

It ma~ be seen that , near t he edge of a large circular hole and around the position of a small hole iiot yet machined,
5,, S = 2. 72 and tiic relative stress gradient in the radial direction is I I / S ) ( a Sj a n )  - - 0.013 . Using x/ r as re lat ise
coor dinate , w here r is the curvature radius 01’ an e lliptic hole at the point of maximum stress and a is semi-major axis .
it has beemi shown (Reference 2 1 , p.1 42, Figure 4. 12) that the distributions of Sy /S max are similar for ellipses with
r a rangimig from 0 (thin slot ) to 0.1 . and for the circle with n a  I - Extending this property to any plane str ess
concentrat ion, it will be assumed t’rom exper iemice that the stre ss distribution is kmrnwmi . multiplying Smax / S = K1 by

~ {l +(
~~
)

2

{o.5 ÷ (a)
} J

.~~~ax.

8 

_ __ _ _ _

6  _ _ _  

~~~~~~~~~~~~~~~~ max.

~~ From 508EV
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Figure 58

Returning to the actual rectangular door , for an infinite plate , Sobey 7m gave compute d values ot the s tress concentra-
tion factor as shown in Figure 58. With b/r = 0 amid a/r = 50/ 150 = 0.33 . K’s’ = 2.6 . instead of S for a Lircular hole.
Multiply ing the previous distribution by the correction factor 2.6/3 yields S~,/S = 2.7 2 x 0.87 = 2.37 at the centre of ’
t he fastener hole.

F~r the -~‘~~~r hole , cons idered alone , the model used would be that of Figure 59 , t he hole cem it re being distant
10 mm from the edge of an infinite plate~

2 . With d = 2a = S mom amid c = 10 mmii . a/c = 0.25 . hence SA , S = 3 .1
S R :S = 3.08 and Sc /S = 0.~

) 
- At the edge of the fastener hole, the critical point is A where S,,.A . S = 3.l~ for

S = 2.3~ S - 
-

Therefore , ( he s tr e ss cimnc en t ratioil factor evaluated at point A in the door aperture would he 2.37 x 3. 19 =

‘rhis value should be increased further by a possible contribution of the load transferred by the fastener.  Although
fasteners are installed with clea r :ince . a s - tress level of I Of) N mum 2 might produce au elongation of 100 x I 00 70.000 = I I
0. I4 mm, w hich might de str oy the ctearamice effect amid give place to bearing stresses over the fastener hole surface. 



a/c 0 
_ _ _ _  _ _ _  _ _ _ _ _ _ _ _  _ _ _

54/ s  3 3. 04 3.12 3.25 3.40 3.70 4.85
5,/S 3 3.02 3.05 3. 10 ( 3.15 3. 18 3.30
Sc /S 1 p.95 0.90’ 0.~~cj ~~~8O 0. 70 0. 50

5Ac mean”5 1 1. 12 1.25 1. 39 1. 55 1.72 2.36

From MINOLIN SESA - V-No. 2 , 1948 .

Figure 59

5.4.2 Breakdown of Test or I-’lig/m t Loading into (‘ompo lments for Danj age (ah- m ~la Iiinm

Independently of the formula used to compute numerical values oI’ f a t igue damage , the breaking down ot time-
dependent loadimig imito components is very i m portant in the practical interpretation ol I at igue tc si - ’. In the ear ls days .
full-scale fatigue tests used for fatigue life determination of aircraft were pertormed h> consta ntI~ applying to a ircra ft
wings the equilibrium loads of level flight and by superimposing the repeated application of senimc a l gust loads corres-
pomiding to a gust velocity of 10 ft per second amid occurrimig tem i to twenty  times during a im average flight. Dam age
coniputat iomiS using the Mimier—Palmgren rule were made by splitting the flight loads into a so-called ground-air-ground
var iat ion , between level (light and ground mean loads , ami d a series of alternating loads around each of the mean toad
values. Th is “ground-air-groumid” component gave a lmost negligible computed damage , a lthough some t e s t s  omi small
notc hed specimens or assemblies amid the service behaviour of aircraft structu res suggested that the actual e f f ec t  01’

return ing to the groumid condition was important if not predominant.

In order to take account ol the ground-air-ground transition , it has been proposed ’tm3 to break down the diagram of
loads applied dunimig one flight into one fundamemital compoiient , defimied by the highest and the lowest levels of the

load programme . and complementary alternatimig loads. This peak-to-p eak de imiimtio mi attributes to the ground-air-groumid
tram is itioii an importance comparable to the actual importance. Figure 60 illustrates the decomposition in the case used
to exp lain the damage computation procedure. 
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l-ig.60 Breakdown (it one-Ilight simulating test loading into co mistant amplitude co mponents

For examp le . t he nominal bending stresses applied to the structure com i~m dered previously art’ split into cons tan t

amplitude components as follows:
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fur 1500 severe one-flight programmes:

Sm a x  Sniin 
~ 

Salt Smean n per programme
N/mm 2

peak-to-peak 97 — 8, 7 52 .85 44.15 I
. 36 6 1 2.5a lterm iatm ng components: 

22.5 6 1 32 .5

for 3500 m oderate one-flight prograntmmes:

pea k-to-peak 76.3 — 8. 7 42.35 33.8 1

. 26 .1 50.1 2.5a lternating coniponemits 
L 

16.3 50.1 32.5

These miominal stresses would be too low to produce am iy damage in the absence of stress concentration. They must be
multiplied by an appropriate factor so that the Miiit ’r damage may be computed , using a suitable region of the S N
curves. Figure 6 1 shows a set of (K T S3 N) KT Sm curves for AlcIad 2024-T3 :ituniimiium alloy sheet and notched
spec imens having a notch radius r = 1.5 m m .  These curves are considered representative for 3 mm- to S mm-diameter
holes.

6CC - - — - - - - __________________________________________

KISa -- 

~ 2024—T3 ALUMINIUM ALLOY SHEET
— — — - - NOTCHED SPECIMENS r = 1, 5 mm

N/mn~ — - - - - I REFERENCE CURVES
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Figure 6 1

The multiplying factor may be applied to loads such as forces , bemiding mmionients , etc. ami d to stresses , Applied to
nominal stresses, it becomes the damage-equivalent stress com icentration factor . KDE = KT kDA . lii order to obtaimi
compara ble values of the damage adjustme n t factor. k DA , the same set of S N curves are used f’or structures made
of Alc Iad 2024-T3 aluminium alloy sheet. This should allow us to clarify the relationship of kDA to certa imi
parameters of t he assembly.

B~ a short trial-amid-error procedure , the value KDI. = 7.86 has beeii determined such that the stresses KDI S
correspon d to unit value of the Miner damage: 

~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~ ._ _ _ j _ .__ _ . _ __,___.___._ ._._ __ ._ ._._ . 
.—------- - -
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PartialS~1~ Sitmieai i ii total Nallowable damage
N/.imm 2

4 16 347 1 .500 8,000 0.1875
283 479 3,750 23 ,000 0.1630
177 479 48 .750 140 ,000 0.348 2
333 266 3.500 2 1 .000 0.1667
205 394 8.750 100 ,000 0.0875
128 394 113 ,750 2 ,700,000 0.0421

Overa ll Miner damage = 0.995.

Now we assume a particular aircraft operation for which the cumulat ive f’requency of flight load levels . II = f t c ) .
c being the flight load factor , has been evaluated. Taking account of the iiecessary breakdowm m of each omie-f ’light load
progranime imito one “fundamental” , pea k-to-peak . groumi d-air-groumid load variation amid alternating components
around the lg- level , the raiige of c will be divided into classes omi each side of the value c 1 t hat would be reached or
exceede d once per flight on the average . With c ~ c 1 , each load is considered as occurring durimig omie particular flight
ami d the giound-amr-ground vaniatioii must be used in damage computatiomi. Omi the contrary, w ith e < c 1 , the loads
occur sevec~! times per flight and will be considered as alternatimig around the flight level load. In the presemit case and
w ith one mean typical flight , t he classes of the load programm e would be as follows:

= 0.488
—~~~H = l

0.15 0.25 0.35 0.444 0.544 0.65 0.75 0.85 0.95

~ H 83.5 23.5 6.2 1.8 0.68 0.22 0.07 0.022 0.00

6.83 11.4 15. 9 20 25 30 34 39 43
Smean 49 49 49 49 28.5 31 33 35.5 37 .5
Smin —17 — 17 — 17 — 17 —17 N/mni 2

Smax 74 79 83 88 , 92
Salt 6.83 11.4 15.9 20 45.5 48 50 52.5 54.5

These nominal stress values must be multiplic ’ by the damage-equivalent stress concentratiom i factor , KDE = 7.86
deduced from the fatigue tcst and corresponding to unit value of the Miner damage computed with the fatigue test
duration corresponding to the actual damage considered. Themi , the alternating amid mean steady values of the stresses
become

S~~ 53 90 125 157 358 377 393 4 13 428 1’N 2
Smean 385 385 385 385 224 244 259 279 295 ~ 

/nim

83.5 23.5 6.2 1.8 0.68 0.22 0.07 0.022 0.008
N/ b 4  2~~000 4000 400 70 2 1 4  I I 09  067

l0~ d 0.003 0.006 0.0155 0.0257 0.340 0.1571 0.064 0.0244 0.0119

The damage per typical flight is ~~~H/N = 0.65 x i0-~ and the fatigue life would be evaluated as 10.000/0.65 =
15 ,400 flights.

Using a reserve factor of 3 and considering an actual aircraft , it would be recommended to apply before
15.400/3 = 5 100 flights the maintenance procedure of hole reaming, eddy torrent contro l of the absence of nmicr i)(- ra ( ’ks .
cold-work burnishing of the hole sur face and the installation of fàste,mers of increased dianmeter . This procedure eliminates
possible microcracks , re freshes the metal and improves the surface condition by creatimig su rface compressive residual
stresses , thus extending the fatigue life considerably.

The damage computations are essentially comparative amid the results are independent of any elasticity calculation.
In the present problem, elasticity calculations related only to the limiting case where the fastener clearance was large
enough for the access door to remained unstressed. The other limiting case of tight fastemiers transferring some part of
the load to the door is too complex and was not considered.

., -- - - —--- ~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~~ 
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5.4.3 Interpretat ion of Fatigue Tes t Results on Jo ints in which Loads are
Transferred Through Fasteners

in some cases , assemblies damaged during fatigue tests have simple local features facilitating the determinatiom of
the stress concem itratiom i factor. Numerous slight fatigue cracks . discovered after the completion oh’ lull-scale fatigue
tests whemi dismamit limig assemblies in areas w here damage occurred , have led to several miumerical imiterpretations fromim
which a relation might eventually be established betweem i kDA and certain assembly parameters.

We cons ider agaimi the examp le of a reinforcing strip riveted onto the inside lower skin of ami aircral’t w ing between
two strimige rs and for which the elasticity calculation of Section 5.3 .2 yielded the following values of the stre ss
concentrat ion t’actors:

K = 5 10.6 for pins with free ends , ami d
T 5.8 in the clamped head case.

Test stresses were computed from the test loading. Then compressive values of the nominal stresses were neglected
and assumed to be zero since , as explained in Section 5.2.4 , t he predominamit part of stresses is due to bearing pressures
t hat are created by the loads transferred through the fasteners. For 7100 one-flight programmed loadings of two
differemit degrees of severity, the miomimial temisile stress variatiomis were :

5ait 75 48 30 69 44 27
5nmean 75 100 100 69 95 ~~ 1 N/ mm2

L mi 1500 3000 49,500 5600 11 ,200 185 ,000

A short trial-amid-error process supplied the value of the damage-equivalem it stress concentratiom i factor as KDE = 4.9 .
The stresses become KDE S and , by using the reference curves of Figure 6 1 , the computed partial Miner damages are:

Salt 368 235 147 338 216 132
N/mm 2

5mean 368 490 490 338 465 465 3

n 1,500 3 ,000 49.500 5 ,600 11 ,200 185.000
N 10,000 43,000 500,000 15 ,500 68 ,000 1.6 x 106

d 0.150 0.116 0.099 0.361 0.165 0.115

The overall damage , when the test damage occurs , is D =

From the conclusions of investigations by damage computation of other test results , it seems that rivets or bolts
installed with the usual axial tightening have a noticeable clamping effect and that it is suitable to use as reference the
stress concentrat ion factor computed in the limiting ease of a theoretically perfect clampimig of the fastener shank on
the outside assembly surfaces through the head stiffness. This defines the kDA damage adjustmemit factor as
kDA = KDE/ KT = 4.9/ 5.8 = 0.84 .

It is possible to arrive at a lower limit of the fatigue life increment due to the replacemem it of t’asteners during
maintenance. The beneficial effect might be provided (a) by a slight change in the distribution of loads transferred by
the fasteners , (b) by a reduction of the bearing stresses and of the corresponding stress concentratiomi factor due to
increased fastener diameter , and (c) by improving the hole surface condition by finer machining and, in case of cold-
work burnishing, ow ing to the surface compressive residual stresses delaying fatigue crack initiatiomi before beimig
reduced by fatigue accommodation , Only the items (a) and (b) may be refined by elasticity calculatiomis.

In the present case of a reinforcing strip, it is assummed that the two cu d  4 mm-diameter rivets amid the two miearest
rivets are rep laced by 5 mm-diameter rivets. The procedure described in Section 5.3.2 yields: average Lf/k = 2.46 ,
average Ef~/2 = 0.42 , ~ili/A ai = 0.047 for i = I amid 2 , ~IlI/A bI = 0.485 for i = I amid 0.309 for i = 2
K = 1.82 for i = I . Other numerical data are not modified. The distribution of the transferred loads, which was:

0.0307P , P2 = 0.020P . P3 0.Ol2P , P4 = 0.008P , P5 = 0.005P becomes: P~ = 0.0297P . P2 = 0.0l99P . etc.
It is seen that the load distribution is practically unaffected. The compomients of the maximum stress at the first fastener
hole are

- - direct temisi le loading: Sm a x  I = 2S0 (not modified),

1.04 x 30
mean bearing load: Smax 2 = 

5 x 4.8 
S11 = I .3S~

imistead of I .63S~ (increased rivet diameter). 

- _- .i__._ 



— secondary bearing load: 5max3 = (K q~ 1)5max 3 = 1.3 x 0.82 = 1.07 .

The maximum stress at the critical emid rivet hole becomes

Smax = 4.4Sn instead of 5.8S~

Assumim ig an actual aircraft , with the following statistical loading programme per mean typical flight:

Salt 12.4 20.6 28.8 36.7 68.4 73 77 8 1 85 
~ N 2

Sm 92 92 92 92 68.4 73 77 81 85 ~ 
/mm

~ H 83.5 23.5 6.2 1.8 0.68 0.22 0.07 0.022 0.008

and using the preceding damage-equivalent stress concentration factors:

J 4.9 before maintenance inspection and repair , and

1, 3.7 after maintenance.

KDES stresses and the corresponding partial Miner damage are as follows:

— Without or before maintenance repair:

KDESaIt 61 101 141 180 335 358 377 397 417 1 N/mm 2
KDE Smean 451 451 451 451 335 358 377 397 417 i

83.5 23.5 6.2 1.8 0.68 0.22 0.07 0.022 0,008

N 3 x 10 8 l .2x 10 ’  106 l.6 x 10~ 16,000 13 ,000 11 ,000 7500 6000

l0~ d1 0.003 0.02 0.062 0.113 0,425 0.169 0.063 0.029 0.013

The overall damage is 0.9 x b0”~ per flight. With a reserve factor of 3 the safe life before maintenance inspection
and repair would be:

l0 ,000/(0.9 x 3) = 3700 flights .

— After maintenance repair:

KDESaIt 46 76 107 146 253 270 285 300 315 1 N/mm 2
KDE Smean 340 340 340 340 253 270 285 300 3 15

83.5 23.5 6.2 1.8 0.68 0.22 0.07 0.022 0.008

N 5 x l0~ 2 x 108 1.8 x 10’ 3 x 106 70,000 50,000 42.000 29,000 24,000

l0~ d1 0.0002 0.0012 0.0034 0.0060 0.097 0.044 0.017 0.008 0.003

The overall damage is d = 0. l 80 x l o~ per flight With a reserve factor of 3. the safe life before the next
maintenance inspection would be:

lO ,000/(0.l8 x 3) = 18 ,500 flights after the previous maintem iamice and repair.

This conservative evaluation takes no account of the improvement obtained by reaming to produce a limier surface
condition.

6. CONCLUSIONS

A survey of available data on th e fatigue behaviour of miotched specimens made fro m commercial aluminium
alloys yields the following conclusions:

(a) In the representation of fatigue test results on notched specimens , t he stress concentration factor K1 is

not a sufficient parameter. Here the effect of the stress gradient is accoumited for by using the surface stress
K1S and the notch radius r

(b) Even with 3 to 6 specimens at each load level , the experimental set of results , (KiSa N) KT Sm , for severa l
notch radii , does not give a coherent set of curves. In no case was the number of specimens sufficient to
eliminate the effect of the scatter in determining mean 5- N curves. 
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(c) The surface conditions of thin sheets , such as are produced by cold-working, electrolytic polishing, aluminium
claddimig, etc., produce a larger fatigue life variation than t hat corresponding to various aluminium alloys for
a similar surf ’aee condition.

(d) The efl’ect of the loading time-frequency is known only from laboratory tests on small specimens or very simple
assemblies.

(e) The corrosiomi ef ’fect of outdoor day-night temperature variations, and hence water condem isation , and of
similar ground-altitude-groumid variatiomis were investigated only by flexure bending of small notched specimens
made of 2024-T 3 amid 7075-T o aluminium alloy sheet materials at the NACA Langley Field Laboratory , amid
during the littigue crack propagation by axial loading of centre-notched specimens niade of the same material.
It is miot yet possible to eval umate whether the fatigue life of actual structures under the service environment
differs broadly or litt le fro m those obtained in laboratory tests where the room temperature is almost constant.

The interpretatiomi of full-scale f’at igue tests on aircraft structures or components undertaken by several manufacturers
or laboratories would yield data of general use only if all the details were published or if a general consensus were reached
on t he interprefatiom i methods amid particularly omi the reference S— N curves to be used in the interpretation. In the
absence of S N curves representative of the service environment or outdoor full-scale fatigue tests , an arbitrary modified
set of (KT Sa N)- KT Sm curves (see Figure 61) for AIclad 2024-13 aluminium alloy sheet has been used in France in
the interpretation of ’ a num ber of fatigue tests.

Two exa m ples of interpretation are given. Despite some changes in the data , stress levels and stress concentration
factors have retaim ied the orders of magmiitude of the original data.

Using Miner’s formula for cuniumlative damage, interpretation consists in obtaining values of the “damage-equivalen t ”
stress concentrat ion factor , KDE , and then comparing them with the theoretical stress concemitration factors . KT t hat

result from elasticity calculations. When the reference specimens , the fatigue tests of which are represented by the S - N
cumrves used in computing KDE , are made of the same material as the structure considered, have a comparable notch
radius amid are machined usimig the same mamiufacturing process , the ratio KDE/ KT = kDA is close to 1. This result
indicates a correct assessment of K1 and supports the use of the same computation procedure and the same value of
kDA in any evaluatiomi of the fatigue life of the structure , either after a slight design change or for modified load spectra
corresponding to a different service use .

In actual structure s, the loads are transferred in joints through the shear of fastener shanks. The most critical stress
comicentrat ions exist at fasteners stressed in single shear. Approximate evaluations of stress concentration factors iii
single shear f’rom miumerically computed curves result from a general theory with two simplifying hypotheses for the
confirmation of which no information yet exists. Assessment of the change in fatigue life due to load variation or to a
slight local chamige in design is made by a reverse procedure which is theoretically exact when no change exists and which
mimiimizes the errors when the change is small, as in the case of fastemier rep lacememit after hole reaming, eddy current
comitro l and installation of a fastener of increased diameter.

It may be expected that any improvement in the elasticity computation of stress concentrations will further reduce
assessment errors. A comistant calculation procedure includimig the reference S— N curves , the theory of elasti c ity cakula-
tions with its hypotheses, t he method of decomposing varying loads , etc. , may supply values of K1, KDE amid k DA
namely the stress concentration factor , the damage-equivalent stress concentrat ion factor and the damage adjustment
factor , such that relationships might be foumid between kDA and geometric or elastic parameters of the assemblies
investigated.
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