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ANNOUNCEMENT

* The Department of Defense has established a pol-
icy which will require the Shock and Vibration Infor-
mation Center to make a charge for its publications
ard services. Pending a determination of prices, and
methods of ordering and delivering the Center's pub-
lications, the 39th Bulletin is being distributed without
charge as in the past. When costs and procedures
have been determined, all addressees who have been
receiving the Bulletin will be advised so that they may
make arrangements to purchase future issues,




v o

Spung
i HSELR U

ittt

it

CONTENTS

PART 2
Vibration
ELECTRICAL GENFERATION OF MOTION IN ELASTOMERS

S. Edelman, S. €. Roth and L. R. Grisham, Natinnal Bureau of Standards,
Washington, D.C,

CONTROLLED DECELERATION SPECIMEN PROTECTION SYSTEMS FOR
ELECTRODYNAMIC VIBRATION SYSTEMS

5 o olloldlic o 0.0 o o.dd g o o o e e 11
Lawrence L, Cook, Jr., NASA Goddard Space Flight Center Greenbelt, Maryland
CONTROL TECHNIQUES FOR SIMULTANEOUS THREE-DEGREE-OF-FREEDOM
HYDRAULIC VIBRATION SYSTEM . . .. . ... o 00 0.0 Dgb OQu0. 0 0,0 23
H. D. Cyphers and J. F. Sutton, NASA Goddard Space thht Center, Greenbelt, Maryland
*INITIAL REPORT ON EQUIVALENT DAMAGE MEASUREMENT BY UTILIZING
S/INFATIGUE GAGES . . . v . v v v v v vt v v e e v o 35

Thomas B. Cost, Naval Weaponu Center. Chlna Lake, Cahfornxa

HOLOGRAM INTERFEROMETRY AS A PRACTICAL VIBRATION MEASUREMENT :
TECHNIQUE ... .. ... ... 41

Cameron D, Johnson and Gerald M. Mayer, Navy Underwater Sound Lat;oratory.
Fort Trumbull, New London, Connecticut

RESPONSE OF AN ELASTIC STRUCTURE INVOLVING CROSS CORRELATIuUL»
BETWEEN TWO RANDOMLY VARYING EXCITATION FORCES ., ... . e e e e s 51

A, Razziano, Grumman Aircraft Engineering Corporation, Bethpage. New York and
J. R, Curreri, Polytechnic Institute of Brooklyn, Brooklyn, New York

AUTOMATIC NORMALIZATION OF STRUCTURAL MODE SHAPES . . . . .. s v v v v ¢ o 03

C. C.Isaacson and R, W, Merkel, Engineeripg Laboratories, McDonnell Alrcraft
Company, St. Louis, Missouri

*RESONANT BEAM HIGH "G” VIBRATION TESTING. . . + « v v ¢ t ¢ ¢ v o 2 o e o v v v o 71

B. A, Kohler, International Business Machines Corporation, Federal Systems
Division, Owego, New York

THE USE OF LIQUID SQUEEZE-FILMS TO SUPPORT VIBRATING LOADS

Brantley R, Hanks, NASA Langley Research Center, Langley Station,
Hampton, Virginia

0 000 ofg 0 o 77

POINT-TO-POINT CORRELATION OF SOUND PRESSURES IN REVERBERATION )
CHAMBERS . .. .. T T T T T 87

Charles T. Morrow, LTV Research Center, Weatern Division, Anaheim, Cahfornia.

ENVIRONMENTAL LABORATORY MISSILE FAILURE RATE TEST WITH
AERODYNAMIC FUNCTION SIMULATION . . . . .. ... C e e e s e e e e 99

Raymond C, Pinder and Gerald E. Berge, Naval Missile Center.
Point Mugu, California

APOLLO CSM DYNAMIC TEST PROGRAM o © e e EL T e a0

A. E. Chirby, R. A, Stevens and W, R, Wood, Jr., North Amertcan Rockwel‘.
Corporation, Downey, California

MODAL SURVEY RESULTS FROM THE MARINER MARS 1969 SPACECRAFT
R. E. Freeland, Jet Propulsion Laboratory, California Institute of Technology,
Paosadena, California, and W. J. Gaugh, Northrop Systems Laboratories,
Northrop Corporation, Hawthorne, California

SRl 23

*This paper not presented at Symposium.

iii




UPRATED SATURN [ FULL SCALE DYNAMIC TEST CORRELATION . .+ ¢ ¢ v v v v o 135
Charles R, Wells and John E., Hord, Chrysler Corporation Space Division,
New Orleans, Louisiana

AN APPROACH FOR DUPLICATING SPACECRAFT FLIGHT-INDUCED BODY FOKCES

IN A LABORATORY. . . .. . .+« .. 5 . o 147
S. M. Kaplan and A, J. Soroka, General Electrlc Company, Phlladelphla, Pennsylvama

FLEXURE GUIDES FOR VIBRATION TESTING . . . . .« ¢ v v v v v vt o s n s o s v o 3 157
Alexander Yorgiadis and Stanley Barrett, North American Rockwell Corporatmn,

Downey, California

A COMPRESSION-FASTENED GENERAL-PURPOSE VIBRATION AND SHOCK FIXTURE . 175
Warren C, Beecher, Instrument Division, Lear Siegler, Inc., Grand Rapids, Michigan

VIBRATION EQUIVALENCE: FACT OR FICTION? . . . i v v v v vt v o o v v o vt o s 187
- LaVerne Root, Collins Radio Company, Cedar Rapids, Iowa

PROVIDING REALISTIC VIBRATION TEST ENVIRONMENIS TO TACTICAL

GUIDED MISSILES" . . .. A0 MRSt G oo a oo 195
K. R. Jackman and H. L. holt General Dynamlcs Pomona, Callforma

*THE REDUCTION OF THE VIBRATION LEVEL OF A CIRCULAR SHAFT MOVING
TRANSVERSELY THROUGH WATER AT THE CRITICAL REYNOLDS NUMBER . ... . 217
Irvin F., Gerks, Honeywell Inc., Seattle, Washington

*ANALYSIS AND DESIGN OF RESONANT FIXTURES TO AMPLIFY VIBRATOR

OUTPUT ...... . 00 omimon0 O CacsoRc : o oo0o00o0 0 221
J. Verga, }lazeltme Corporatlon, thtle Neck New York

PAPERS APPEARING IN PART 1

Part 1 - Classified
(Unclassified Titles)

AN INTRODUCTION TO THE BASIC SHOCK PROBLEM
F. Weinberger and R, Heise, Jr., Naval Ship Research and Development Center,

Washington, D.C.

DESIGN INPUT DERIVATION AND VALIDATION
R. O. Belsheim, G. J. O'Hara and R. L. Bort, Naval Research Laboratory, Washington, D.C.

SHOCK DESIGN OF NAVAL BOILERS
D. M. Gray, Combustion Engineering, Inc., Windsor, Connecticut

MACHINERY DESIGN FOR SHIPBOARD UNDERWATER SHOCK
G. W, Bishop, Bishop Engineering Company, Princeton, New Jersey

SHOCK DESIGN OF SHIPBOARD STRUCTURES
R. J. Della Rocca and N, R. Addonizio, Gibbs and Cox, Inc., New York, New York

REVIEW AND APPROVAL OF DYNAMIC ANALYSIS
M, J. Macy and L. A, Gordon, Supervisor of Shipbuilding, Conversion and Repair, USN,

Brooklyn, New York

COMPUTER AIDED DESIGN - ANALYSIS FOR SHIPBOARD UNDERWATER SHOCK
M, Pakstys, Jr., General Dynamics, Electric Boat Division, Groton, Connecticut

CURRENT NAVY SHOCK HARDENING REQUIREMENTS AND POLICY
J. R. Sullivan, H, H. Ward and D. M. Lund, Department of the Navy, Naval Ship Systems
Command Headquarters, Washington, D.C.

SHOCK DESIGN AND TEST QUALIFICATION OF SHIFBOARD SYSTEMS/COMPONENTS ~
PANEL SESSION

*HARDENING OF SURFACE SHIPS AND SUBMARINES FOR ADVANCED SEABASED DETERRENCE
H. L. Rich, Naval Ship Research and Development Center, Washington, D.C,

*This paper not presented at Symposium..
iv




e

TOWARD A MORE RATIONAL BLAST-HARDENED DECKHOUSE DESIGN
Shou-Ling Wang, Naval Ship Research and Development Center, Washington, D.C.

COMPUTATICN OF THE MOBILITY PROrFERTIES OF A UNIFORM BEAM FOUNDATION
J. E. Smith and R, J. Hanners, Naval Ship Research and Development Center, Annapolis, Mar yland

AN ANALYTICAL INVESTIGATION OF THE DAMPING OF RADIAL VIBRATIONS OF A PIPE
BY CONSTRAINED VISCOELASTIC LAYERS USING AXIAL STAVES

R. A. DiTaranto, PMC Colleges, Chester, Pennsylvania, and W. Blasingame, Naval Ship Research
and Development Center, Annapolis, Maryland

*DAMPED CYLINDRICAL SHELLS AND DYNAMIC SYSTEMS EFFECTS

B, E. Douglas and E, V, ‘thomas, Naval Ship Research and Development Center, Annapolis,
Maryland

i APPLICATION OF SPACED DAMPING TO MACHINERY FOUNDATIONS

J. R. Hupton, General Dynamics, Electric Boat Division, Groton, Connecticut and H, T. Miller and
G. E. Warnaka, Lord Manufacturing Company, Erie, Pennsylvania

*ROCKET SLED TESTS OF THE AGM-12 “BULLPUP” MISSILE
Robert D, Kimsey, Naval Missile Center, Point Mugu, California

AIM-4D FLIGHT MEASURFMENT PROGRAM
R. P, Mandich and W. G. Spalthoff, Hughes Aircraft Company, Canoga Park, California

*AEROELASTIC ANALYSIS OF A FLEXIBLE RE-ENTRY VEHICLE

: H. Saunders and A, Kirach, General Electric Company, Re-Entry Systems Department,
! Philadelphia, Pennsylvania

PAPERS APPEARING IN PART 3 ’

it

Structural Analysis

MODAL DENSITIES OF SANDWICH PANELS: THEORY AND EXPERIMENT
Larry L. Erickson, NASA Ames Research Center, Moffett Field, California

REEaT

0

TURBINE ENGINE DYNAMIC COMPATIBILITY WITH HELICOPTER AIRFRAMES
Kenneith C. Mard and Paul W, von Hardenberg, Sikorsky Aircraft Division of United 7
Aircraft Corporation, Stratford, Connecticut

SYNTHESIS OF RIGID FRAMES BASED ON DYNAMIC CRITERIA .
Henry N, Christiansen, Associate Professor, Department of Civil Engineering Science,

Brigham Young University, Provo, Utah, and E. Alan Pettit, Jr., Engineer, Humble Oi! Company,
Benicia, California

DYNAMIC RESPONSE OF PLASTIC AND METAL SPIDER BEAMS FOR 1/9TH SCALE
SATURN MODEL

L. V. Kulasa, KPA Computer Techniques, Inc,, Pittsburgh, Pennsylvania, and W, M, Laird,
University of New York, Fredonia, New York

= oo m e

*CHARTS FOR ESTIMATING THE EFFECT OF SHEAR DEFORMATION ANL; ROTARY ’ N
INERTIA ON THE NATURAL FREQUENCIES OF UNIFORM BEAMS

F. F. Rudder, Jr., Aerospace Sciences Research Laboratory, Lockheced-Georgia Company,
Marietta, Georgia

ACOUSTIC RESPONSE ANALYSIS OF LARGE STRUCTURES
F. A. Smith, Martin Marietta Corporation, Denver Diviision, Denver, Colorado, and R, E,
Jewrell, NASA Marshall Space Flight Center, Huntsville, Alabama

*ESTIMATION OF PROBABILITY OF STRUCTURAL DAMAGE FROM COMBINED BLAST AND
FINITE-DURATION ACOUSTIC LOADING

Eric E. Ungar and Yoram Kadman, Bolt Beranek and Newman Inc., Cambridge, Massachusetts

*THE RESPONSE OF MECHANICAL SYSTEMS TO BANDS OF RANDOM EXCITATION
L. J. Pulgrano and M. Ablowitz, Grumman Aircraft Engineering Corporation, Bethpage, New York

. o " vy " o PRI Y AT HR AT YRR B M e e
T 0 A AP ?

- ety WS NS A A PR B o~ Sl

*This paper not presented at Symposium,

TR




*PREDICTION OF STRESS AND FATIGUE LIFE OF ACOUSTICALLY-EXCITED
AIRCRAFT STRUCTURES
Noe Arcas, Grumman Aircraft Engineering Corporation, Bethpage, New York

VIBRATION ANALYSIS OF COMPLEX STRUCTURAL SYSTEMS BY MODAL SUBSTITUTION
R. L, Bajan, C. C, Feng, University of Colorado, Boulder, Colorado, and {, J, Jaszlics,
Martin Marietta Corporation, Denver, Cclurado

THE APPLICATION OF THE KENNEDY-PANCU METHOD TO EXPERIMENTAL VIBRATION
STUDIES OF COMPLEX SHELL STRUCTURES
John D. Ray, Charles W, Bert and Davis M. Egle, School of Aerospace and Mechanical Engineering,
University of Oklahoma, Norman, Oklahoma

i *NORMAL MODE STRUCTURAL ANALYSIS CALCULATIONS VERSUS RESULTS
Culver J, Floyd, Raytheon Company, Submarine Signal Division, Portsmouth, Rhode Island

COMPARISONS OF CONSISTENT MASS MATRIX SCHEMES
R. M. Mains, Department of Civil and Environmental Engineering, Washington University,
St. Louis, Missouri

T

MEASUREMENT OF A STRUCTURE'S MODAL EFFECTIVE MASS
G. J. O'Hara and G. M. Remmers, Naval Research Laboratory, Washington, D.C.

SIMPLIFYING A LUMPED PARAMETER MODEL
Martin T, Soifer and Arlen W, Bell, Dynamic Science, a Division of Marshall Industries,
Monrovia, California

STEADY STATE BEHAVIOR OF TWO DEGREE OF FREEDOM NONLINEAR SYSTEMS
J. A, Padovan and J, R. Curréri, Polytechnic Institute of Brooklyn, Brooklyn, New York, and
M. B. Electronics, New Haven, Connecticut

THE FLUTTER OR GALLOPING OF CERTAIN STRUCTURES IN A FLUID STREAM
Raymond C, Binder, University of Southern California, Los Angeles, California

*AIRCRAFT LANDING GEAR BRAKE SQUEAL AND STRUT CHATTER INVESTIGATION
F. A, Biehl, McDonnell Douglas Corporation, Long Beach, California

EXPERIMENTAL INVESTIGATION OF NONLINEAR VIBRATIONS OF LAMINATED

ANISOTROPIC PANELS
Bryon L., Mayberry and Charles W, Bert, School of Aerospace and Mechanical Engineering,

University of Oklahoma, Norman, Oklahoma

*STRUCTURAL DYNAMICS ANALYSIS OF AN ANISOTROPIC MATERIAL
S. K. Lee, General Electric Company, Syracuse, New York

*EXPERIMENTS ON THE LARGE AMPLITUDE PARAMETRIC RESPONSE OF RECTANGULAR
PLATES UNDER IN-PLANE RANDOM LOADS
R, L. Silver and J, H, Somerset, Department of Mechanical and Aerospace Engineering,
Syracuse University, Syracuse, New York
*RESPONSE OF STIFFENED PLATES TO MOVING SPRUNG MASS LOADS
Ganpat M, Singhvi, Schutte Mochon, Inc., Milwaukee, Wisconsin, and Larry J, Feeser,
University of Colorado, Boulder, Colorado

*PARAMETRIC RESPONSE SPECTRA FOR IMPERFECT COLUMNS
Martin L. Moody, Univer sity of Colorado, Boulder, Colorado

PAPERS APPEARING IN PART 4
Damping
*APPLICATION OF A SINGLE-PARTICLE IMPACT DAMPER TO AN ANTENNA STRUCTURE

R. D. Rocke, Hughes Aircraft Company, Fullerton, California, and §. F, Masri,
University of Southern California, Los Angeles, California

*This paper not presented at Symposium.

vi




A PROPOSED EXPERIMENTAL METHOD FOR ACCURATE MEASUREMENTS OF THE
DYNAMIC PROPERTIES OF VISCOELASTIC MATERIALS

Kenneth G. McConnell, Associate Professor of Engineering Mechanics, lowa State University,
Ames, Iowa

DAMPING OF BLADE-LIKE STRUCTURES

David I. G, Jones, Air Force Materials Laboratory, Wright-Patterson Air Force Base, Ohio,
and Ahiu D. Nashif, University of Dayton, Dayton, Ohio

MULTI-LAYER ALTERNATELY ANCHORED TREATMENT FOR DAMPING OF
SKIN-STRINGER STRUCTURES

Captain D. R. Simmons, wir Force Intitute of Technology, Wright-Patterson Air Force Base,
Ohio, J. P, Henderson, D, 1. G. Jon¢ -, Air Force Materials Laboratory, Wright-Patterson Air
Force Base, Ohio, and C. M, Cannon, University of Dayton, Dayton, Ohio

AN ANALYTICAL AND EXPERIMENTAL INVESTIGATION OF A TWO-LAYER DAMPING
TREATMENT

A, D, Nashif, University of Dayton, Dayton, Ohio, and T. Nicholas, Air Force Materials
Laboratory, Wright-Patterson Air Force Base, Ohio

DAMPING OF PLATE VIBRATIONS BY MEANS OF ATTACHED VISCOELASTIC MATERIAL
I. W, Jones, Applied Technology Associates, Inc,, Ramsey, New Jersey

VIBRATIONS OF SANDWICH PLATES WITH ORTHOTROPIC FACES AND CORES
Fakhruddin Abdulhadi, Reliability Engineering, IEM Systems Development Division, Rochester,

Minnesota, and Lee P, Sapetta, Department of Mechanical Engineering, University of Minnesota,
Minneapolis, Minnesota

THE NATURAL MODES OF VIBRATION OF BCRON-EPOXY PLATES
J. E. Ashton and J. D. Anderson, General Dynamics, Fort Worth, Texas

*NATURAL MODES OF FREE-FREE ANISOTROPIC PLATES
J. E. Ashton, General Dynamics, Fort Worth, Texas

ACOUSTIC TEST OF BORON FIBER REINFORCED COMPOSITE PANELS CONDUCTED IN
THE AIR FORCE FLIGHT DYNAMICS LABORATORY'S SONIC FATIGUE TEST FACILITY
Carl L. Rupert, Air Force Flight Dynamics Laboratory, Wright-Patterson Air Force Base, Ohio

5 STRENGTH CHARACTERISTICS OF JOINTS INCORPORATING VISCOELASTIC MATERIALS
P W. L. LaBarge and M, D, Lan.oree, Lockheed-California Company, Burbank, California

Isolation

RECEMNT ADVANCES IN ELECTROHYDRAULIC VIBRATION ISOLATION

Jerome E. Ruzicka and Dale W, Schubert, Barry Controls, Division of Barry Wright Corporation,
Watertown, Massachusetts

A

ACTIVE ISOLATION OF HUMAN SUBJECTS FROM SEVERE AIRCRAFT DYNAMIC
ENVIRONMENTS

Peter C, Calcaterra and Dale W, Schubert, Barry Controls, Division of Barry Wright Corporation,
Watertown, Massachusetts

Hrne

1t

ELASTIC SKIDMOUNTS FOR MOBILE EQUIPMENT SHELTERS

R. W, Doll and R. L. Laier, Barry Controls, Division Barry Wright Corporation,
Burbank, California

il

COMPUTER-AIDED DESIGN OF OPTIMUMN. SHOCK-ISOLATION SYSTEMS
E. Sevin, W, D, Pilkey and A. J, Kalinowski, IIT Research Institute, Chicago, Illinois

ANALYTIC INVESTIGATION OF BELOWGROUND SHOCK-ISOLATING SYSTEMS SUBJECTED
TO DYNAMIC DISTURBANCES

J. Neils Thompson, Ervin S, Perry and Suresh C, Arya, The University of Texas at Austin,
Austin, Texas

:
-

GAS DYNAMICS OF ANNULAR CONFIGURED SHOCK MOUNTS
W. F. Andersen, Westinghouse Electric Corporation, Sunnyvale, California

A SCALE MODEL STUDY OF CRASH ENERGY DISSIPATING VEHICLE STRUCTURES
D. J. Bozich and G. C. Kao, Research Staff, Wyle Laboratories, Huntaville, Alabama

*This paper not presented at Symposium.

vit




DESIGN OF RECOIL ADAPTERS FOR ARMAMENT SYSTEMS
A, S. Whitehill and T, L, Quinn, Lord Manufacturing Company, Erie, Pennsylvania

*A DYNAMIC VIBRATION ABSORBER FOR TRANSIENTS
Dirse W, Sallet, University of Maryland, College Park, Maryland and Naval Ordnance
Laboratory, White Oak, Silver Spring, Maryland

PAPERS APPEARING IN PART 5
Shock

DYNAMIC RESPONSE OF A SINGLE-DEGREE-OF-FREEDOM ELASTIC-PLASTIC SYSTEM
SUBJECTED TO A SAWTOOTH PULSE
Martin Wohltmann, Structures and Mechanics Department, Martin Marietta Corporation,
Orlando, Florida

*TRANSIENT DYNAMIC RESPONSES IN ELASTIC MEDIUM GENERATED BY SUDDENLY
APPLIED FORCE
Dr. James Chi-Dian Go, The Boeing Company, Seattle, Washington

IMPACT FAILURE CRITERION FOR CYLINDRICAL AND SPHERICAL SHELLS
Donald F', Haskell, Hittman Associates, Inc,, Columbia, Maryland

*THE EXCITATION OF SPHERICAL OBJECTS BY THE PASSAGE OF PRESSURE WAVES
Gordon E, Stricklard, Jr., Lockheed Missiles and Space Company, Palo Alto, California

THFE. PERFORMANCE CHARACTERISTI(CS OF CONCENTRATEN-CHARGE, EXPLOSIVE-
DRIVEN SHOCK TUBES
L. W, Bickle and M, G. Vigil, Sandia Laboratories, Albuquerque, New Mexico

*PRIMACORD EXPLOSIVE-DRIVEN SHOCK TUBES AND BLAST WAVE PARAMETERS IN

AIR, SULFURHEXAFLUORIDE AND OCTOFLUOROCYCLOBUTANE (FREDN-C318)
M. (., Vigil, Sandia Laboratories, Albuquerque, New Mexico

ZERO IMPEDANCE SHOCK TESTS, A CASE FOR SPECIFYING THE MACHINE
Charles T. Morrow, LTV Research Center, Western Division, Anaheim, California

SHOCK TESTING WITH AN ELECTRODYNAMIC EXCITER AND WAVEFORM SYNTHESIZER
Dana A. Regillo, Massachusetts Institute of Technoliogy, Lincoln Laboratory,
Lexington, Massachusetts

SLINGSIIOT SHOCK TESTING
LaVerne Root and Carl Bohs, Collins Radio Company, Cedar Rapids, Iowa

SHOCK TESTING AND ANALYSIS: A NEW LABORATORY TECHNIQUE
J. Fagan and J. Sincavage, RCA Astro-Electronics Division, Princaton, New Jersey

*INSTRUMENTATION FOR A HUMAN OCCUPANT SIMULATION SYSTEM
W. 1. Kipp, Monterey Research Laboratory, Inc., Monterey, California
PAPERS APPEARING IN PART 6

Introductory Papers

THE IMPACT CF A DYNAMIC ENVIRONMENT ON FIELD EXPERIMENTATION
Walter W, Hollis, U.S. Army Combat Developments Command, Experimentation Command,
Fort Ord, California

TRANSCRIPT OF PANEL DISCUSSION ON PROPOSED USASI STANDARD ON METHODS FOR
ANALYSIS AND PRESENTATION OF SHOCK AND VIBRATION DATA

Julius S. Bendat, Measurement Analysis Corporation, Los Angeles, California, and Allen J. Curtis,
Hughes Aircraft Corporatio: , Culver City, California

*This paper not presented at Symposium.

viii




L il )

Transportation and Packaging

THE BUMP TESTING OF MILITARY SIGNALS EQUIPMENT IN THE UNITED KINGDROM

W. Childs, Signals Research and Development Establishment, Ministry of ‘echnolegy,
United Kingdom

NLABS SHIPPING HAZARDS RECORDER STATUS AND FUTURE PLANS
Dennis J. O'Sullivan, Jr., U.S. Army Natick Laboratories, Natick, Massachusetts

NORMAL AND ABNORMAL DYNAMIC ENVIRONMENTS ENCOUNTERED IN TRUCK
TRANSPORTATION

J. T. Foley, Sandia Laboratories, Albuquerque, New Mexico

DEVELOPMENT OF A RAILROAD ROUGHNESS INDEXING AND SIMULATION PROCEDUIE
L. J. Pursifull and B. E Prothro, U.S, Army Traunsportation Engineering Agency, Military
Traffic Management and Terminal Service, Fort Eustis, Virginia

AN APPROXIMATE METHOD OF DYNAMIC ANALYSIS FOR MISSILE CONTAINER SYSTEMS
Mario Paz, Associate Professor, and Ergin Citipitioglu, Associate Professor, University of
Louisville, Louisville, Kentucky

SIMULATED MECHANICAL IMPACT TEST EQUIPMENT
D. R. Agnew, Naval Air Development Center, Johnsville, Warminster, Pennsylvania

Environmental Measurements

SUCCESS AND FAILURE WITH PREDICTION AND SIMULATION OF AIRCRAFT VIBRATION
A.J. Curtis and N. G. Tinling, Hughes Aircraft Company, Culver City, California

PHOENIX ENVIRONMENTAL MEASUREMENTS IN F-111B WEAPONS BAY
T. M. Kiwior, R. P, Mandich and R, J. Oedy, Hughes Aircraft Company, Canoga Park, California

LUNAR ORBITER FLIGHT VIBRATIONS WITH COMPARISONS TO FLIGHT ACCEPTANCE

REQUIREMENTS AND PREDICTIONS BASED ON A NEW GENERALIZED REGRESSION
ANALYSIS

Sherman A. Clevenson, NASA Langley Research Center, Langley Station, Hampton, Virginia

VIBRATION AND ACOUSTIC ENVIRONMENT CHARACTERISTICS OF THE SATURN V
wAUNCH VEHICLE

Clark J. Beck, Jr, and Donald W, Caba, The Boeing Company, Huntsville, Alabama

THE BLAST FIELD ABOUT THE MUZZLE OF GUNS
Peter S, Westine, Southwesi Research Institute, San Antonio, Texas

SPECIFICATIONS: A VIEW FROM THE MIDDLE
T. B. Delchamps, Bell Telephone Laboratories, Inc., Whippany, New Jersey




fuiss vty s it anhinssishe SO AU

g

AUt

R

LAY

B R B e St

VIBRATION

ELECTRICAL GENERATION OF MOTION IN ELASTOMERS

S. Edelman, S. C, Roth, and L. R. Grisham
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Washington, D. C.

response in their original condition.

increased the linear response.

ABSTRACT

Motion occurring in response to an applied electrical signal was studied in a
number of elastomers. Motion at double the exciting frequency (electrostriction)
was common., Linear response was found in a few materials, A few showed linear
Treatment with heat and intense electric
fields caused linear response to appear or to increase in others. Superposition
of a d.c. bias on the driving s'ynal linearized the double frequency response ~nd

KEY WORDS: Elastomers, polymers, electrets, piezoelectricity, electrically con-
trolled damping, vibration generation, electiastrictioun,

INTRODUCTION

This is a preliminary report on a new in-
vestigation in the Instrumentation Applications
Section of the National Bureau of Standards.
The purpose of thie investigation is to study
those effects of electrical signals on the
mechanical properties of elastomers which could
lead to engineering applications.

The purpose of this paper is *u call atten-
tion to the potential usefulness of this field
of study. Accordingly, we emphasize results
which seem promising for future improvement and
application. In our view, the important finding
of the exploratory study is the fact that some
samples could be excited into significant motion
electrically and that the response of some of
them could be imprnved by treatment and elec-
trical bias. It is less important that the
magnitudes of the effects observed were in most
cases insignificant or ambiguous,

The fact thst this is an exploratory study
is also responsible for the gqualitative nature
of the discussion. The equipment and techniques
were chosen to allow A rapid but shallow survey.
In this light, too much reliance should not be
put on the numerical data in Table I, The
measurements were reasonably stable when made
but significant changes followed smzil changes
in operating conditions.

BACKGROUND
This jnvestigation was suggested by experi-

ence during development of a set of piezo-
electric shakers for calibrating vibration

pickups over a wide frequency range.! 1In this
development, it was found possible to extend the
working range of a piezoelectric shaker by using
damping materials selectively to reduce the
sharpness of particular resonances., At fre-
quencies below 50 kHz, butyl rubber was used for
damping. At higher frequencies piezoelectric
ceramics were found to be more suitzble, In
addition to the inherent lossiness of the ceram-
ics, it was found that their usefulness as
damping material could be enhanced by exploit-
ing thzir piezoelectric properties. This was
done by connecting the electrodes through suit-
able impedances or by applying a portion of the
driving signal through a suitable phasing
circuit,

This develojment suggested that similar
benefits might result at low frequencies from
the use of damping material with piezoelectric
properties, While rubber-like materials usually
are not considered piezoelectric, there are some
indications in the literature that long-chain
polymers can have piezoelectric-like behavior.
These are summarized by Guttmann,? Johnson,? and
Cady.* However, the work discussed in these
references is concerned with d.c. effects and
with the direct piezoelectric effect. Consider-
ing the small magnitudes involved end the fact
that pressure applied to two charged surfaces
will g=nerate some voltage no matter what the
intorvening material, we thought it safer to
restrict our study to vibration resulting from
application of alternating voltages.

The technical literature contains a number
of references to studies of the properties of
polymers using alternating voltages.® However,
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it is difficult to use this material to deter-
mine the suitability of a material for an engine-
ering application or to determine th: effective-
ness of bias and treatment ir improving the
activity of available materials.

PREPARATION OF SPECIMENS

Procedures used to prevare materials for
test follcwed those used to prepare electrets.
As a heuristic device we assumed that the mate-
rial contained electrical dipoles. We attempted
to align these to some extent by reducing the
viscosity of the material, applying as intense
a constant electric field as the material would
support without arcing, and allowing the mate-
rial to solidify under the field.

The first specimens were prepared by evap-
orating a volatile solvent from a solution of
the material while the field was applied. This
seemed to show some promise but it was a slow
process and required leaving an intense field on
the specimen oveinight while the laboratory was
unattended. After a number of near accidents
and a fire we abandoned the use of volatile sol-
vents and simply heated solid materials. Some
of the materials could be completely or nearly
liquified and some were only heated and allowed
to cuol under the field. Heat was applied with
an electrical hot plate at first, Later, speci-
mens were heated in a furnace. Figure 1 shows
the configuration used to apply the field while
the specimen was on the hot plate and Figure 2
shows the corresponding setup used in the
furnace. The samples were h=ated as near as

- _
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DASHED LINE INDICATES HEATED SPACE.

Figure 1: Sample with applied electric field heated on hot plate
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possible to the melting point without causing
perceptible changes in composition, discolora-
tion, bubbles, change in trauslucence, etc.

The electric fizld across the samples was
maintained just below the magnitude at which
arcing occurred. Usually, the field could be
increased as the material coolcd, often reaching
the 30,000 V limit of the power supply by the
time the sample had cooled to about 30°C, the
usual point at which the treatment ended.

All of the test elements consisted of
disks cut from the sheets of material by suvit-
able tools. Cork borers were used for soft
materials, hole cutters in a drill press for

most hard plastics, and a brass cylinder with

carborundum powder for glass and a few very
hard plastics.

Each test clement was made of two disks put
together so that the adjacent faces in the test
assembly had been oriented similarly before the
disks were cut from the treated samples., The
outer faces were both connected to ground and
the test signal was applied between ground and
the common face in the center. With this orien-
tation and conrection, the grounded outer elec-
trodes provided some shielding while both disks
responded similarly to the applied signal. A
typical test element is shown in Figure 3.

CONDUCTIVE SILVER

» PAINT ELECTRODE

SILVER PAINT & N

USED TO JOINT 222

THIN COPPER WIRE
(sHiELDED)

PLUGS m

Figure 3: Test element construction

TESTS

The circuit used for testing is shown
schematically in Figure 4. Three different
oscillators were used, in some cases with an
external transformer to match the input imped-
ance of the test element. The voltage applied
to the specimen varied in Jifferent cases but
all of the results presented in rable I are
normalized for an input of 400 V. Within the
sensitivity of our meacurements for these cases,
the activity was linear with applied signal.

The voltage divider reduced the trace showing
the driving signal to manageable levels and the
capacitor allowed a d.c. bias to be applied to
the test element without affecting the a.c. por-
tion of the circuit. The d.c. power supply was
also used to provide the field in preparing the
material. The accelerometer was a piezoelectric
type with a sensitivity of about S0 mV/g at the
frequencies reported in Table I. The accelerom-
eter signal was measured at the oscilloscope.

The sensitivity of its beam was usually set at

200 uV per cm.

Dvol Beam
Oscilloscope

Figure 4: Circuit used for testing
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Figure 5: Triangular test fixture
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Figure 6: Test element in triangular fixture

A number of arrangements of the test element
were used but only two contributed enough to be
worth reporting. The first used a triangular
fixture shown in Figure S. Three test elements
were used, one in each of the legs separating

two plastic triangles. Figure 6 shows the ar-
rangement of a test element in one of the plastic
legs. Figure 7 shows the lower of the two tri-
angular plates and Figure 8 shows a complete
assembly with an accelerometer in place.
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Figure 7: Lower plate of triangular fixture

Triangle assembly with test element in place

Copper tube
wwrounding legs
hos 3Bt cut for

The plastic legs are cemented 1o the plastic iriangles

Figure 8: Triangular fixture assembled

Only one of the experiments performed on
the triangular fixture is reported here. With
the lower triangle Clamped to a heavy steel
block, the system was driven at a resonance by
a loudspeaker. The signal from the accelerom-
eter on the upper triangle was displayed on the
oscilloscope. The signal disappeared if the
upper triangle was clamped, ensuring that the
signal was not due to microphonic action in the
accelerometer. A signal from another oscillator
tuned nearly to the frequency of the speaker
was applied to the test elements in the legs of
the fixture, After adjustment of the ampli-

tudes of the two signals, the oscilloscope trace
showed the typical pattern of a modulated sine
wave with an envelope at the beat freauency.
Adjusting the frequencies of the two signals
nearly to coincidence gave a slow be.t with

long periods when the signal was essentially
nulled, It seemed likely that if some of the
speaker signal could have been applied to the
test elements in the proper phase, the motion

of the upper plate could have been stopped.

Unfortunately, a suitable phase shifter was not
available,

R
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SINGLE STACK TEST ASSEMBLY

Rubber
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Accelerometer

Plastic pug with countersunk conter hole
topped for 10-32 lug from accelerometar
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|
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Assombly hald 10 stoal Dlock by rubber bands
Plastic plug cemented fo test elemant

Figure 9: Plastic plug test fixture

Figure 10: Plastic plug test fixture

The fixture used for the measurements re-
ported in Table I is pictured in Figure 9 and
shown schematically in Figure 10. This arrange-
ment was found to be simple and rapid to set up,
free of electrical pickup, and quite satisfac-
tory for the kind of survey we conducted.

MEASUREMENTS

The measurement procedure consisted of

connecting the test element in the circuit
shown in Figure 4, setting the d.c. bias for
those cases when it was used, setting the amp-
litude of the a.c, signal across the test ele-
ment, sweeping the oscillator through the fre-
quency Ttange from i0 to 10k Hz, stopping at
frequencies where the accelerometer signal
peaked, and recording frequency and amplitude.
The frequencies at which the accelerometer
signal peaked appeared to be resonances of the
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structure consisting of the sample, the plastic
plug, and the accelerometer. Some interesting
results were found at frequencies above 10 kHz
but they are not reported here because of un-
certainty about the sensitivity of the accel-
erometer and the high frequency behavior of the
mount and the electronic equipment, 1t seems
likely that the use of proper ecuipment will
yield useful information at high frequencies.

Our early optimism about the benefits of
the heat and electric field treatment used in
preparing the material was shaken when we found
that in many cases, untreated material responded
to the signal as well as treated samples. This
discovery led to testing similar elements of
treated and untreated samples of the same mate-
rial, 1In many cases the treatment had little or
no effect., However, as shown in Table 1, there
were a number of cases in which the treatment
did have a beneficial effect. The effect of
the d.c. bias was also beneficial. As well as
we could measuce, the activity increased
linearly with bias and added linearly to the
effect present without bias. For the measure-
ments in Table 1 each material was tested four
times, an untreated sample with and without bias
and a treated sample, with and without bias.

Only peak signals with good wave shape were
recorded. 1n many rases a poor signal was
eauscd by disturtion in the deiving signal.

This was obviously the case when a distorted
signol was found at a subharmonic of u strong
resonance. All such cases, from a small pertur-
bation of the sinusoidal accelerometer signal to
apparent responses at several times the driving
frequency, were eliminated.

Another kind of unwanted response was
caused by electrostriction.® This can be
thought of as due to the attruction between
unlike charges on opposite faces of the material
and thus occurs twice in each cycle of the driv-
ing signal, When this effect occurs alone it
can be distinguished from distortion, since the
double frequency effect diminishes with the use
of d.c. bias and disappears when the bias equals
the driving amplitude. In a number of cases the
material seemed to respond at both the driving
frequency and double that frequency when there
was no harmonic distortion. Thesc cases are not
reported but will be investigated further.

1n addition to good wave shape at the
driving frequency, the responses included in the
table had to meet two other criteria, The accel-
erometer had no output when there was no mechan-
ical connectior with the sample when it was
driven at the frequency of peak response and a
signal did appear when the accelerometer touched
the sample, with the electrical connections re-
maining unchanged. There was a phase shift be-
tween the accelerometer signal and the oscillator
signal as the frequency was swept through the
resonance.

The matcrial designations in Table 1 are
broad and intended only to separate the samples.

We used materials available in the NBS storeroom
which the literature on electrets indicated
might respond favorably. Accurate designation,
based on formulation and measurement of physical
ard electrical properties would be out of place
for this preliminary survey. The dimensions are
nominal, Some of the treated samples warped and
were machined flat., The kind of preparation
applied to the trested samples is summarized in
Table 11. The d.c. bias applied to the samples
was chosen for convenience since its effect was
linear. The frequencies were read on an elec-
tronic counter. The measured values seemed
stable and reproducible, The values of activity
are nominally related to the acceleration gene-
rated by a 400 V input signal, However, we
consider it better to treat them as figures of
merit by which different samples can be compared.

CONCLUS10NS

Detailed results, summarized in Table 1,
are the measurements which remain after all
doubtful cases have been eliminated. We are
reasonably confident that the deductions to be
obtained from intercomparison of the activities
shown by the varicus samples is qualitatively
correct. Unce “tainty about the quantitative
results arise, .com the mathematical manipulation
in normalizing, from the lack of definite ident-
ification of the materials, from the variation
in the heat and electric ficld applicd to the
samples during preparation, and from the changes
in tochniques and instrumentation which secutred
as the tests progressed.

In spite of these uncertainties, the results
in the table do allow some definite conclusions
to be drawn.

1. Some elastomers have a linear mechanical
response to an electrical signal.

2. In all the cases listed the response
was accentuated by the use of a d.c. hias.

3. In the cases of flourocarbon and poly-
st¥rene, the treatment with heat and high voltage
left a residunl effect which had not been found
in the untreated material. In the cases of
polymeric amide and phenolic resins the treatment

_.enhanced the response.

4, The response varies greatly in different
materials so that proper choice or special formu-
lation may lead to improved response.

In most cases the same samples showed re-
sponses at frequencies other than those listed
and samples of the sare materials with different
dimensiors had a different pattern of response.
However, the results shown in the table are
typical of a large number of the measurements,

The results obtained with glass deserve
special mention. They are not included in the
table because only response at double the
driving frequency was found and because glass is
not an elastomer. It was tested because some

g
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TABLE 1

Motion Gencrated at Selected Resonances

Frequency
. Dimensions Condition of .
Hakesaan Diam. Thickness Preparation Bias Resonance ACt:VIty
Volts Hz
Flourocarbon 3/4" 1/16" None None None = e----
None 3150 None = -----
Trezted None 4141 1.3
Treated 3150 4433 4.0
H Polymeric 3/4" 1/8" None None 2431 0.16
Amide None 3150 2216 3.0
: None 3150 2383 2.9
£ Treated None 4632 0.67
: Treated 3150 4416 5.0
; Polystyrene 5/8" 3/32" None Mone None * = ~----
i None 2100 None  a--a-
H Treated None 3343 0.32
H Treated 2100 3297 1.1
H
é Filled 3/4n 1/8" None None 6315 0.32
H Phenolic None 3150 6052 2.8
§ Resin Treated None 4660 4.0
Treated 3150 4670 14,7
; Epoxy 3/4" 1/8" None None 3681 0.24
Resin None 3150 3568 0.90
Treated None 3176 0.36
Treated None 4963 0.25
Treated 3150 3173 1.2
Treated 3150 5250 0.99
Natural 5/8" 3/32" None None None @ = ---ae
Rubber None 2100 537 3.1
Treated None 290 0.58
Treated 2100 553 2.42
*Arbitrary Units
TABLE 11
Treatment of Samples
During Heating During Cooling
f \ q Time Time
Matarial Temperature °C  Volts Hours Volts . Hours
Flourocarbon 80-150 15000 25 15-16000 18
Polymeric Amide Low Heat on
Hot Plate 4-6000 1/2 63-18000 --
Polystyrene 100 15000 6 15000 16
Filled
: Phenolic (Treated) Low Heat 6000 1 28000 --
5 (Twice) Medium 5000 2 1/2 16000 .-
Epoxy No Heat Applied ---- --- 1200-30000 6 1/2
Natural
Rubber Low Heat 9000 1/2 9000-29000  --
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disks were available, having been made for face
plates on the test elements to provide better
inechanical coupling. However, the respons: of
glass was larger than any of those in the table
by a factor of nearly 20 and the use of d.c.
bias increased it and converted it to a linear
response. Similar but smaller results were
found with acrylic resin and butyl rubber.

Promising avenues for future development
appear to be development of more effective
methods of treating materials and developing a
systematic means for finding more active mate-
rial. A better urderstanding of the mechanism
of response to electrical signals on a molecular
level is basic to both developments. Even with-
out such knowledge, variations of the methods
of treatment we used could be tried as well as
others that have been suggested. We expect
favorable results from more experimentation with
epoxies, polyesters, and other resins which
solidify from a liquid during polymerization.
The epoxy entry in Table 1 is not particularly
impressive but others eliminated by our rigid
criteria for inclusion in the table were more
promising. Development of 4 rational method
for finding more responsive materials guided by
properties such as dielectric constant, elastic
moduli, and density and by composition and
molecular structure can be expected to be fruit-
ful. Eventually such a search might lead to
special formulation of materials,

The principal conclusion of this paper is
that further investigation of the mechanical
response of elastowers to electrical stimulus
should be pursued.
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DISCUSSION

Mr, Mrylor (Defence Research Est., Suf-
field, Alberta, Canada): Did you try carnauba
wax? This has been used as an electret.

Mr. Edelman: No, we did not. Our treat-
ment is obviously inspired by the kind of treat-
ment that is used to create electrets. We were

looking for a rubbery material. This project
started with a real practical need, and carnauba
wax would not be suitable. People have reported
a dc piezo-electric effect in wax and others
have said they could not find it. But we did not
try it.
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CONTROLLED DLCELERATION SPECIMEN PROTECTION SYSTEMS
FOR ELECTRODYNAMIC VIBRATION SYSTEMS

Lawrence L. Cook, Jr.
NASA, Goddard Space Flight Center
Greenbelt, Maryland

circuits the armature.

Electrodynamic vibration systems are usually equipped with
a means of terminating a test very rapidly in case of an
operator error, equipment malfunction, or a power outage. The
device used.to implement this protection is known as an armature
protector or an amplitude protecter.,
discharges the energy stored in the power amplifier and short-
It's function is to protect the shaker
moving element or armature by preventing it from hitting the
mechanical stops; however, it was not designed to protect the

The armature protector

test specimen. In fact, when the protector is initiated, the
specimen is subjected to possible damage due to the high
decaleration levels generated when the armature is suddenly
stopped. In order to prevent specimen damage, additional
protection devices were needed.

Accordingly, two Controlled Deceleration Specimer Protection
Systems were developed to Goddard Space Flight Center specifica-
tions by two different manufacturers. The object of this paper
is to describe these two systems and show typical response data
during their operation. These specimen protection systems were

specimen safety limits.

armature.

or below & selected level.

designed to limit the high deceleration level consistent with

The method used to effect controlled deceleration is to
automatically insert a variable damping resistance across the
In practice, fixed parallel resistances are inserted
in the armature circuit in the proper sequence so that the
total armature resistance decreases incrementally with time.
Thus, the resistance of the armature path is continuously
decreased as needed in order to maintain the deceleration at

A test program was conducted to evaluate both Controlled
Deceleration Specimen Protection Systems.
block diagrams, and time histories of the decelerations due to
dynamic braking are included in the paper.

The test results,

INTRODUCTION

One of the most undesirable
occurrences in the field of vibration
testing, when operating an electro-
dynamic exciter, is a shutdown due
to the firing of an armature protector
because of operator error, equipment
malfunction, or power outage. The
arrature protector was designed to

11

protect the moving element (armature)
of the shaker by preventing it from
hitting the mechanical stops. This is
accomplished by electronically

shorting the energy in the amplifier to
ground and short-cvircuiting the arma-
ture. Unfortunately, the sudden
dynamic braking, due to short-
circuiting the armature, ygenerates
large accelerations which have caused
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the spacecraft or specimen to be sub-
jected tc excessive levels and possibly
be damaged.

The firing of an armature protec~
tor or "shaker dump" is of particular
significance at Goddard Space Flight
Center because one “dump" cculd des-
troy a spacecraft valued at more than
$1,000,000 or reduce the reiiability
in the specimen to a point where it
would cause a costly delay in the
launch of a spacecraft. The purpose
of thic paper is to degcribe the two
specimen protections systems that were
developed for Goddard, and to present
and discuss results from typical oper-
ational tests of each.

DESCRIPTION OF DECELERATION SYSTEMS
Mathematical Treatment

The mechanism for dynamically
braking the armature as smoothly as
possible so that no damage is incurred
by the test specimen is described by
the {ollowing equation:

(1) -a = Bzd + 2av

where: v is the velocity and 4
is the displacement of
the armature at the time
shutdown is inftiated and
-a is the maximun deceler-
ation level reached during
shutdown.

This relationship is a combination of
electrical and mechanical parameters as
developed by their mathematical anal-
ogies. The parameter o is the shunting
resistance in ths armature circuit, and
the parameter B° is a function of the
flexture stiffness and armature mass.
Further treatment is presented in
Appendix A as established by (1), (2)
and (3). It is by virtue of the scc-
ond term of equation (1), 2e«v, and
solely through this term, that the dy-
namic braking effect occurs.

Control of deceleraticn by means
of armature resistance is dominated
by the first term of the equation (1).
This term, B 2d, is a function of the
flexure stif?ness, displacerent, and

armature mass, and is completely inde-
pendent of the resistance. Any

12

acceleration due to B zd has to be al-

lowed for an’ ‘ cannot be adjusted.
This effect . rticularly noticeable
at low frequenc.es and large displace-
ments under conditinns of light load.

The major component common to each
of the two deceleration systems (one
designated type A, the other type B) is
the dynamics computer. These computers
are «Jesigned to perform the following
functions:

1. To monitor certain significant
parameters and initiate a con-
trolled decelera“ion of the
armature whenever these
parameters exceed preset safe-
ty limits.

2. To dynamically brake the arma-
ture to a stop by causing
successive damping resistance
to be switched across the
armature circuit in such a way
as to avoid large deceleration
peaks.

Type A

Figure 1 shows a block diagram of
an MB C126 (10,000 1b. force) vibration
system that incorporates the Type A
deceleration system. The system con-
sists of a relative displacement trans-
ducer, deceleration dynamics computer,
deceleration level controller, acceler-
ation limiter, ignitron, dynamic brak-
ing chassis and a status display panel.

The displacenent. transducer, mount -
ed on the shaker, and attached to the
armature, generates a signal proportion-
al to the position of the armature,
relative to the exciter field body.

The displacement transducer responds
from DC to 200 Hz and senses the static
as well as the dynamic position of the
armature. The instantaneous displace-
ment signal from the transducer is fed
to the dynamics computer, which deter-
mines the instantaneous deceleration
required to bring the armature to rest
in a given distance. If the computed
deceleration equals or exceeds a pre-
scribed level, the dynamics computer
comnands system shutdown by triggering
the level controller. The level con-

troller triggers the ignitron; thereby
shorting electrical energy in the
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Figure 1.

M8 C126

MB Clz6 Exciter with

the Type A Deceleraztion

System

amplifier to ground, and after a
slight delay, on the order of micro-
seconds, provides control signals to
the dynamic braking chassis. The
level controller monitors the arma-
ture velocity as computed by the
dynamics computer, and, as this
velocity decreases, causes the dynamic
braking chassis to automatically switch
in progressively smaller resistors in
the armatvre circuit. The number and
sequence of level controller command
gicnals, and the number of dynamic
braking resistors inserted by the
dynamic braking chacsis, are indicated
on the Status Display Boarxd.

This deceleration system ray also
be initiated by: (1) excessive accel-
eration level, preset from 3 to 300 g's,
(2) a transient input or "“jerk", and
(3) loss of AC power to the system.

An acceleration limiter monitors the
input or control accelerometer and
when preset level is exceed ‘4, the
acceleration limiter tr’ ,,.cs che de-
celeration level controller to initi-
ate a controlled deceleration. A
differentiator built into the deceler-
ation level controller determines the
jerk magnitude by monitoring the am-
plifier input signal and similarly
initiates deceleration. A level de-
tector is also built into the Adeceler-
ation level controller to monitor AC
power and initiate deceleration when
power is lost.
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Type B

Figure 2 is a block diagram show-
ing the type B deceleration system,
irtegrated with an Mp 210 (28,000 1b.
force) vibration system currently in
use at Geddard. The deceleration sys-
tem consists of a computer controcl
chaasis and a cabinet containing an
ignitron, thyratcons, and damping re-
gistors, needed to carry out the dynam-
ic braking action.

The sensing signal for the type B
system uses the armature terminal volt-
age as a measure of velocity. An
integrator is used to compute the arma-
ture displacement and a prediction cir-
cuit computes the increment of dis-
placement required to shutdown at a
preset test level. The sum of the
final computer displacements (armature
plua increment) is used to initiate
shutdown whenever the absolute value
approaches the maximum amplitude
excursion of the exciter. When the
dynamic braking operation is initiated,
a resistance is immediately switched
through the first thyratron across the
exciter armature. At the same time,
the power amplifier driving the exciter
is shutdown, via the ignitron. After
a short delay of about 20 microseconds,
the control chasis is free to permit
the second, third, fourth, and f£fifth
resistor, in sequence, to be switched
via the appropriate thyratron. The




DR b ¢ - - 2k bt b bbbl

| Sl

v 2 LA
LE%

JILL

OFCELERATION COMPYTER

CONTRUL (HASSS

ACCELEROMETER

. T—

[

Figure 2. MB C210 Exciter with
the Type B Deceleration
System

control chassis using the armature
voltage as a measure of velocity, com-
putes the displacement, and continuoue-
ly for each resistor, computes the
acceleration as if that resistor were
switched in. When the cnmputation
indicates that the acceleration would
be at a safe level if that resistor
were switched in, the appropriate
thyratron is fired, and the resistor
is then activated. Triggering of this
system may also be initiated by: (1)
jerk at the amplifier input, and (2)
excessive acceleration level, preset
from 3 to 300 g's.

TEST RESULTS

Time histories of decelerations
on the type A (MB Cl26 exciter, 10,000
1b, force) and on te type B (MB C210
Bxciter, 28,000 1b. force) systems
ware recorded on an oscillograph using
a piezoelectric accelercmeter mounted
on the exciter armature (bare table).

Figure 3 shows the acceleration
response of an MB Cl126 exciter vibra-
tion system caused by initiating the
standard amplitude proatector system.
This system does not have the type A
deceleration capability and is pre-
sented to show a typical shaker dump
as a reference. Exciter operating
conditions during this time period
were 5 Hz and 0.5 inches double ampli-
tude displacement (equivalent to +0.64
g-peak). The amplitude protector was
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fired close to the peak of the acccl-
eration waveform and the amplitude of
the resulting transient was 12 g-peak.
Figure 4 shows the acceleration respons
entirely due to table mass and flexures
at low frequencies under a condition of
a light load without amplitude pro-
tector or type A deceleration systems.
The MB Cl26 exciter was operated at:-5
Hz, $0.64 g-peak, and then the power
amplifier was turned off near the peak
of the acceleration waveform. The
resultant transient due to the effect
of the table mass and flexures was 10
g-peak.

Figure 5 shows the shutdown tran-
sient using the type A deceleration
system. The exciter was operated at
5 Hz, $0.64 g-peak and . he type A 8sys-
tem was triggered near the peak of the
acceleration waveform. The resultant
transient was 8.5 g=-peak.

Figures 6, 7, and 8 illustrate the
action of the type A system when ini-
tiated at different frequencies and on
a random basig. Figure 6 shows a shut-
down when operating the exciter at 10
Hz, +2.5 g-peak. The system was
triggered near the peak of the acceler-
ation waveform and the resultant tran-
sient was 12.4 g~peak. Figure 7 illus-
trates a shutdown at 20 Hz and +8.2
g-peak with the system triggered be-
tween maximum velocity and maximum
acceleration. The deceleration tran-
sient was 24 g-peak. Figure 8 shows a
shutdown at +18 g-peak and 5C Hz with
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the shutdown initiated at maximum
acceleration. The deceleration tran-
sient was 23 g-peak.

Figure 9 illustrates the effect
of a shutdown amplitude protector on
a MB C210 exciter. The exciter was
operated at 5 Hz, *0.8 g-peak. bare
table. The amplitude protector fired
at the peak of the acceleration wave-
form and the transient exceeded 10
g-peak.

Figure 10 shows the effect of the
C210 table mass and flexures while the
exciter was operating at 5 Hz, +0.5
g-peak and then disconnected from the
amplifier, so as to eliminate armature
braking, at the peak of the acceler-
ation waveferm. The resultant tran-
sient was 3.6 g-peak.

Figures 11 through 14 illustrate
the action of the type B deceleration
system on the C210 shaker system under
a variety of conditions. Figqure 11
shows a shutdown transient at 5 Hz,
+0.64 g-peak. The system was triggered
at the peak of the acceleration wave-
form and the resultant trancient was
12 g~peak. The ringing on the wave-
form is probably due to the ignitron
firing and exciting the armature
resonance. The undamped oscillations

after deceleration are caused by the
thyratrons which extinguish themselves
when the AC voltage goes to zero and the
armature sees an open circuit. When
this happens, the armature will oscil-
late at its mass resonance until damped
out. Figure 12 illustrates a shutdown
wher. the exciter is operated at a fre-
quency of 10 Hz, and a level of *2.5
g-peak. The deceleration transient was
at the peak of the deceleration waveform
with a level of 13 y-peak. Figure 13
shows a deceleration transient when the
system was operated at 20 Hz and 18.2
g-peak. The system was triggered near
maximum velocity and zero acceleration.
The resultant transient was 11.4 g-peak
with armature ringing and oscillations.
Figure 14 illustrates a shutdown tran-
sient when the exciter was operated at
50 Hz, %18 g-peak. The system was
triggered between maximum velocity and
maximum acceleration. The resultant
transient was 24 g-peak.

For clarification purposes, Table
1 summarizes the shutdown transients
of the type A deceleration system. The
shutdown transient was computed for
each of the test runa and compared to
the actual shutdown transient. It can
be seen by the table that there is close
agreement between the computed and
actual shutdown transients.

Table 1 - Type A Shutdown Transient Data

Shutdown Transient
Test Level
Computed * Actual
5 Hz, *+0.64 g-peak 11.6 g-peak 8.5 g-peak
10 Hz, *2.5 g-peak 13.5 g-peak 12.4 g-peak
20 Hz, *8.2 g-peak 24 g-peak 24 g-peak
50 Hz, *18 g-peak 21 g-peak 23 g-peak

*-a = Bozd + 2wv
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Table 2 -~ Type B Shutdown Transient Data

effect of the table mass and flexures,
it can be said that the deceleration
systems are quite successful in reduc-
ing deceleration transients to a safe
controllable level.

APPENDIX A

Mobility Analcg Formulas for the
Vibration Exciter (1), (2) and (3).

(1) =-a = Bozd + 2mv

where: a, 4 and v are the
instantaneous values of acceler-
ation,displacement and velocity
at the time of shutdown.
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Shutdown Transient
Test Level
Computed * Actual
5 Hz, $0.64 g-peak 6.2 g~peak 12 g-pzak
10 Hz, *2.5 g~-peak 8.1 g-peak lf'é-peak
20 Hz, +8.2 g-peak 3.8 g-peak 11.4 g-peak
50 Hz, %18 g-peak 2.4 g~peak 24 g-peak
2
*.a =B "d+ 2xv
(<]
2 1
Table 2 summarizes the shutdown (2) B = o
transient of the type B deceleration °
gsystem. The actual shutdown tran- 2
sient is compared to the computed L (Henries) = 21131
transient., The computed transients PRIION = Ke
are lower in value because of the
armature ringing and undamped armature _ .
oscillations generated by the actual Kf - fle*ure 8pring constant,
1b/in.
shutdown event.
F
M = = = generated force to
LONCLUDING REMARKS 25 driver coil current,
One of the specification require- 1b/amp. -2
ments for the deceleration systems was ¢ (farads) = 2,29x10 "W
that the deceleration should not ex- B “7
ceed the test level, It has been shown
that under conditions of light loads,
w=
low frequencies and large displace- wtable + wcoil + wload,lba'
ments, that this is not possible with
either type A or type B systems. With 1
an understanding of the transient (3) «= SRe

P {ohm) = the total damping
registance, 1134
D

D = mechanical damping constant,
lbas/in/sec
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DISCUSSION

Mr. Mutter (Boeing Co.): Can this process
be used on a random signal as well as on a si-
nusoidal test?

Mr. Cook: Yes, it can.

Mr. Mutter: How can it work on a random
signal, if control is mainly on displacement?
How do you distinguish tne level through the
frequency spectrum on a random test ?

Mr. Cook: The system looks at the velocity
and at the displacement when using the random
signal. It was designed to do this. We have not
done much testing on the system with random
signals. But is was designed to decelerate
under a random input,
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Mr. Meza (IBM Corp.): What about the
reliability of the overall system? We are
hanging x number of more chassis on that
amplifier.

Mr. Cook: So far it has beenr fair. These
number one systems are more or less proto-
type, and reliability should improve as further
systems are manufactured.

Mr. Meza: You have used the system with
random though?

Mr. Cook: Yes, we have used them with
random,
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CONTROL TECHNIQUES FOR SIMULTANECUS
THREE-DEGREE-OF-FREEDOM HYDRAULIC VIBRATIO(' SYSTEM

H. D. Cyphers and J. F. Sutton
NASZ4, Goddard Space Flight Ceiter

Greenbelt, Mar:rland

A new combined environment test facility known as the
Launch Phase Simulator (LPS), is now in operation at the Goddard
Space Flight Center. 1Included in the facility is a vibration
system designed to simulate the low frequency mechanical vibra-
tions experienced by spacecratt during the launch phase of
flight. The system is capable of operation both on the end of
a large centrifuge arm and as a conventional shaker system
mounted on a fixed reaction mass.

This paper discusses the operation and control of the
vibration system, problems relating to phase and amplitude
control of the shakers for sinusoidal and random inputs, and

several advanced control techniques which are presently under
study.

The vibration system consists of five electro-hydraulic
actuators mounted in a configuration which permit three-degree-
of-freedom motion, corresponding to a combination of longitu-
dinal, yaw, and lateral vibration. The three types of mction
can be applied independently or in any combination. This
system employs rultiple-loop feedback servo controllers for
antuator control and completely automated input functions which
enable one person to operate the complete system. Input
sources include tape recordings of actual flights, an auto-
matic random equalizer, and sinusoidal generators.

The input control system uses the latest techniques for
automatic amplitude, phase, and cross coupling control. It
features automatic displacement and acceleration level contrcl
and a unique shaker galling circuit designed to detect breakdown
of the moving actuator lubricating oil film, This circuit shows
promise as an aid in detecting this galling phenomenon which has
icig plagued hydraulic shaker designers and users.

INTRODUCTION

The dynamic environment to which a
spacecraft is exposed can, in general,
be divided into three categories:
the prelaunch or ground handling
environment, the launch environment,
and the orbital environment. During
launch, the most severe envirormental
loading conditions often occur simul-
tanevusly. In the past, simultaneous
reproduction of all of these condi-
tions has aot been attempted because
the required facilities and techniques
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didn't exist. Spacecraft design philos-
ophies, therefore, have been limited to
single environment test conditions,
resulting in hardware tailored to the
simulated test conditions rather than

to the real environmental conditions.

During launch of a space vehicle,
the severity of acoustic noise-induced
vibration is at its greatest. At the
same time, the liftoff accelerations
are of an appreciable magnitude, as are
other effects such as pressure and
temperature variations. The combination
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of mechanical vibration and static (non-
vibratory) acceleration in a laboratory
test is especially difficulct and was
formerly avoided because of tne complex
nature of the facility required. We

are now approaching a sophistication

in the design of spacecraft and vehicles
such tra!. the specific efiects of com-
bining static acceleration, mechanical
and acoustic vibration, and pressure

can nc longer be ignored in evolving
efficient and reliable designs for
spacecraft structures, subas. cmblies

and components. Significant effects

can be produced by a combination of
stresses resulting from such factors as
sieady-state structural deformations
which modify vibration response char-
acteristics, binding or friction in
mechanisms causing erratic responses
under vibration, and additive static
and vibratory acceleration causing
overstressing of structures and com-
ponents. To complicate matters further,
additional combinations of environmental
stresses such as those produced by
temperature and pressure can increase
the physical effects that must now be
considered in simulating the launch
environmental conditions.

An advanced combined environmental
test facility designated as the Launch
Phase Simulator (LPS) is now operational
at the Goddard Space Flight Center [1].
The LPS is capable of simultanecusly
reproducing the major launch environ-
mental conditions; i.e., static accel-
eration, acoustic noise, rressure
profile (vacuum), aiad mechanical vibra-
tion {(low frequency). Presented here
is a detailed description of the
envir ..nental capabilities of the three-
degree-of-freedom mechanical vibration
system which forms a part of the LPS
test facility.

System Capabilities

The LPS Vibration System producesn
three-degree-of~freedom motion (longi-
tudinal, lateral, and yaw) from 0.5
to 200 Hz with both sinusoidal and
random capability. The three types of
motion can be applied independently or
in any combination. This system 13
capable of operation on the centrifuge
arm or on a seismic reaction mass loca-
ted off of the arm (offboard) (Fig. 1).
The maximum sinusoidal and random
vibration capabilities of this system
are as follows:
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Sinusoidal Vibration

Longitudinal: +4g, 1 in. double
amplitude,
Lateral: +2g, 1 in. double amplitude.
Yaw: +10 rad/sec.2 angular acc-leration
0.015 radians double ampli-:ude.

Random Vibration

Longitudinal: 2.8 g-rms, 1 in. double
amplitude.
1.4 g-ims, 1 in. double
amplitude.
Yaw: 7 rad/sec.2 rms angular accelera-
tion, 0.015 radians dcuble
amplitude,

Lateral:

Design capabilities of the vibration
syst~>" when mounted on the seismic
reaction mass are identical to those
for the system when mounted on the
centrifuge arm except for the frequency
range which is 1/2 - 200 Hz for the
former condition ard 5 - 100 Hz for
the latt=r condition. The system can
sirulate the actual environmental
conditions in real time and can be
operated either automatically or
manually.

The facility can accommodate a pvay-
load or spacecraft configuration that
weighs up to 5000 1lb. and is contained
in an envelope 10 ft. in diameter and
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15 ft. long. This spacecraft size was
based on the dimensions of the second
generation ov obscrvatory class of
unmanned spacecraft.

Detailed Description

The vibration system consists of
a configuration of five electro-hydrau-
lic actuators interconnected with two
structural tables, such that three~
degree-of-freedom motion is vossible.
This system is coumpletely housed in
a structure known as the end cap. The
end cap is the removable part of the
test chamber which is located on the
end of the rotating arm structure.
Figure 2 illustrates the operation of
loading the end cap end on the test
champer structure. The hydraulic
power supply required for this system
is located in the pedestal pit beneath
the center of the arm. Hydraulic
power requirements for maximum force
output with sinultaneous motion in the
three~degrees~of~freedum is 300 gpm at
3000 psi. The hydraulic fluid is
transferred from the power supply to
the system through a hydraulic rotary
joint at the center of rctation of the
arm structure and i1s routed along the
arm through piping to the vibration
system for on~board operation. For
offboard operation, the hydraulic
piping is routed to the seismic
reaction mass from the hydraulic power
supply via an equipment trench.

The multi-axis motion of this
system on the centrifuge arm is defined
in Figure 2 as follows: (a) longitu~
dinal motion is rectilinear motion
along the x-ax’s or thrust axis (longi-
tudinal axis of test chamber and space-~
craft); (b) lateral is rectilinear
motion along the z-axis; and (c} yaw
is rotary motion in the horizontal (x-z)
plane about the vertical axis. The
motions for the system when oriented on
the seismic mass are identical except
that they are in a vertical plane
rather than the horizontal plane.
Explanation of the motion capability
requires a description of the shaker
arrangements: four actuators are
mounted at 90 degree intervals around
the periphery of the interior of the
end cap structure. There is a lower
vibration table which is attached to
the moving elements (pistons) of
these actuators. When these four
actuators are operating in phase,
longitudinal or thrusting motion is
produced. When two oppogsite actuators
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fFigure 2.

Applications Technology
Satellite During Test
Chamber Loadinrg Operation

of this system are operating 130
degrees out of phase, yawing motion
is produced. An upper vibration table
structure is mounted to the lower
vibration table through a series of
hydrostatic bearings and moves
relative to the lower table by
virtue of imposed motion from the
fifth actuator located within the
lowar table. When lateral motion

is not required, the upper table is
held stationary by means of a
position feedback loop. The lower
table has a mechanical locking
feature which secures the table
during mounting of the test specimen
and subsequent transportation from
the offboard seismic mass to the onhoard
(on arm) configuration. Figure 3
depicts the end cap (on the seismic
mass) with the lower vibration

table being lowered into place and
shows the coordinate system with
x~axis vartical for this orientation.
Shown in Figure 4 is the end cap
with lower vibration table removed
and upper vibration table adiacent
to the end cap. Note three of the
four thrust~yaw system actuators and
the vacuum seal (o boot") attached
to the upper table structure.
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Figure 3. End Cap on Seismic Mast
Showing Lower Vibration
Table During Assembly

Figure 4. View Looking Down on
End Cap With Lower
Table Removed

CONTROL SYSTEM
Design Considerations

The overall design of the LPS
Vibration Input Control System is
shown schematically in Figure 5,
and embodies the results of exten-
sive model stucdies performed at
Goddard [2] as well as the techniques
developrd and used by other test
facilities {3}. Because of the
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Figure 5. Sinusoidal Vibration
Control System

three-fold increase in control
complexity over conventional single
degree-of-freedom multi-shaker
systems, a completely automatic
system was developed for control
of the shakers. The vibration
system must also operate in con-
junction with three other environ-
mental control systems, i.e.,
steady-state acceleration, vacuum
(pressure profile) and acoustic
noise, to produce a real-time
simulation of the launch environ-
ment. As a result, these factors
added much to the complexity of
the design requirements for the
control system.

The following typical operd-
tional sequence illustrates the
programming capability that is
required: At T=0 the thrust sys-
tem frequency starts sweeping at
a given sweep rate. Simultaneously,
at T=0 or at later (preprogrammed)
times the yaw and lateral systems
beyin similar preprogrammed test
sequences. (Note: the yaw and
lateral sweep rates and amplitude
variations may or may not be the
same as the thrust system sweep rates
and amplitude variations.) Time
T=0 is dictated by the time of
occurrence of the specified vibration
in the overall combined environ-
mental test. This may correspond
to liftoff, max Q, transonic
buffeting, or engine firings in
space.
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The input control parameters
are most often defined in terms of
vibratory acceleration levels
obtained at interfaces between
major structural elements. A simu-
lation of the flight environment
cdn be obtained by applying vibra-
tional excitation to the structure
at these interfaces and controlling
the levels at these points to atch
those encountered in flight. With
this in mind some of the practical
limitations in achieving true flight
vibration simulation should be
pointed out:

1. Control systems are generally
limited to a specific number
of control sensor points.

The behavior of the specimen
between these points is depen-
dent upon fixture and table
design and selection of the
control points. By choosing
these points through both
analytical and empirical
means, the vibration between
the control points will be
somewhat predictable.

2. Hydraulic actuators are
inherently non-linear devices
with frequency, load, and time
dependent phase shift character-
istics.

3. Whenever multiple shaker
excitation is used, energy
crossfeed between shakers can
cause control problems at some
frequencies. This occurs due
to the fact that at certain
frequencies the specimen and/
or fixture will tend to vibrate
in its natural mod.: shape in
violation of :he specification
test levels and phase relation-
ships. Trouble occurs when-~
ever the czupied vibration
from one Jriven point to another
exceeds the level desired at
the second point.

4. The shaker-plus-fixture system
usually presents a mechanical
impedance very different from
that of the interfacing launch
vehicle. 1In the case of the
LPS system, a large table mass
of 8000 lb. rompared to a maximum
payload mass of 5000 lb. combined
with the inherent stiffness of a
hydraulic shaker system present
an extremely high impedance to
the specimen.
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In view of the above factors, the
design goal was to develop a control
system which would: (a) permit
selection of one or more control
points; (b) compensate for the load
and frequency dependent character-
1stics of the actuators; and (c)
employ cross-coupling control
techniques in order to minimize
interaction of the extremely close-
coupled system. The resultant
system should provide a well
controlled input with a very high
impedance at the plane of the space-
craft attachment incerface.

GENERAL DESCRIPTION

The vibration input control
system as shown schematically in
Figure 5 generates sinusoidal
voltages and receives signals pro-
portional to accelerations and
displaceinents of the actuators.

In addition, it accepts external
signals from either a tape recorder
or random equalizer. The system
consists of Spectral Dynamics (SD)
amplitude control and Chadwick-
Helmuth (C-H) phase contivl equip-
ment. This combination was chosen
because it lends itself to complete
automation, incorporation of the
necessary protective features and
provides maximum control loop
stability. The signal input source
(tape, sine, or random) is selected
by means of a patch panel. From
there the signal goes through the
master control panel which contains
automatic level controls, individual
actuator level controls, and a
master control. 1The automatic level
controls allow any number of actua-
tors to be brougiht on line slowly

to a level 4 db down from the
operating level. This point permits
the control lcop to be established
(in compression) and all the pertinent
parameters to be checked immediate.y
prior to testing. At test initiate
the automatic level control will
bring all controllers out of compres-
sion simultaneously at a controlled
rate. The system is then ready to
accept amplitude control signals.

Amplitude Control

Once the operating level is
reached, the sinusoidal signal
generator freguency sweep circuits
are energized. The frequency analog
output of the generators in turn
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drives the level programmers. The

same sequence is rereated for each

of the three axes. The Model SD104
sine generator cont'>ls the duration

of the test for all input sources
(tape, sine, or random) since it

drives the :i-axis of the level program-
mers.

The block diagram of Figure 5
shows a total of seven SD104 servo
controllers. One is for control of the
lateral or trarnsverse actuator, four
are for thrust control, and the remain-
ing two are fcr yaw control. All con-
trol is done on the fundamental
frequency component of the control
signal.

A typical normalized accelero-
meter feedback signal from a charge
amplifier receives some amplification
in the SD105, it is then routed to
the Model CH500 Phase and Amplitude
multiplier chassis. The Model CH500
extracts the fundamental acceleration
signal by analog multiplication
techniques. A voltage proportional
to the fundamental amplitude is
applied directl)y to the SD105
compressor (amplitude servo} to
maintain the vibration level con-
stant and independent of distortion
components. Note that the amplitude
controls employ signals which have
been effectively filtered by use of
analog multiplication. If narrow
bandwidth tracking filters had be~n
employed instead of the multipliers,
additional time constants equal to
the reciprocal of the filter band-
width would have been added to the
system. This could cause instability
under certain conditions.

The fundamental yaw acceleration
component is detected by the multi-
pliers from the accelerometer
signals obtained from the 90° and
270° hydraulic actuators which excite
both yaw and thrust motion. The
yaw signal is then controlled for
amplitude and phase separately and
summed with the thrust signal at
the power amplifier input. The
thrust signal components are handled
in similar fashion.

Level programmers control the
scale factors applied to the accelero-
meter signals for each axis and
thus determine, together with the
SD105 settings, the vibraticn level
for each axis. Displacement control
is obtained either by doubhle integra-
tion of the accelerometer signal
or by using displacement signals
which are generated by transducers
mounted dir-~.ctly on the actuators.
This actuator dishlacement signal
aud an additional slave feedtack
signal are ncrmally used only in
instantaneous servo loops for
actuator positioning and servo
valve damping.

Phase Control

The desired phase relationships
among all actuators are controlled
automatically by the Model CH 500~7AS
Phase Control System. Phase sensing
is accomplished by analog multiplica-
tion of the accelerometer signal and
the undistorted reference sine wave
at the generator frequency. This
analog multiplication gives a control
voltage proportional to the phase

TABLE T
RATE OF PHASE SHIFT FOR STRUCTURAL RESONANCES
Generator
Time to Sweep Sweep Rate (Phase Shift Degrees/Second)

20-2000 cps Degrees/Min. Q=5 Q=10 Q=20 | Q=50 Q=100
29 min. 5 1.7 3.3 6.7 17 33

14 min. 10 3.3 6.7 13.0 33 65

7 min. 20 6.7 13.0 27.0 65 133

4 min. 40 13.0 27.0 53.0 133 270*

2 min. 80 27.0 53.0 110.0 270* 540%

* Too fast for 180°/second maximum

speed of 500 systems
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(out of phase component) o the two
signals with rejection «f aarmonics,
noise, hum, or other signals not

at or very near the shaker frequency.
This control voltage is used as an
error signal by the phase servo.

The servo then shifts the phase of
the fundamental drive frequency to
the actuator in the proper direction
to bring the actuator into the desired
phase relationship with the others.,
Front panel adjustments allow the
actuators to operate in phase, or
permit selecting any desired phase
of fset, relative to the reference
actuator motion. For each actuator.
a phase error meter indicates any
deviation Jrom the desired phase.
Table I shows rates of phase shift
for structural resonances and the
control capability of the phase
control system.

Random Control

Present plans for the provision
of random control equipment for the
LPS vibration system include an
80~channel automatic random equaliza-
tion system and a multi-channel random
averager. ' This equipment will be
operated in conjunction with the
sinusoidal control system to average
the four thrust accelerometer signals
and feed the average PSD spectrum and
level data into the automatic
equalizer. The random ccnsole adjusts
the input signal to provide proper
equalization of accelerometer signal
levels within each filter band as
required by the test specification.
The overall random drive to each
shaker is controlled by a Data-
trak-SD105 combination in the same
manner as are the sine inputs.

(See Figure 6). (Note: The Data-
trak is essentially a device for
following a pre-plotted curve.)

ACCELRMATION FEECHRACK
TYPCAL OVERALL
LEVEL FEEDRACK
r.._ POWER AMPLIFITR

RimDON
WrTRAQLR

s

OTHER THRUST
FEIDRACK LIGNALY

THRUST SWEEP
GENERATON
0104

Present Random
Control System

Figure 6.
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Cross-Coupling Compensation

Both amplitude and phase
control can be defeated by
high-Q resonances in the structure
between the drive points. For
instance, with resonance amplifica-
tion of input from the principal
or master shaker, a greater "g"
level than desireu may appear at
the drive point of a particular
slave actuator. This condition
depends on the mechanical. impedances
of the test structure and fixture,
and of the shaker table. Should
resonances occur, the compressor
circuit at the slave actuator can
decrease drive to zero. The test
objective for "g" input, then, cannot
be met, and phase control is also
lost since there is no slave actuator
drive to control.

One (impractical) solution to
this problem is to control manually
through the resonant frequencies. ‘ae
operator adjusts the amount of drive
from the oscillators (compressor off),
and the phase of drive from the phase
control unit (servo off) until return
to automatic control is possible.

Another solution is to study
the structural behavior at the
resonant frequencies, determine
"cause and effect" paths (e.g.
drive at actuator "a" causes largest
response at shaker "b" accelerometer),
and prograin for exchange of accelerom-
eter signals and contro. channels at
these frequencies. This approach
works well with a two-channel system,
but for a more complex system, the
exchange becomes very complicated
and impractical to program.

One general approach toward stabili-
zation of an "N" channel system is to
generate "N" bias "test frequency"
signals which are directly applied
to the drive signal input for each
channel, (i.e,, not through the phase
and amplitude control system). These
bias signals are approximately the
electrical equivalent to (but opposing)
the structural cross coupling between
drive points. Operation of the Model
CHS532 Cross Coupling Compensator
is based upon this general approach,
but with an added practical advantage
of very uncritical bias value (ampli-
tude and phase). This advantage is a
result, in part, of the use of
multipliers for detaction of vibration
amplitude and phase (in-phase and
out-of -phase components rather than
magnitude and phase angle.)
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The LPS control system contains
two model Ch532 cross-coupling
compensation systems; a four-channel
unit for thrust interactions and a
two-channel unit to correct for yaw
interactions.

Safety Features

The testing of expensive space-
craft hardware requires that every
precaution be exercised in order to
insure that environment. tests are
performed correctly. Thev2fore, it
is necessary to ascertain chat the
setup prior to test is correct and
that once the test is begun, any
malfunctions will subject the specimen
to levels lower than the specification
levels. The input control system has
suveral modes of operation. A brief
description of these is given below:

Pretest checkout of the vibration
input control system is accomplished
by means of a Preset Mode. 1In this
mode, the control loop is connected
directly from the servo controller
(SD105) output to the accelerometer
input. This permits checking the
input control system from Initiate
through Shut Down. The control system
is interlocked so that prior to se-
lecting Operate Mode all gain settings,
progran limits, pressures, etc., must
be established. In the Operate Mode,
just prior to test initiation, the
system is placed in automatic operation

and a signal is inserted which will hold

the system approximately 40 db. below
the preset test level. This condition
allows the table and specimen to be
centered and the control feedbark
loops to be closed.

There are several circuits which
are designed to protect the spacecraft
once the test is initiated. Shutdown
of the compressors at a predetermined
rate will occur if: (1) there is a
loss of any accelerometer control
signal; (2) a switch is changed;

(3) a component fails; or (4) a pre-
set level of acceleration is exceeded.
In addition, emergency stop buttons
located at various points in the system
are available to initiate smooth,
rapid, automatically sequenced, transi-
ent free shutdown of the entire
facility.

Because the LPS vibration system
is completely enclosed with the end
cap with all actuators permanently
connected to the tables, a means of
detecting incipient galling (break-
down of the lubricating oil film
between moving parts) was developed.
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This system consists of accelerometers
mounted on the hydraulic actuators,
amplifiers, monitoring loud-speakers,
and oscilloscopes. The system detects
the high frequency fgreater than 500 Hz)
noise which is typical of increased
friction between parts and gives a
visual and audible warning of light
galling allowing immediate shutdown for
prevention of costly severe galling.

Figure 7. Acceleration Time History
of Galling Response

Figure 7 is a photograph of
the output of an accelerometer
mounted directly on a hydraulic
actuator during a 2 Hz sinusoidal
dwell. The plots of Figures 8 and 9
show the Fourier spectrum power
spectral density (PSD) and probability
density (PDA) of the galling and
non-galling portions of a cycle.
Note the relative magnitudes of
the Fourier and PSD plots. For
quick detection of incipient galling,
such data analysis is not necessary.
The characteristic rasping sound
heatd when the signal is reproduced
via a loudspeaker is very efféctive
for this purpose. The skewress of the
PDA and the "one-sided” characteristics
of Figure 7 are due to data recording
problems.

PLANS FOR FUTURE DEVELOPMENT

Such techniques as control
firom points on the spacecraft above
the table level, improved random
control, impedance control, automatic
cross-coupling compensation, and
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digital computer control are under Random Phase Control
consideration.
Preliminary studies at Goddard
Spacecraft Control Points and elsewhere [5] indicate a need for
phase control of random signals applied

Provisions have been made in to multiple-shaker systems because
the present system to permit control hydraulic actuators are non-linear
of the acceleration level at points devices with phase shift character-
on the spacecraft other than at the istics which are apparently functions
interface. This type of contrcl of temperature, contamination of the
will consist of selecting one or hydraulic fluid, and of specimen
more points to be controlled on the mechanical impedance. In the case
spacecraft structure, feeding signals of a common random input to two or
obtained at these points into a more shakers, a condition could exist
phase insensitive multi-channel in which one actuator would be moving
averager and then introducing the up when another would be moving down.
resulting average signal into the In multiple-shaker configurations
cortrol system via a variable gain such performance could cause large
amplifier. This signal will be intro- stresses on fixtures and introduce
duced in a manner which will undesirable yaw components into pure
enable the svstem to control to the thrust tests.
required amplitude level on the space-
craft and yet maintain the proper The random excitation control
phase and amplitude reliationships at system under consideration consists
the interface. of a modified 80-channel automatic
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equalizer. This modified system
provides five independent automatic
equalizer and analyzer controls, each
covering a 20N Hz bandwidth. This
arrangement will provide 16 filters,
each having a 12.5 Hz bandwidth.

This modification, to incorporate

phase control, may take the form of

a set of variable delay lines or

employ the use of heterodyne techniques.
Operation of one possible phase

control system (Figure 10) is as
follows: Wide band randcit »>ise is

fed to a balanced modulator where

it is modulated by a 100 kHz carrier.
The resulting signal is passed through
a bank of narrow bandwidth filters

and demodulated again. In the demodu-
lation process, however, voltage~
variable crystal controlled oscillators
are used so that servo-controlled
nhase shift may be introduced into

the forward signal path of each narrow
band of noise. The demodulated signals
are recombined and fed to the actuators.
The feedback accelerometer signals

are heterodyned with the 100 kHz
carrier and narrow band filtered so
that the average phase angle between
the two 10 Hz components, the two 20 Hz
components, etc., can be measured.

The resulting DC signals are used

to close the phase control loops.
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10. Block Diagram of
pigure Proposed Random

Phase Control System

"Phase" in the application dis~
cussed here refers to the phase
angles between ‘:he outputs of two
nearly identical narrow bandwidth
filters. For random noise inputs,
the narrow band random outputs have
the appearance of randomly amplitude-
modulated sinusoids. The "frequency"
of the ocutput signal is well enough
defined so that DC "average" phase
can be derived. Figure 1l depicts

the appearance of two nearly identical
narrow-band signals maintained approxi-
mately at 0°, 90°, and 1B0° relative
phase angle. 1In the two-actuator
svstem described here, if the two

10 Hz components, the two 20 Hz
components, etc., are all maintained
in phase in pairs, then the net result
when the two complete sets of narrow
band signals are recombined will be
"in phase" i.e., both actuators will
move up and down in unison.

ne

Figure 11. 0°, 90°, 180¢ Phase
Relationships of Random
Signals
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Impedance Control

In most practical situations,
the impedance at a point is a complicated
function of frequency, with resistive
and reactive effects beccming dominant
alternately in continuing succession
as the frequency is increased. To
date, most impedance control work has
been done using sinuscidal inputs.
A technique which holds promise for
impedance control with random inputs
consists of adding a force gage signal
in a parallel feedback path with an
accelerometer signal. When this force
signal is fed to individual phase and
amplitnde weighting controls and then
summed with the accelerometer signal,
the random equalizer is able to adjust
the acceleration spectrum as required
by the interactior ¢f the test specimen
with the interface impedance. This
argument is developed in greater
detail in Reference 5.

As the mechanical impedance
problems involved in a multi-degree-
of-freedom vibration simulation
problem are more complicated that
those for a single-degree-of-freedom
situation, this technigue will probably
not be applied to the LPS until it
has been successfully applied to
simpler systems.

CONCLUDING REMARKS

This vibration control system:
(1) permits selection of any desired
control point or point; (2) compensates
for the 'oad and frequency dependent

characteristics of the individual
actuators; (3) employs advanced
cross-coupling ccntrol techniques
to minimize shaker interaction; and
(4) incorporates all necessary
protective features along with
completely automated control. Thus,
the resultant system provides a well-
controlled three-degree~of-freedom
input motion at the plane of the
spacecraft attachment.
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DISCUSSION

Mr. Otts (Sandia Corp.): What type aver-
ager did you use?

Mr. Cyphers: This is an Unholtz-Dickie.

Mr. Otts: With random signals on two
axes, have you considered the use of dual
equalization? Ia other words, equalizing one
axis with one equalizer, the other axis with
the other?

Mr. Cyphers: Yes. The paper discusses
in some detail 2 system in which we arc very
much interested, which would take a conven-
tional 80 channel system, divide it into 5 sep~
arate random equalization systems, each con-
taining 16 filters at 12-1/2 cycle bandwidths,
up to 200 cycles. This would provide all the
capability of a single system for each ac*uator.
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Mr. Otts: Are you going to equalize one
channel at a time with the others down, or are
you going to attempt to equalize simultaneously ?

Mr. Cyphers: I think on this closely coupled
system we would have to do it mostly simulta-
neously. They are solidly attached to each
other as you saw by the lower table and they
would have to be done in conjunction with one
another.

Mr. Otts: Then you are just going to live
with the cross coupling and in certain fre-
quencies you are going to be out of spec, is
this true ?

Mr. Cyphers: We have not even thought
about cross coupling under random control yet.

Sighs
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INITIAL REPORT ON EQUIVALENT DAMAGE MEASUREMENT
BY UTILIZING S/N FATIGUE GAGES*

Thomas B. Cost

Naval Weapons Center
China Leke, California

Code 5517, Quality Engineering Division, Central Engineering Test Branch,
Naval Weapons Center, Chine Leke, California, has successfully utilized

S/N Fatigue Gages for ascertaining structural degradation induced in missile
body structures during road transportation tests and cross country trensport-
ation tests. The results indicate a reliable and simplified method for corre-
laving field induced demage to laboratory-controlled equivalent darage tests
can be developed by utilizing fatigue gages.

INTRODUCTION

The purpose of this paper is to des-
cribe a method that was recently used by
personnel at NWC, China Lake, California
for determining the amount of structural
damage incurred by the Chaparral missile
during roud tests on the XM-370 sclf pro-
pelled launcher at Aberdecn Proving Ground,
Aberdeen, Maryland. The results of this
investigation indicate that the measure-
ment of fleld incurred fatiguc damage can
be achieved by the utilization of fatigue
gages end this damage can be related to
latoratory induced fatigue damage. The
utilization of this uncomplicated method
of fatigue damage measurement opens & new
dimension in cquivalent damage test design
and test evaluation.

THE S/N FATIGUE GAGE

Herctofore, the determination of
accumuleted fatigue damage has becn largely
speculative in nature due to the lack of an
effective, uncomplicated, and reliable
method of fatigue damage measurement that
would lend itself to practical aprlication
outside the laboratory. A good deal of
fatigue damage investiation has been done
with methods using ultra-sonic devices,

;F_P—aper not presented at Symposium,
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eddy current devices, and magnetic devices.
These are, f r their purposes, quite often
very useful. They are, however, somevhat
complicated, require some rather sophisti-
cated ¢lectronics, and céh. be: rFather diffi-
cult %o utilize under field conditions.

The fatigue gage discussed in this
paprer was developed by Mr. Darrel R.
Harting of the Boeing Adircraft Company in
1964 and is, in essence, a strain gage that
develops an irreversible resistance change
directly correlated to fatigue damage when
it 1s subjected to cyclic strains. Al-
though resistance changes occur in the gege
at strain levels below 800 or 900 B, these
changes are very small aud the gag~ appears
to "saturate” or fail to change resistance
when subjected to these low strains. As
the strain levels increase, the resistance
changés alsc “increase. Thes® resistance
changes can be directly correlated to the
induced pre~-crack fatigue damage in a
specimen. The resistance change for a
rarticular fatigue gage is a functicn of
the strain level environment experienced
by the gage. The results from tests with
cyeclic strain about & zero mean strain
arc essentially the same as those from
tests with eyclic strain levels above zero
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mean strain. A complete and detslled
evaluation of these and other charactexr-
istics of this type of fatigue gayge are
found in references 1 and 2 and need not
be reiterated here. It should be stated,
however, that these gages, unlike conven-
tional strain gages, do not require con-
tinuous monitoring. The gages may be
monitored periodically during a test and
resistance changes can be detected by
resistance sensing devices wi.h resolu-
tions of 0.01 to 0.001 ohm. Because the
S/N fatigue gage possesses these attri-
butes together with the ease of appli-
cation and relatively low cost found in
nost strain gages, it was selected by
Code 5517, Central Engineering Test
Branch, Quality Engineering Division, NWC
China Lake for measuring the fatigue
Zumage incurred by the Chaparral missile
While transported on the XM 370 self pro-
pelled launcher.

TEST PHILOSOFHY

Theor.tical suiuctural analyeis
of tue Chaparral missile, as described
in reference 3, together with structural
load tosts cunducted by Code 5517 NWC,
described in reference 4, disclosed that
if a serious structural pr,blem existed
on the Chaparral missile, it would be at
the motor tube-warhead intexface. Fig. 1
shows the warhead motor tube interface.
This enlarged cross-section view of the
warhead and motor tube clamp ring grooves
shows how possible stress concentrations
could exist at the radius on the bottom
of the grooves. These data predicated the
location of tue gages as shown in fig. 1.

FATIGUE SAGE LOCATIONS DURING APG
5,000 (+ 1,600) MILE ROAD TEST

=

s

JACES

Figure 1. Chaparral Missile
With Cross-Section View of
Warhead-Motor Tube Interface
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It was postulated thut even though
a fatigue gage could no* be mou:ted on
the radius at the bottom of the clemp
ring grooves, a gage could be mounted
immediately adjacent to the radius and
would be in u« relstively high strain
field if such a fleld existed at the
radius. A correlation could then he
achleved between the resistance changes
incurred during the transpertation tests
and those incurred during fatigue tests
to failure that could be conducted in the
laboratory.

ROAD AND CROSS COUNTRY TESTS

Twelve Chaparral missiles were in-
strumented as follows for the rcad and cross
country tests: Two each FNA-06 fatigue
gages were mounted on the bottoms of the
clamp ring grooves at positions $90° from
the hangers whereby the gages would see
maximum strains either in compression or
in tension. Two each FNA-O2 fatigue gages
were mounted on the outside of the motor
tube-warhead-clamp ring at similar
positions relalive to the hangers as those
on the bottom of the grooves. The backing
on the gages usea on the bottom of the
grooves was trimmed as close as possible
to the grid in order to pernit locating
the gage adjacent to the sherp radius at
bottom of the grooves.

MOTOR JOINT AND CLAMP RING

The Chaparral missiles were then
loaded on the XNM-370 self propelled
launcher with four missiles louled on the
launcher rails and eight missiles loaded
in the storage compartments. The missiles
were changed from storage rack to launcher
rails at periodic intervals during the
test to equalize input vibration loadings
on each missile. The self propelled
launcher completed 5000 miles of road
transportation plus 1600 miles of cross
country transportation at Aberdeen Proving
Ground, Aberdesen Maryland.

LABORATORY TESTS TO FAILURE

The laboratory fatigue tests to
failure were conducted on 5 standard
motor tubes sections and inert warheads
and on 3 modified motor tube sections
and inert warheads. The standard and
modified motor tubes are compared in
figure 2. Tre sharp radius at the base
of the motor tube clamp ring groove has
been removed in the modified tubes.

ST e

No&d

STANDARD

CLAMP RING

RETROFIY

Figure 2. Comparison Between Standard
and Modified Motor Tube Groov:s
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Data acquisition instrumentation for these
test specimens consisted of a strain gage
and an FNA-O6 fatigue gage mounted at the
boctom of the clamp ring groove on each
warhead. These gages were located on the
specimens to respond to the maximum
induced strain. The warhead-motor tube
specimens were mounted in a restraining
bracket and attached via a drive rod and
collar to an electro-dynamic vibration
exciter. This test set-up is shown in
figure 3. Data acquisition and test
monitoring equipment is shown in figure
L. These instruments consisted of: (a)

A force gage,(b) A signal amplifier, (c)
An oscilloscope, (d) A counter for count-
ing loading cycles, and (e) A resistance
reading device.

Figure 4 (Right)

Data Acquisition and

Test Monitoring

Instrumentation

A. Strain uage Signal
Conditioning System

B, Qscilloscope

. Counter

Force Signal Amplifier

Resistance Meter

c
D
E

.
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The test parsmeters consisted of a
sinusoidally varying load of 1000 pounds
peak force applied to the specimen at 30
cycles per second in such a manner as to
introduce a 1500C inch-pound moment at
the warhead-motor tube clamp ring grooves.
This sinusoidal moment loading, corre-
sponding to that induced by an 11.6g pulse,
produced strain levels of t1500 u-in/in
the bottom of the motor tube clemp ring
grooves and £100 to $2C0 u-in/in strains
in the bottom of the warhead clamp ring
grooves. These parameters were applied
until failure occurred in the motor tube
clamp ring grooves.

Figure 3 (Left)
Test Set-Up
A. Vit-ation Exciter
B. Force Gage
C. Motor Tube and Warhead
D. Restraining Bracket
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TEST RESULTS

The fatigue gage data for the warhead-
motor tube joint collected during the
road tests are shown In figure 5. These
are frequency distribution plots of the
resistance changes for the fatigue gages
located in the motor tube clamp ring
grooves and in the warhead clamp ring
grooves. As can be seen, the resistance
changes are low in megnitude. The
average resistance change in the gages
on the motor tubes is 0.l16-ohm and the
average resistance chenge on the warheads
is 0.0 96 ohms.

The 1100 to 200 u-in/in strain
on the warheads in the laboratory tests
was too low to induce detrimental fati-
guing. The gages on these warheads
"saturated" or stabilized very ecarly in
the tests with resistance changes of 0.0k
to 0.20-ohms which compare favorably with
the data frow ‘the road tests.

The fatigue gage date for the gages
or. the standard motor tubes are displayed
in graphical form in figure 6 as resistance
change versus cycles to failure.

RESISTANCE CHANGES DURIHG APG 5,000 MILE {+ 1,600 MILES)
ROAD TEST

AVE CHANGE =~ 0.11% DHMS

Iy |

OHMS CHANGE
MOTOR TUBE DATA

~
T

NO. OF READINGS
-

~3

NO.ODF RTATNGS

>
Figure § (left)
Reslstance Changes
AVE LHANGE o 0 (AR RN on Motor Tube and
Warhead Clamp Ring
Grooves.
1 U /
01 0.2

OHMS CHANGE
WARHEAD OATA

MOTOR TUBE FATIGUE GAGE DATA WHEN TESTED WSING 15,000 (N.-1B
MOMENT AT WH-MTR JONIT

_Figure 6 (right)
Resistance Changes
From Fatigue Tests
on Motor Tubes.

RESl’TANCE CHANGE, OHMS
=
o

[ %4

[ §)

1
/ .
TAILURES
1 11 1 1111 1 1 14 4 111
1 7Y 45 618910 » « ¥ 0w
CYCLES X 1000

39




ppien: oot sictizon

B s i3

There is a spread of resistance changes
from 0.85-ohm at 38,000 cycles to failure
to 1.7-ohms at 82,000 cycles to failure.

The three modified motor tubes with-
stood 180,000, 325,000 and 417,000 cycles
to failure. Unfortunately, only one of
these, the 1{10,000 cycles to failure spec-
men, had & fi.tigue gage on it. This gage
had a resistance change of 2.48 ohws.

CONCLUSIONS

There are three conclusions that can be
made from these data. These are:

1. The resistance changes in the
fatigue gages on the 12 Chap-
arral missiles used during the
road and cross-country tests are
negligible compared to the total
registance changes to failure
incurred in the laboratory spec-
imens. The 12 missiles were not
structurally degraded during the
road and cross country test: as
is ronfirmed by these data.

2. The mcdification of the motor
tubes represents a marked im-
provement. in the fatigue life of
the motor tube

3. The use of S/N fatigue gages can
be used to accurately determire
trke equivalent structural de-
gradation between field induced
damage and laboratory induced
damage. The question of over-
or under-testing can essentially
be eliminated.

Certain precautions are in crder,
however, before blindly aprlying fatigue
gages to a specimen. The proper use of
fatigue gages is predicated on the same
engineering principles as the use of any
other datae transducer. The proper in-
stallation of the gages at the correct
pouints on the specimen implies thac
stress-strain peculiarities of the
specimen must be examined by the appli-
cation of brittle coating, strain gage,
or photo-elastic techniques, or through
the knowledge of previous fallures before
instrumentation is begun.

Also, absolute rontrol of the test
operation and data acquisition must be at-
tained. This precludes the intr~duction
of spurious pasrameters which can com-
promise test results.
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HOLOGRAM INTERFEROMETRY AS A PRACTICAL VIBRATION
MEASUREMENT TECHNIQUE

Ccmeron D. Johnson and Gerald M. Moyer
U. S. Navy Underwater Sound Laboratory
Fort Trumbull, New London, Connecticut 06320

specimen.

optical technology.

Hologram interferometry, a technique that has been described primarily in the optical
litcrature, is an eminently practical means of measuring mechanical vibrations. The
process uses coherent illumination to produce an optical interference pattern on the
surface of a vibrating object. Qualitative and quantitative information is readily
obtained from the interference pattern. Unlike conventional interferometry, this
technique is simple and straightforword and does not require an optically rolished

An example in which holooram interferometry was used to study the vibra-
tion behavior of two plate specimens is presented. The mode shapes of 36 discreté
resonant modes were photographed and used to draw conclusions concerning boundary
conditions, assembly procedures, and material properties. 1t is concluded that the
time hos come for mechanical engineers to start taking odvantage of this new orea of

INTRODUCTION

yiologram interferometry as a vibration measure -

ment technique was introduced by Powell ond Stetson!

in December 1965. Although their work has vast po-
tential oppiication in the field of mechanics, most of
the subcequent papers deoling with the topic have
oppeared in the optical literature. It is the intent of
this paper to discuss the practical applications of the
technique and to encourage its use by those engaged
in measuring mechanical vibrotions.

THE HOLOGRAPHY PROCESS

Holography is a specialized photographic process
for :acording the interaction of two coherent light
fields on high resolution film plates. The necessary
equipment for moking a hologram is shown in Fig. 1.
The output from the helium-neon laser is divided by a
beam splitter into o reference beom and an object
beam. The reference beom is exponded and directed
onto a photographic plate, and the object beam is ex-
panded ond directed onto the objact to be photo-
graphed. The photographic plate then records the
interaction of the reference beam and the light scat-
tered from the object.
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Since the photographic plate is a record of light
fields rother than images, the finished plate appears
to be merely a light-fogged plate contoining no use-
ful information. It is not possible to deduce the sub-
ject of a hologram by examining the plate under nor-
mal room=-lighting conditions. However, since co-
herent light was used in the recording process, the
hologram contains not only the amplitude information

MIRROR

He Ne LASER 6328 A

REFERENCE BEAM BEAM
SPLITTER

y
MIRROR

Fig. | = Holography Apparatus




found on o norma! ph *: :graph but alsophase informa-
tion. The holagrum is viewed by illuminating it with
a coherent light source and looking through the plate
exactly as if looking through a window. The originul
obiect is then visibie in a perfect three-dimensional
image having exactly the same spatial orientation that
it had when the hologram was exposed. The three-~
dimensional property hos caused a greot deal of specu~
lation about the feasibility of three~dimensionol tele-~
vision, motion pictures, and training devices, and

a host of other glamorous applications. A somewhat
more prosaic application, but one which offers imme-
diate technical rewards, is the measurement of me-
chanical vibrations.

HOLOGRAM INTERFEROMETRY

Holography is in itself an interferometric process,
with interference occurring, on a microscopic scale,
between the reference and object beams. The inter-
fererce phenomenon of interest in engineering measure -
ments, however, is the macroscopic interference be -
tween two images in double or multiple exposures with
a small change in object potition occurring between
exposures. Fringes will appear on the surface of the
object at intervals correspanding to changes in the
pothlength of light in one-wavelength increments.

The most significant advantage of hologram inter~
ferometry aver conventional interferometry is that no
special surface preparation is required. Conventional
interferometry requires an optically perfect surface to
work from, wherecs any diffusely refiecting surface
will produce gaod results with hologram interferometry.
This characteristic makes it possible to use hologram
interferometry to measure surface deformations of
engineering structures of practical interest.

Hologram interferometry may be used for static or
dynamic measurements, and in both cases it offers
significant advantages over other available techniques.
It is @ non-contact measurement and therefore does not
in any way load the structure to be measured. More
significantly, it is @ continuous measurement that pro-
vides detailed information on the deformation of al!
points on the surface simultaneously.

Hologram interterometry is accomplished by making
a double exposure of the object and introducing a sur~
face deformation between exposures. The resulting
hologram will contain two nearly identical images that
differ anly by the deformation introduced between ex-
posures. |f the surface deformation is in the order of
several wavelengths of the light used for illumination,
the object will have superimposed o1 it a number of
interference fringes that accurately describe the nature
of the deformation. The fringes are then read exactly
like a contour map, with the fringes representing lines
of constant displacements that have coused changes in
the pathlenath of the object beam in one-wavelength
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increments. From a practical standpoint, deformo-
tions ranging from 10 x 1076 to 500 x 1079 inches may
be conveniently ohservec. Techniques are available,
at some sacrifice in convenience, for extending the
range to several thousandths of an inch.

The application of helogram interferometry to
vibrating surfaces is accomplished by a method similar
to that described above, except that only one exposure
is made and the object is vibrated during the exposure.
Because the object is continually vibrating, the fringe
pattern is continually changing, and the resultant
hologram contains the superposition of an infinite
number of positions. Since the photographic emulsion
integrates the incident light during the exposure, the
resultant fringe pattern is related to the probability
density function of the amplitude, which, for sinusoi-
dal vibration, results in comparison between positions
near the positive and negative peaks.

The occurrence of fringes for sinusoidal vibration
may be described by Eg. (1),

2f2
I-= Jo [—;’-(cos ¢, + cos ¢2) S]Isv (M

where I is the intensity of the image, I, is the in-
tensity of the image if the object were stationary, J

is the zero~order Bessel function, A is the wavelengt

of the coherent illumination, ¢, and ¢, are the angles
between the object beam and the normal to the vibrat-
ing surface and between the axis of observation and the

normal to the vibrating surface, respectively, and
5 is the displacement. A plot of the square of the
zero-order Bessel fi.ction is shown in Fig. 2. |t
can be seen that the maximum value of J‘::,2 [(’]
occurs when [ t] = 0.  Since that condition
exists only when the displacement is equal to

zero, nodel regions are easily identified in the holo-
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gram by their high relative intensity. Dork fringes
occur at tl.e tang2nt points of the Bessel function with
the zero axis. Tte amplitude associated with each
fringe may then b calculated by equating the argu~
ment of the Bessel function in Eq. (1) to the numerical
volue of [{] ot the tangent points ond solving for &,

APPLICATION TO VIBRATION MEASUREMENT

A good example of the value of hologram inter~
ferometry is a study of the vibration response of two
plate models used in @ hydrodynamic research project
at the Underwater Sound Laboratory. The plate
specimens were of stainless steel, 5in. x 7 in. x
.031 in. thick. They were soldered or cemented to a
rectangular stainless steel frame made of 1/2-in-
square material having outside dimensions of 5 in. by
7 in.; thus, o 4-in. by é~in. area of the plate was
left free to vibrate and an approximation of a clamped
boundary conditior for the plate was established. The
plates were cut from commercial rolled stainless steel
stock and were sandblasted after assembly.

The holography study had the following objectives:

1. Determine whether the 1/2=in. -square frame
provided a suitable approximation of a clamped
boundary condition,

2. Determine whether cementing was a suitable
assembly procedure for attaching the plate to the
frame,

3. Determine whether anisotropic material prop~
erties due to the preferred grain orientation resulting
from the rolling process hod an appreciable effect on
the resonant modal structure of the plate,

4. Identify the frequency and mode shape of as
many resonant modes as possible.

The oasic work table was a 4=~ft. by 8-tt. by 10~in. -
thick granite toolroom inspection plate mounted on a
three~point low~frequency air-servo suspension system.
A helium=-neon laser, the optical elements, and the
test specimen were mounted on the granite slab. The
excitation was provided by air-coupling by placing
an B-in. loudspeaker behind the plate specimen and
driving it with the amplified output from an audio~
frequency oscillator. An electronic counter was used
for precise frequency determination.

The hologram recordir 3s were made by the con-
ventional two-beam pracess, in which the laser output
is split into reference nnd object beams, which are
expanded and directed on the photographic plate and
the test specimen, respectively. Kodak type 649-F
high resalutian spectrosocopic film plate was used for
all holograms. No special precautions other than
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providing inherent stability by means of the air-mounted
granite slob were necessary.

All holograms were of the time-averaged type, in
which the nodal regions are readily apparent from their
high relative brightness and the fringes are recd like
a contour map. An example of this physical interpre~
tation is shown in Fig. 3 for one of the higuer-order
modes, for which the reconstructed image of the holo~
gram and the corresponding model of the deformed sur-
face are shown side by side.

The specimen subjected to the most intensive
analysis was one in which the plate was silver=soldered
to the frame. A resonance study of this plate was made
with the plate standing upright on one of its 7-in. sides
and with no additional support provided. Resonance
frequencies were tuned by detecting maximum displace -
ment with a non-contact fiber-optic=probe sensing
device. Holograms were exposed at each resonance
detected. A total of 36 discretes modes were identi-
fied in this manner and were used as the basis of
comparisen for all other phases of the investigation.
The modes are characterized by essentially rectangular
nodal patterns and are catalogued by a two-number
system in which the first number designates the number
of vertical nodal lines and the second number the
number of horizontal nodal lines. Thus, by this con-
vention, the primary mode is designated (0,0), and the
(2,3) mode is that which has 12 regions of vibration
separated by a nodal matrix having rwo verticul and
three horizontal nodal lines. The 36 modes detected
are shown in Figs. 4 through 6.

The modes shown do not represent all the resonant
modes present in the frequency range examined, as
several were not excited to a sufficient amplitude to
permit a hologram to be made. They do, however,
contain sufficient information to uccurately predict
the frequency and shape of many of the missing modes.
A convenient graphical representation may be made by
holding one mode number constant and plotting the
other mode number against frequency. In the resulting
family of curves, typical curves represent all modes
having zero horizontal nodal lines, one horizontal
nodal line, two horizontal nodal lines, etc. A repre-
sentative curve, then, contains the (0,0), (1,0), (2,0),
3,0), (4,0, (5,0), (6,0}, and (7,0) modes. inter-
mediate modes, i.e., those at frequencies between
the highest and lowest recorded on any given curve,
can be predicted with precision, and a good approxi-
mation of modes of highcr frequency may be made by
exrrapolation. This was, in several instances, demon-
strated in the resonance study by predicting the location
of a missing mode and obtaining a hologram at the pre-
dicted frequency. The family of modal curves for this
plate is given in Fig. 7

It is interesiing to note the comparative ease with
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Fig- 5 - Vibration of Flow Noise Plate for Modes 13 through 24
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which such a resanar.ce study was accamplished with
halographv. Although it is certainly possible to iden-
tify resonance frequencies with a ooint measuring
device such os o fiber aptic probe, the number of
point measurements required to identify euch particu=
lor mode 12, shibitive far al! but the first few mode
shapes.

The other objectives were accomplished by com-
paring the results of ather selected rest conditions
with the results of the basic resonance study. The
assumption of a fixed boundory condition far the plate
was disproved by examining the first several modes
of the same plate with additional restraints ploced on

the boundary. The additianal restraints severely dis-
tarted the nodal potte ns, as shawn in Fig. 8. Addi-
tional restraints wauld have hod no effect cn the mode
shapes if the 1/2-in.-square framework had been
sufficiently stiff to establish the desired fixed bauncary
condition by itself.

The svitobility of cementing rather than soldering
os a means of attoching the plate to the framework
was examined by making holograms of a cemented plate
and camparing the mode shapes ta those abtained with
the soldered plate. A sanpling of some of the corres-
ponding modes is shown in Fig. 9. It was concluded
from this study that cementing is a suitable method of

Fig. 9 - Comparison of Representative Modes af Cemented ond Soldered Plates
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Fig. 10 - Mode Distortion Due to Anisotrapi= Material

attaching the plate 1 its supporting structure.

That the anisotropic material properties have an
effect on the model structure is evident fram the dis-
tortions observed in the (1,2) mode. A comparison of
the behavior af the scldered and cemented plates re-
veals that the distortion is unchanged; this is to be
expected as the specimens were cut fram the same
piece of stock. The comparison suggests that the dis-
tortian is independent of the manner in which the
plates are secured to the framework and also that it is
nat due to an effect introduced by heating one of the
plates in the scldering process. As a final check to
preclude the possibility that the distortian was due ta
the manner in which the plate was driven, the plate
was inverted and another hologram was exposed. The
fact that the resulting distortion was also inverted
indicates that it was due ta an inherent characteristic
afthe plate imaterial rather than ta the method of maunt~-

ing or driving. The above camparisons are shown in
Fig. 10.

CONCLUSIONS

In the example stoted above, hologram irterfero-
metry was used to analyze the vibratian characteristics
of plate specimens to an extent that would have been
impractical with conventianal vibration measurement
techniques. Hologram interferometry is a simple,
straightforward procedure and is well within the tech-
nical capability and financial means af most research
laboratories. Tha time has come to stop thinking of
holography as an interesting optical curiosity and to
start exploiting its potential in the mechanical measure-
ments laboratory.
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DISCUSSION

Mr. Jackman (General Dynamics/Pomona):
This was a very interesting paper. The ." ing
that intrigued me most was the three dimen-
sional or isometric view that you showed. The
one that shows the depth and the two outer phase
conditions, How was that obtained?

Mr, Johnson: This was simply made by
taking a picture of the hologram which you saw

previously and making a model by cutting layers.

Each layer was a piece of 1/16-inch balsa wood,
and the layers were just stacked up according

to the fringes - cut out along the fringes from
the picture.

Mr. Miller (Itek Corp.): rave you used
ruby lasers in your holographic setups to mea-
sure transient vibrations ?

Mr. Johnson: We have not done it our-
selves, however, some very fine work has been
done in this area by Worker of TRW and some
work has been done on particle analysis in fog
and, as I said, oxidation in »ocket engines.
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RESPONGE OF AN EIASTIC STRUCTURE INVOLVING
CROSS CORREIATIONS BETWEEN TWO RANDOMLY VARYING EXCITATICN FURCES

A. Razziano
Grumman Aircraft Engineering Corporation
Bethpage, New York

and

J. R. Currerl
Polytechnic Institute of Brooklyn
Brooklyn, New York

This paper prescnts the reswdte of an investig.:ion to show the
importance of considering cross correlations between shaker inputs in
environmental viosration tests, General responses to t© random loadings
that are uncorrelated, directly correlated, and having various time lags
are determined. The general equations were then applied to a simply
supported oeam, and response curves plotted for a point on the beam for
the three random input cases. The beam response at the rrescribed loca-
tion will then obviously be the input to any plecc of equipment mounted

taken into consideration.

at that point. These respernse curves reveal the magnitude of errors
involved when eross corrclation between the two shaker inputs is not

1NTRODUCTION

Effcets of c¢rosc correlation between two
shaker random excitations in the field of
environmen*al testing has not been to date
taken into consideration. It is the intent
of this report to reveal the necessity to do
s0 by analyzing three cases, uncorrelated,
direectly correlated, and various time lags
between random inputs to a simply supported
beam with motion input. The beam responses
for each case will indicate that cross cor-
relation between the inputs and its time
position on the time sculc of the correlation
function has a real importance und that
neglecting it would lead to an er.oneous
response spcctrum, and in turn an erroneous
input environment to equipment mounted on the
beam,

A literaturc search revealed that work
had been performed in the area of c¢ross
correlated excitations. M. Trubert (1)
published a report on investigation in deter-
mining the responsc of a lincar continuous
structure {cantilever beam) to random loadings
o7 various correlations by a semi-experimental
m:thod, Transfer runctions were determined
and the natural frequency was chosed high
enough so that only the first mode was
involved {in thc investigation. OSimilar work
was reported by H. hizner (2) whieh involved
an cxperimental determination of transfer
functions of beams and piate: by ¢ross
correlation techniques. Again, a cantilever

beam was used for the model, and only the first
mode was used in the investigation. In both
investigations reported excitation forces

were applied directly to the beam, and both
noted the effects 0" cross correlation of two
excitation forces an the response of the beam.

In the analytical investigation reported
herein, the model is & simply supported beam
witik two fuput excitations at the supports.
This was dune to simulate typical spmcecraft
environmental tests. General theory was
fourd in the text written by J. Robson (3)
and applied to our modcl beam, This model
was selected so that effects of the first
three modes could be investigated. Aside from
this being a typical case, the author wanted
to detcrmine effects of cross correlations on
combined cymmetrical and unsymmetrical modes.
It chould be madc clear that the transfer
functions used in the random response aralysis
i{s obtained as a result of a sinu.oidal input.
The functions are then shaped by random spectral
density inputs which irncludes uncorrclated and
cross correlated terms, and are statiatical
in nature.

GENERAL RESPONSE T TWO RANDOM LOADINGS

(Effect of Cross Correlation of Two Random
Force Inputs on the General Response)

Ry ES;_: EGN
Figure 1 - Respoase of Elastic Structure
to Two Loads
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P(t) and Q(t) = two rundom loudings auctin:
simutancously, but at éif-
ferent points.

x(t) = resulting displacement of
a given point in a ¢iven
dircetion.

The spectral deviity of x(t) can be
expressed in terms of the spectral densities of
P(t) and Q(t) by mear, of the autocorrclation
functions.

Let the autocorrclation function of x(t),
P(t) and Q{t) be Rx(f) and P.q(l‘).

RX(C') =<x(t) x (t +t‘)> where the brac-
kets represent a mean value (2.1)

©
=<l[h"? (M) Bt - 7)) + W, (1) ale -rl)]

<
drl) [pr (r2) P(t "% *e) + wxq (ré)
%

Q-7 +7)] ‘“'-.>

wherc the above integral is known as Duhamel's
integral, or the convolution intcgral and
pr %t) and qu (t) = weighting functionc

glving the responsc t¢ & unit impulse.

L4 ande_ = receptance for harmenic
excitation

R (F) = !T«xp ("‘.'1)[1‘“-@ (z) < B(t)
Bt + T -T, +¢')) dt‘e] ary
© -
O A ) d?’z] af
.

fug (rl)[f W, (X e

P(e + 7 -8 +r)> dfg] af)

L <
o (rl)[),' W ()< a)
AL + T, - T, +t))dl‘2] aty
(2.2)

The mearcd quantities in the first and
last terms arc simply autocorrelation functions

and may e written as Rp (Pl -2, ),

Rq (f-1 -}‘2 +¥). The corresponding quantitie:

in the second and third terms arce cross corre-
lations functions ac defined by,

R GO ETCIE 9)° (2.3)
1oy can be written as follows:
hp._\ (t‘: -2, +2) and qu (t‘i -z +0)

The uutocorrelution function ol the response
is therefore;

-]
Rx(t) =-.r°wxp (rl)[{ wxp (ZZ) Rp

@, & +T) dt"z] at)

*J xp (rl)[j-qwxq (%) Biq

o 47 dz"&] ar,

‘j wxq (rl)[Jowxp (t:d) qu

(rl -z, + ) dt2] dt'l

>4

©
’fwxq (2"1)[2 wxq (2:) Rq (2.4)

(r, -z +2) dt'2] at,

By using the Fourier transform relation-
ship between 5, (f) and R, (T) we have

©
5, (£) = zjﬂx(r)e -iere¥® (2.5)
<o

by substitutirng Equation (2.4) into Equation
(2.5) results in the following;

S (f) ce "w_ 3 (f) +e e 5 (£)
o X0 xp b xr *“xq “pg

* *
+ s (f 2.6
Yoy ap Sgp (D) Py g Sg (D) (&6

where thc cr. . spectral denzity S (f) ic
glven by P

-3
s =2/ t)e " 2T 4o
o B _‘qu( Je d (2.7)

So the spectral density of the response
cannot be determined from knowledee only of
the spectral densities sp () and sq (f) of

the applied forcec; a knowlcdge of the two
cross gpectral densities S (f) and 5 (f)
is also nccessary. Pq ar
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The effect of cros: eorrelation ean be

illustrated by det:rmining the combined respon.es

dve to two randomly varying forees, P{t) and
Qit), considering these to be first uncorrclated,
and then to be correlated in sueh a way thut

P(t) and Q(t) have a constant ratio.

Case I

For no correlation between force input-
P(t) and Q(t)

If P(t) and Q(%) arise from quite
independent sources - the cross-correlation
functions qu (&) and qu (»), and so the

eross speetral densities S‘ﬂ(f) and qu(f),
>

will be zero. It is assumed, unless the
opposite is obviously implied, that all
randomly varying juantities have zero

mean value. Equation (2.6) then reduces to

5,00 = Jm ] Z 500 + Jmy o) T80 (28)

The response spectral density in this
case is thus simply the sum of the two response
spectral densities obtained with the forces
acting separately,

Case II

If P(t) and Q(t) are directly correlated
so that Qt) = KP(t) where k 1s a constant,
then

R () = <P(t) kP (t+T) =k R, ()

R () =P (1) P(t+F)) =kR ()

R, (€) =CKP (1) KP(ter))= K2 R, (¢)

Using the known relations between eorrelation
functions and spectral densities we have:

= = 2!‘
Spo(f) = kS, (£), 8 (1) = k5, (£),8.(£) = K5 (1)
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Equution {«.6) now pives the foilowirg:

X * "
.,x( r) =-‘<_‘p ep up(f) +-<xp .<x1l }:sp ()

vot M 15 (1) +e¢ "o, K (1)
xq xp p Xy xq = p

* n
s == +xe Yo
5, (1) <, K “H)(‘(xp X x{}) o(D)

5,(1) =l“x1, the, l 4 5,(0)

The spectral density of the responce now
depends wn the modulus of a vector cum cf
W0 reeertanees and co on the relative
rhase of the two rceeptanees.

_E:_;i.s:e II1
Consicer the ease where the speetral

densitiec ¢ the two loadings are identical;
that i3 where

If the forces are uneorrelated, we see
from Equation (2.8) that

Sx(f) = [,dxp , G +I"xq,-] s(r) )
(2.9

whercas,

If'thelbrccs are direetly correlated, for
Sp\f) = Sq(f) impliez that k = 1 we have

6,(1) = "‘xp + qu‘ 25(0)  (2.10)

Equation {2.10) may be written as
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cos $ |s(f)

where # is the phase diifarence between the two
reccptances at the particular frequency f, and
in this form it is morc easily compared with
Equation (2,9). Clearly the result for the
uncorrelated loadings glven by Equation (2.9)
will only be equal to that for the correluied
loadings given by Equation (2.11) when cos ¢ = 0

that 1s when ¢ = = ?. For other values of ¢ the
spectral density in the correlated case may

2
have any value between ["‘xp‘ ""5«;' ] st1)

2
end[{-t xp'+ l'(qu] S(f) depcnding on the values

of cos g, If yp = " at some frequency, the

ol
xq
spectral density at that frequency in the
correlated case will be zero. For any frcquency
at which "xp = “xq_’ the spectral density with

correlation will be twice that obtained without
it.

These last recults could have been inferred
without using Equation (2.6) by considering the
discrete frequency response to in-phase and

out-of-phase loadings at the two excitation
points.

Case IV

When @(t) reproduces P(t) after a lag of
7, o that at) = P(t + T).
In this case

Rm(f) = <P(t) P(t + 2 +1-)>= Rp(ro +7)

Using Equation (2.7)

- oimT
2tmT 2

0
qu(f) a_f‘np(t; +ZT)e

() o —
=geidriojap(z;+z‘)
o

-1 2
acleme(r +0)a (o, +0)

Qi2ﬂ'f‘l"° sp(f)

As S__(f) and S_ (f) arc complex conjugates, wc
a» gq - 2ime
have also Spq(f = e o S(f)

d obviously S _(f) =35 _(f
an ou..y-:q() p()

Lquation (.6) now becomec

* iewtvT *
s = ¢ o L
ux(f) [l(xp o« xp + e o xp
- 2omr e *
'-(xq T e (<] ‘(xq .(,p {2.12)

» o
e qcqu] 5(0)

General Dctermination of the Recer.cance

(Transfer Function) To A Point Furce loeding
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Flgure ¢ - Gencral Responsc of & Beam

Conslider a bcam of 1ength! as shown with
a transversc point load P(t) acting at x = x5

and consider in particular the trensverse dis-
placemeni w (w:L , t) at x = e To obtain the

regponse to random P(t) we must obtein the
relevant rcceptence “lp s which defines the

response at x = x1 duc to harmonic excitation

of unit wmplitude at x_. To do thls, there-
fore, wc determine thf response when

P(t) = P im. We must first set up the
equations o1 motlon of the system. The dis-
placement at any point, w(x, t), may be
cxpressed in terms of the normal modes of
the beam as

wix, t) =Z_ w.(x) & (t) (2.13)

where wr(x) represents the r‘h normal mode of

the beam and Er(t) arc the normal coordinatas.

Damping can also be included, elther by
#x?gé"go#sﬁé’}i‘x% SEE BESRETEAS or:ll,tt?ygr’ ors
including an imaginery part in the stiffness
term. (It 1s assumed that the demping is
small, and that there is no coupling between
the mades due to demping)., We shail use the
latter tccause hysteretic damping gives a
gooa epproximation to the behavior of an actual
system, The exclting force 1s represented
by generalized forces = . The equation

Tl nente

of motion in the r™ mode iz

= 5 -
Mrér " Q+1 "r) er T r

The gencrallzed force “:‘r correcponding to {

1c or*ained by considering the work done, &'w,
in & virtual displacement &w (x}). Thus for
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P(t) = B¢ it

Sws= be L ~“ﬁ}w (x.p)
vt
Dl Zr L (xp)Jﬁr

=, must be such that dw =Zr;ré‘§r

= =-'-wr(x)Pc1“t
r P’ o

The equation. of motion mey then be writt=n
ME +w(1+13 )M E =
r *r r r’ "rr

W, (%)) e Mo e, 2, -2) (2.14)

Solving Equation (2,14)
: ) wriﬁ)) Poe

< e + ) &
5 Mr(wr w i”r“r

iwt

Using Equation (2,13) ylelds

Wy ) = e MY 5 [ 0% (p)

(srztiws))

w(xl, t) is thereforc proprotional to prit

iwt
let w (x‘.L t) = L (xl) e

W X W X
o _;: (x1) =fr[ rLllzl r ("p)

((“’r - i”lr“’r)]
o TG (i eGrkens)

The receptance in terms of frequeney is (Z.. '5-)

@y
fr= 2T
xlp =Zr“r X - iYr) (2,16)
where . m
.21 =
“r M
r
X =1;—T[§fi3f—227r—;—-zr
T m L= = fe)2 +y frJ
£ 2
L . A

= -g
r WL (62 - P hF]
When there is random excitation P(t), the spectrai
density Sl(f) of the motion x, is related to the

spectral density Sp(i‘) of P(t), et any frequency,
by

2
Sl(f) ""1p | Sp(f)

From Equaivion (2,16)

(2.17)
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2 4 c
lxlpl =z;'ur Xy +£r 4 Yy (2.18;
=Z;-£s"'r 4 XX 421-53 MU YL,
=Zris“r‘s (xr Xt Ys)

2 af.2 L2
l‘lpl : =2—1‘~1“(xr H Y!‘) +2r‘;54r'qs
(xr X+ Y, YS) ¢ (2.19)

If the demping of the system is small, the
peaks will be pronounced, and provided that the
natural frequencics arc well separated, the
response in vicinity of the resonant frequency
will be dominated by a singlc term of the
summation, It follows that the product terms
wili be small relative to one single

-
(x.“ +Y 2) term, Away from a resonance this
will not™ve s0, but in these reglons some
inaccuracy can be permitted because, as the
magnitudes are so much smaller, such frequen=
cles play little part in random vibration.
Equation (2,19) therefore, reduces to the
following:

=) = 2,

subscituting )(__2 and er glves

2 2 S
(xr + Yr ) (2.20)

2
2 My
o =
| 1p| BT "[‘(fr'é’ - 12)2 +"’;r? fr’*]

If only & single tcrm is important near
ary cue peak, Equation (2.20) need not be
writt. . as & serles, The response d~pends
on two f‘actors,,«r, which depends o the

positioning of loading and mcasurement points
with respect to the normal modes, and the
magnitude of Xr, Yr 8t the particuler fre-

queney. If, for any r, v, (xl), or w (xp)

is zero, that is if the loeding or measuring
dcvice is situated at & nodc of any normal
mode then 4¢  for that r is zero, and tlec is
n¢ response in that mode. For f close to any
53 ) the corrcsponding mode will Le greatly
emphesized,

DETERMINATION OF THE RECEPTANCE TO A MOTION
INPUT FOR A SIMPLY SUPPQRTED BEAM

1
— )

id lw | —T;m

Figure 3 - Responsc of & Simply Supperted
Beam

As E own Lefore the equation of motion
in the r** normal mede is ac follows:

Mr§r+Mrwr(l+i'lr)'§r":-r



Lot g ; This _s the aeeeleration at any point
r "’ T along the beam duc to a motlon input at the
2 tWO SuUpportu.

Mr =J o*r (x) m (x) dx 1s the generalized

mass where m (x) = mass per wnit (2.22) Tac receptance 1s obtained from Equation
o (2.28) as [wliows:
length and 15 constant, N 4 sin rex
and = f"r (x) m u (t) dx is the generalized o(x = g_&i?._tl =Zr
rorcine, function, (2.23) ’ '
where u (t) 1s a sixzmsoidal input ( w? ) (2.29)
M z - Y ey G+ 1028 =Er whpe ~w? + 1’1"""1'72
rer wa o
E et Z L w3 anwd)
r Mr-M«..)"- 1+1n) rﬂ' W W )T 2w
i VR
~%3 o~ L sin rrrx
X504 Er - 1r (X -17%)
The displacement cf the beam at any point as r r
expressed in terms of the normal modes 1s: and as previousiy shown 2
Tg AccRL. 13 woowiE ;)-z"w,a)g'(u 4 sinrgzx
wix,t)=2w(x)§ "( Iz% ] —(x2+Y2)
we w?e x,04 T T T r
= 16 sin 2 r@x
w (x, t) =2r' MI'E&-:J EEY ,cx 01,2=Zr
r T r) X5 = <
w2 (2.24)

4
f
((f TR R TE ) (2.30)
For & simply supported beam let the normal r r
mode chape be expressed as follows; where f = .Lz‘?F
V= gip ITX 2, 3,-- 2.2
Ve (x! Haks it = l’. s 3,==)  (2.25) Equation (2.29) is the receptance at x

substitute equation (2.25) into (2.22). due to motion input at x = O and x =£ ,
1
: 2 r 7 x dx The receptance forms which are needed in
{ = m si
e, /o sin =7 Equations (2.9), (2,10), and (2.11) ere as
follows:

but due to orthogonality

y) &_ , = recentance at x due to input at x={
/ in LI X 4, 0rx & _, x5k
sin sin 8p°—= =

4 “xl, = receptance at x due to input atx = 1
1f r 4 n
M = mj (% 1 cos r>rx dx To findc(x,l the generalized forcing

function changes to the following:
ot (2.26)

e B e

Substitute Equation (2.25) into (2.23)

= ]
_'_=f (x)mu(t)dx T’ "1’
Ule) »”
= mu (t) fsinz-}r-l dx
= (t) -? (2.27) thLe:‘t hs- Simply Supported Beam with Input
.____‘.’."M
Substitute Equations (2.25), (2.26), and (2.27)

into (2.24)

sin rvrxmu(t) 21 jo(()w (x) mu (t) dx

(x, t) = -2 where f 1}: the rigid body mode shape
< "'“ lé*i' ) E_=r'-—i'l} t Lxsin!-}l g
W () %) "8 (,‘,')Zr “_mﬁr'i whei'e the integral 15 of the form
. 5w joxsinaxdxwhene.sr-j':-
w " 1 1 /
(wzr - 1’rw2r> (2.28) 5 [;5 sin ax - 2 x cos a.x]o

Therefore;
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mju_(ﬁ___ for r =], 3, 5, ===

T_mnu (t)

-2l gy s, e (2.32)
and
T T R S

Substitute Equation (2.3%) into (2.,28)

m U {t) sin rex
5y ”,
T

w (x, t)

2 U (t) sin rmwx

R s

< w? )
2 - 3 5
ﬂlr w2 +i”rwr?

<2 ¥ (t) sin rrx

. —
2, 4, 6, aud o

(“!re ""2 + L8, w2 )
and the receptance becomes
2 gin rrrf

T

.. @2 )
{ (‘;2 -‘02 1 r“?re

(2.33)
and,

f .w'('x,t)=::.Z___

(2.34)

o =;;xt

Xy 4 u (t "r= 1,3,5,---

(2.35)
and

2 sin
o o R o Z &
i ‘ ol + r=2,4,6,--- T
i
: w?
; QT2 r,;'r% 2 (2.36)
i
{ similarly;
‘
- - 1
i
; o

1 71*
t )

§ Figure 5 - Simply Supported Beam with Input at
y Right Support

2 sin rwx
EWREIRT .
t 5 J?w—’w%w_,e (2.37)

Case I
—ie 2

< vinrmx

xl,"

r=2,4,6,..." T~

w 2
(=)

Bquations (2.35, (2.4), (. 37), (2.38)
may be written in terms of £ 5y Just replacing
why r.

‘2.38)

2 zin Irr x

o . — _A (2.39
xt §1,3,5,---r1r

f2 )
< 1% <
‘.’r 1‘+i*r!‘r

2 sin pw
«® .
X‘ h r= 231*:6:“'“#E (2'365)
f2
B CEEY NEX A
r rr
&nd
2 sin rwx
X = s Ao (2.37a)
x]_' T =1,3,5,~=-T1 W fa
(remsipr)
2 3in rrx
« .. — (2.38)
xl‘ r= ‘?:h:6)"' rT
12
i‘rE -f< + i’r -
b sin2 royx
« 2
%4 rF1,2,3,.- g (2.39)
fl&
(£ Z-2217% J 2T N
I s4n2 pepy
) — o
%xt "1, = (2.40)
P )
P,
- 2 sin rFx
*
°<x! hr?Z,h,&--- T
( f2 -
E o = itr fr‘
2 sin rerx
*
P4

xll “r= 1,3,5,mec 1

!'2
b e iqr r)

- For no correlation between the two

A shown before;
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where Sx(f) is the power speetral dencity of the

response at tone point x.

3, (f) and 8, (f) are the power spectral den-

slties of the inpit at the left support and rirht
surperts respecvively.

Case [I - If therc i: 1ircct correlation between
the two motion inputc;

P‘ (o3
S A1) = eyt ke ) s ()

Case III - If the two spectral densit; irputs are
identtcal;

Sy (£) = S (1) = 3 (1)

s0 that Tor Case 1

2 2|
Sx(f) =[!°&'l +,a<x1‘| ] S (f)
and for Casc II
Sx(f‘) -.-[Ia(x’ + “"1“ ‘} s ()
which may be v:itten

s =[5+ el

cosf] s (f)

Case IV - When one input reproduces the other
after a lag of T,

* jame *
Sx(f) =(dx‘ ‘u +e O‘(x£ d",

*
‘o v-inTfl"o.(x]A“ PR 3PV, s (£)

xi X184 X1

thi‘é

*
P
where a(x’ is the complex conjugate of )

*
o . 5 reX
and ) is the complex conjugate © x4

3. The Model Beam

T

40

Figure 6
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The madel 1o o eimply cupported stecl beum
40 inches long, < inches spuarc and o welcht of
L8 pound:. The first threce nstural frequencies
of the beam are as follow:;

a 5
£ =R E1

T 2w m

where 8 =m-

o, = Lk

u} = 9T~

F = lewrth of the beam = L0 incher

Wbt

m = macs ver unlt leneoth - il I
1b. see”

RERN e

El = bending stiffones: of the ceetion -
ho x 106 1b. 1n.€

T hox 10 p .
8= S aoes) (296 x 10 T 11 e

£, = kg

£, = 1008 eps
3 1

The P.0.D. {power spectral denuity)
response of the beam will he found at a point
10 inches from the left end. Aczcume ¥ for
thisz bean ic O.1.

L, Conciusions

In comparing the recponce plots for
uncorralated (Firure &) and directly correlated
(Fipure 9) caces it can be ccen thav the dif-
ference between them is quite dramatic.
Symmetrical first and third mode:s of directly
correlated responses are twice that ol the
uncorrelated case. This is due to the additive
phasing rclationship between cross terms. The
oprosite 1o true for uncymmetrical second rode
where in the direztly correlated casc phasing
of the cross terms have a canceling cffect
causing us to losec this mode, tut conversely,
vhasing is such that it is retained in the
uncorrelated responce, For simplicity cspee-
tral dencity inputs S(f) at the supports were
chosen to be 1.0 g2/cps.

Responses with time delayc between the
inputs, ac expected, rvduced to the dircetly
correlated response for a zero time delay.
Reduction to the uncorrclated casc obviously
oceurs when the cross terms are rmero (Firurc 8)

Diamatlc results were obtained for
arbitrarily chocen time delayc of one half,
one, and two milliseconds. For 4 one-half
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millisecond delay, (Fipure 11) we find the unsym-
metrical vecond mode that was lost in the directly
corrclated case reap;ears, and with a rosponse

cqual to that of the wncorrclated case. The first oo
mode ic retained, but the third mode is loct as a
result of cross terrs completely cancelliny the 40
rure terms, 20
When the time delay is increased to one %ﬁﬂ
millisecond (Firure 12) the third mode reappears
but not to its hirhest level and width., The
second mode i dractically reduced, but the first
mode remsins unchareed. 5
A further incregse in delay to two milli- )
second: (Fijurce 13) dractically reduccs the firs
mode width and peak. TPhasin: of cross terms also
causes the third mode width to deercase, and dls-
torts the sceond mede chape.
These results chow clearly that the cross
correlation between the inputs has a real a.)
importance and that neclecting it would lead to e 50 toso $
an crroncous responze spectrum, The response
curves also show that not only the maximu? of the Figpure 8 Uncorrelated Response
cross correlation is important, but alco {tc time Spectral Density
position on the time ccale of the correlation
function rlay: u determinant role,
4
> 3 e
L s
Lt
T I »
(%) Si#) 0
5¢)
Lo
al
10 to® 2000 4
Figure 9- Correlated Resronse Spectrel Density
ai Fiecw'e 10 - Spectral Density of Correlated
0 . 2000 Response witn a Time Lag Between Inputs of

Fipure 7 - Spectral Density of Randown. Inputs
at Supports

9o
3
| /\
90 ) 1000 P

ol
0

Figure 1 - Spectral Dencity of Correleoted
Responte with a Time Lag between Inputs of

o = 1.0 millizeco 4.,
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T=0 sec.

”
i
bR
ol 1///
] 100

1000 *

Fiurz 11 - Spectral Density of Correlated Re-
sponse with a Time lag Between Inputs of
ta = 2.9 milliceconds
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2
o, = receptance at x duc to harmonic input
so P et p(t)
ol = receptance at x due to harmonic input
S *3 gt Q(t)
d g normal mode
10 0 = phase angle of reccpiance
Er = generalized forces
] p ¥ - damping factor
i / ‘[’o * time delay
| ¢ = difference of phase angles between
receptances
W = excitation frequency
8-l 10 o0 e . W, = natural frequency of rthmodc
f * = denotes complex conjugate
: Pigure 13 - Spectral Density of Correlated
Res;yonse with a Time lag Between
i Inputs ofto = 2,0 milliseccnds
LIST OF SYMBOLS
E = modulus of elasticity REFERENCES
g = acceleration of gravity (
1) Marc R, P, Trubert, "Responsc of
2= “""fﬁ of imprele Elastic Structure to Random Excitetions,"
A A AF-AFOSR-62-313, August, 1963
k = constant
A = 1ength (2) H. G. Kizner, "Experimental
Mr = generalized mass Determination of Trensfer Functions
of Beams e¢nd Plates Ly Cross-
m(x) = mass per unit length Correlation Techniques,"
n = (1, 2, 3,---) 67-373, June, 1962,
P(t) = reandom loading on left side of elastic
stustiue (3) J. D. Robson, "An Introduction to
Q(t) = random loading on right side of elastic Random Vibration," University Press
structure and Elsevier Publishing Company,
Rp(t') = autocorrelation function of P(t) 11964).
R q(i') = qutocorrelation function ' © ¢\3)
R 4 Rx(f) = gutocorrelation function of x(t)

E_ (%) = cross correlation function between
Pq the loadings P(t) and Q(t)

t = time
u(t) = sinusoidal excitation

W, (t) = weighting function giving the response
tc a unit impulse at P(t)

W, (t) = waighting function giving the response
to & unit impulse st Q(t)

vr(x) = normal mode shape
w(xt) = displacement of the beam at any point

x(t) = displacement of a given point in a
given direction

e
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DISCUSSICON

Mr. Edgington (White Sands Missile Range,
N.M.): Considering a two-body system wouli
you recommend testing with two completely
noncoherent random inputs without any cor-
relation or any given time lag?

Mr. Razziano: Yes, in order to excite all
the modes you would want to have uncorrelated
inputs.

Mr. Bendat (Measurement Analysis Corp.):
I think that your application of cross correlation
and spectral analysis techniques is very inter-
esting but some of those curves look pretty
theoretical. In actual measurements there are
lots of errors that are introduced as a result
of the record length, the frequency ranges and
the methods of analysis. What did you actually
do about the error analysis question?

Mr. Razziano: I have some test results I
would be glad to show them to you, if you would
like.
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Mr. McConnell (Naval Ship R&D Center):
Have you looked into the fact that when tau
becomes of the order of one millisecond you
are getting into the frequency range of your
input. How does this relate to suppressing
certain parts of the input. When tau is zero
there is no effect and when tau is one this cor-
responds to a thousand cps. It appeared that
the notch was at about a thousand cps. When
tau was two there appeared to be a big notch
at about 500, Have you looked at the effect of
this time in terms of any particular frequencies
that could be suppressed by the time delay?

Mr. Razziano: No, as I showeu you in, I
think, the third slide the power spectral density
input was flat across s(f) and was a constant in
the entire analysis. In other words, in each
frequency band there is exactly 1 gi/cps put
in at the two shaker locations.



AUTOMATIC NORMALIZATION OF STRUCTURAL MODE SHAPES

C. C. Isaacson
R. W. Merkel

Engineering Laboratories
McDonnell Aircraft Company
St. Louis, Missou..

Two basic prohlems have heen ¢ncountered in the measurement and plotting of
vibration mode shapes of large structures. First, application of hand-held vibration
probes to the structure sometimes causes a small amount of damping and may distort
the indicated mode shape. Second, data from each test station must he manually
divided by a reference value in order to plot the normalized mode shape. In order to
minimize these problems, an instrument, developed and evaluated in the laboratory, is
used to normalize data outputs to a reference transducer on the structure, thereby
cencelling the small damping effect and providing a normalized ratio indication.

The instrument, designed primarily for use during aircraft ground vihration test-
ing, processes output signals from the velocity pickups which are used to map the
vibratory mode shapes ol the aircraft. A normalized mode shape graph is subsequent-
ly obtained by plotting the output readings of the normalizer. Modular operational
amplifiers were used in a ‘‘huilding block” fashion in the signal normalizer design
because of their versatility in performing the various computing functions required.

Diagrams of the instrument’s operational circuits are presented with comple-
mentary descriptions of operations i:cluding the mathematical computations performed
in each module. System evaluation includes an unaly<ns1:XMLFault xmlns:ns1="http://cxf.apache.org/bindings/xformat"><ns1:faultstring xmlns:ns1="http://cxf.apache.org/bindings/xformat">java.lang.OutOfMemoryError: Java heap space</ns1:faultstring></ns1:XMLFault>