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This report has been reviewed by the U. S. Army Aviation
Materiel Laboratories and is considered to be technically
sound.

A study was made of the inlet flow to a fan-in-wing con-
figuration as a function of various flow parameters as
influenced by the geometry of the wing and of the fan
inlet under various flight conditions. The theoretical
results were compared with the available experimental
data. The resulting computer program is a powerful tool
for use in investigating not only fan-in-wing configura-
tions but. arbitrary wings with and without fans and with
and without flaps.

The report is published for the dissemination of infor-
mation and the stimulation of ideas in the application
of theoretical aerodynamics.
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SUMMARY

A general method has been developed to determine the aerodynamic character-
istics of fan-in-wing configurations by means of incompressible potential-flow
theory. The method is applicable to wings, flapped or unflapped, and to a wide
variety of other potential-flow boundary-value problems. Arbitrary wing and
inlet geometry, fan inflow distribution, thrust vectoring, angle of attack, angle
of yaw, and flight seeds from hover through transition can be treated. The
theoretical model is completely three dimensional, with no linearization of
boundary conditions. The calculated results include pressure distributions,
lift, induced drag and side forco, pitching moment, rolling moment, and yawing
moment. The method has been programed for use with a high-speed digital
computer.

The numerical potential-flow solution is obt-Aned with source and vortex dis-
tributions on the boundary surfaces. The representation is composed of small,
constant-strength source sheet panels distributed over the exterior wing sur-
faces, internal vortex filaments that emanate from the wing trailing edge to
provide circu1ation and to produce the trailing vortex sheet, and a vortex lattice
across the fan face and along the periphery of the fan efflux. Source and vortex
strengths are oba~ned by satisfying boundary conditions at a finite number of
points on the boundary surfaces. From these, velocities and surface pres-
sures, and flow properties at selected points in the flow field are found.
Internal fan loads, based on pressure and momentum relations across the fan
and an assumed fan exit flow distribution, are added to integrated wing surface
pressures to determine total forces and moments on a fan-in-wing configuration.

Streamline paths on the wing and inlet surface are computed from the potential-
flow surface velocity distribution. A boundary-layer theory is included to in-
vestigate the boundary layer along streamlines, particularly in the inlet region.
The boundary-layer computations along streamlines include the three-
dimensional effect of streamline divergence across wing surfaces. The aero-
dynamic effects of boundary-layer thickening or separation on the forces,
moments, or pressure distributions, h')wever, are not included in the theory.

Results of the method were compared with wind-tunnel data obtained by NASA
on a fan-in-wing model having a fuselage and a single lift fan in each wing.
Comparisons of results with NASA data were made in the flapped configuration
with the fans operational at two thrust vector angles, and also with the inlets

q covered. Good agreement was found between the theoretical solution and experi-
mental force data for both 0- and 30-deg deflected fhps with the inlets covered.
Pitching moments did not agree as well, probably because of the fuselage on the
NASA model, which was not included in the theoretical calculation.

Results with the fan thrust vectored and unvectored showed that the theoretical
force calculations depend strongly on the fan forces, which were obtained from
assumed inflow and fan exit flow distributions. The two inflow distributions
investigated, uniform and with a sinusoidal variation around the fan face, pro-
duced values for lift below and above the experimental data, respectively. The
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total inflow in 1- .h cases was the same, and the difference in lift between the
two cases was Aue primarily to computed fan forces.

Comparisons of theoretical and experimental pressure distributions with the lift
fans operational were in qualitative agreement. The most noticeable difference
was in the overall pressure level everywhere on the wing, even near the tip
regions. No experimental boundary-layer data were available for comparison
with this model.

The results obtained to date indicate that the present method is a powerful tool
for the evaluation of fan-in-wing aerodynamic characteristics. Its usefulness
can be further extended by supplementing it with experimental data. Experi-
mental determination of the fan thrust would eliminate the assumptions currently
used and would lead to more accurate total force predictions. Entrainment
along the fan efflux can also be simulated with this model if the entrainment
distribution is known. Experimental determination of such entrainment could
provide the required information.
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FOREWORD

Development of the fan-in-wing analysis method described In this report was
performed by the Commercial Airplane Division, Aerodynamic Research Unit
of The Boeing Company, under contract to the U. S. Army Aviation Materiel
Laboratories [Contract DA 44-177-AMC-323(T)]. The method is based on
previous Boeing-sponsored research concerning the theoretical analysis of
V/STOL wing configurations (References 1 and 2). It also incorporates many
features developed by researchers at Douglas Aircraft Company (Reference 3)
under Navy contract.

Volume I of this report presents the theory and application of the method and
includes an explanation of the program usage. Volume II gives a detailed

9 description of the computer program.

4

dOd

v4

0L



TABLE OF CONTENTS

SUMMARY ........ .................. iii

FOREWORD ........... .................. v

LIST OF ILLUSTRATIONS ..... ............. ix

LIST OF SYMBOLS ...... ............... xv

1. INTRODUCTION ...... ...............

2. THEORY .......... ................. 3

2.1 Development of the Theoretical Model .... ....... 3
2.2 Potential-Flow Theory ............... 6
2.3 Boundary-Layer Theory ........... 20

3. NUMERICAL PROCEDURE .... ............ 25

3.1 Solution of the Integral Equation .. ........ 25
3.2 Velocities and Surface Pressures .......... 32
3.3 Forces and Moments ..... ............ 34
3.4 Surface Streamlines ..... .......... 38
3.5 Boundary Layer ..... ............. 42

4. GEOMETRY ....... .............. .45

4.1 Wing Geometry ............ 45

4.2 Lifting System Geometry .... ........... 53
4.3 Inlet Geometry ...... ............. 58
4.4 Jet Efflux Tube Geometry .... ......... 68
4.5 Axisymmetric Surface Geometry .. ........ 72

5. COMPUTER PROGRAM USAGE ... .......... 75

5.1 Geometry Program Usage ........... .. 75
5.2 Potential-Flow Program Usage .... ..... 112

5.2.1 Background Information .... . . . . . 112
5.2.2 Input Format ..... ....... . 123
5.2.3 Output ........ ...... . . 144

5.3 Boundary-Layer Program Usage ... .... . 146

6. APPLICATION ....... ............ 149

6.1 General Considerations ..... ........ . 149
'4 6.2 Nonlifting Wings ....... ......... 159

6.3 Lifting Wings ....... ........... 160

vii



TABLE OF CONTENTS (Continued)

6.4 Fan-in-Wing Configurations....... .... .... ..... 170
6.5 Boundary-Layer Analysis... .... .... ..... ... 181

7. EXPERIMENTAL COMPARISON..... .... ......... 189

8. REFERENCES..............................221 h

APPENDIX I-Influence Coefficients...... .... ..... ...... 223

APPENDIX 11-Iterative Geometric Intersection Technique . . . . 231

APPE I-Program Sample Cases...... .... ....... ... 235

DISTRIBUTION.. ....... .... ..... .... ..... ... 284 I

viii



LIST OF ILLUSTRATIONS

Figure Page

1 Typical Boundary-Value Problem ...... ...... 5

2 Boundaries of Fan-in-Wing Problem ..... ...... 9

3 Interior Wing Surfaces . . . ............ 13

4 4 Internal Doublet Strength ..... ....... .15

5 Internal Lifting System Associated With Wake .. .16

A 6 Internal Lifting System for Fan Face and Efflux Tube . 17

7 Cross Section of Fan .. .... ....... 18

8 Streamline Velocity Diagram. ....... . . . 21

9 Typical Source-Panel Arrangement. ....... 27

10 Multihorseshoe Vortex Network .......... 29

11 Velocity Computation on Fan Face.. ....... 33

12 Force Computation on Fan. . ...... . . . 35

13 Initial Streamline Construction . ......... 39
14 Streamline Behavior Across Panel Edges ....... 39

15 Search for Adjacent Panel . .... ...... 40

16 Points Defining Streamline . . ......... 41

17 Paneled Wing in Reference Coordinate System 46

18 Typical Airfoil Definition . . ......... 47

19 Definition of Wing PART ..... ....... 48

20 Example of Paneled Wing PART . ........ 50

21 Four Points Needed for Curve Fitting . ....... 51

22 Airfoil Surface Local Coordinate System ....... 51

23 Biquadratic Curve-Fitting Procedure ........ 52

24 Wing and Lifting System ........... 55

ix



LIST OF ILLUSTRAT 2 'NS (Continued)

Figure Pg

25 Lifting System Boundary-Point Placement. ..... . 58

26 Wing Containing Paneled Inle . . . . ....... 59

27 Division of Inlet into Geometric REGIONS ....... 60 j
2R REGION 1 Source-Panel Network ......... 62

29 Radial Plane Used for Inlet Definition ........ 63

30 Construction of Sheared Coordinate System ...... 64

31 Example of Efflux Tube ............ 68

32 Origin of Trajectory Coordinate System ....... 69

33 Vortex Spacing Along Tube . .......... 70

34 Location of Multihorseshoe Vortex Network
Boundary Point Below Wing Lower Surface ...... 71

35 Arbitrary Orientation of Axisymmetric Surface ..... 73

36 Fan-in-Wing Problem Flow Chart ......... 76

37 Deck Arrangeinent for Geometry and
Boundary-Layer Programs ........... 77

38 Deck Arrangement for Potential-Flow Program... .. 78

39 Geometry Program Data Card Arrangement for
Several Subroutines..... ......... 80

40 Data Card Arrangempnt for Subroutine WING . ..... 84

41 Data Card Arrangement for Subroutine LIFT . ..... 88

42 Data Card Arrangement for Subroutine INLET 93

43 Data Card Arrangement for REGION 1 . ....... 94

44 Data Card Arrangement for REGION 2 . ....... 95

45 DIta Card Arrangement for REGION 3 . ....... 96

46 Data Card Arrangement for REGION 4 . ....... 97

x



LIST OF ILLUSTRATIONS (Continued)

Figure Page

47 Data Card Arrangement for REGION 5 ....... 98

48 Data Card Arrangement for REGION 6 . ...... 99

49 Data Card Arrangement for Subroutine TUBE . .... 107

* 50 Data Card Arrangement for Subroutine AXISYM 110

.1 Source and Quadrilateral Vortex Networks . . .... 114

52 Column Designations .. .... . ..... 115

53 Single Multihorseshoe Vortex Arrangements ..... 116

54 Multihorseshoe Vortex Network Designations . .... 117

55 Barrier Networks .... ...... .... 120

56 Initial Streamline Data ....... .... . 122

57 Data Card Arrangement for Potential-Flow Program . 125

58 Potential-Flow Program Central Processor Time
Estimate ....... .... . .... 126

59 Data Card Arrangement for Geometric Section . .... 128

60 Data Card Arrangement for Source-Panel Geometry . . 130

61 Data Card Arrangement for Quadrilateral Vortex
Geometry... . . ........... 132

62 Data Card Arrangement for Multihorseshoe Vortex
Geometry............... ............... . 135

63 Data Card Arrangement for Off-Body Points. . 138

64 Data Card Arrangement for Aerodynamic Section . . . . 140

65 Individual Panel Corner-Point Designation .. 145

66 Data Card Arrangement for Boundary-Layer Program 148

67 Comparison of Source-Panel and Continuous Source
Representations .............. 151

xi



LIST OF ILLUSTRATIONS (Continued)

Figure

68 Variation of Normal Velocity Derivative With
Distance From Sphere Surface .. .... ... 153

69 Comparison of Lattice and Continuous Vorticity
Representations ...... ... . ... 155

70 Flat Plate Vorticity Distribution .. .. .. ... 157

71 Pressure Distributions on Nonlifting Airfoil . .... 159

72 Pressure Distributions on Nonlifting Wing. ..... 161

73 Pressure Distributions on Lifting Airfoil . . .... 163

74 Aerodynamic Characteristics of Aspect Ratio 4
Rectangular Wing . . ........... 164

75 Source Panel and Internal Vortex Arrangement on
NASA Model Wing .. ..... ....... 166

76 Source-Panel and Internal Vortex Arrangement on
NASA Model Wing With Deflected Flap ....... 167

77 Spanwise Load Distribution on NASA Model Wing
With Deflected Flap. . ....... . . . 168

78 Theoretical Probsure Distributions on NASA
Model Wing With Doflected Flap . ........ 169

79 Simplified Singularity Distributions on Fan-in-Wing
Configuration.. . ........... 171

80 Source-Panel Arrangement on NASA Fan-in-Wing
Configuration..... .......... 172

81 Internal and Wake Multihorseshoe Systems for NASA
Fan-in-Wing Configuration .......... 174

82 Fan Face Vortex System for NASA Configuration . . . . 175

83 Internal Vortex System Associated With Efflux Tube
of NASA Configuration ........... 178

84 Efflux Tube Quadrilateral Vortex System ...... 179

85 Interpolation of Streamline Velocity.... .... 182

xii



LIST OF ILLUSTRATIONS (Continued)

Figure Page

86 Comparison of Boundary-Layer Results From
Various Streamline Divergence Approximations 184

87 Geometric Details of NASh Fan-in-Wing Model . . . 190

88 Geometric Details of Model Fan and Inlet ...... 191

89 Comparison of Theoretical Force and Moment
Results With Experimental Data: Configurations A and B. 193

90 Comparison of Theoretical and Experimental
Pressure Distributions on NASA Model Wing With
Deflected Flap .... .... . ..... 195

91 Panel Arrangements for Fan-in-Wing
Configurations C and D. .... . . ..... 196

92 Comparison of Theoretical Force and Moment Results
With Experimental Data: Configurations C and D . . . . 198

93 Comparison of Theoretical and Experimental
Pressures: Solution 1C .... ..... .. 200

94 Comparison of Theoretical and Experimental
Pressures: Solution 4C.... . . . ..... 204

95 Surface Flow Patterns: Solution 1C . ....... 207

96 Surface Flow Patterns: Solution 4C .. . . .... 209

97 Comparison of Theoretical and Experimental

Pressures: Solution 2D. . ......... 212

98 Surface Flow Patterns: Solution 2D. .. .. I.. . 215

99 Upper Surface Streamlines: Solution 2D... . . .. 217

100 Boundary-Layer Results for Inlet Region: Solution 2D . 218

101 Source-Panel Coordinate System. ........ 223

102 Finite Line Vortex. ...... . . ..... 227

103 Quadrilateral Vortex ............ 228

104 Multihorseshoe Vortex Strengths. .... .... 229

xiii



LIST OF ILLUSTRATIONS (Continued)

Figure Page

105 Intersections of Oblique Straight Line With
Surface of a Defined Wing PART. ..... . . . . 232

106 Determination of Surface Intersection Using

Iterative Technique .. ..... ...... 233

107 Sample Wing ......... ........ 236

9

xiv



LIST OF SYMBOLS

A Area of a source panel

Aij Influence coefficient of the jth singularity at the it h boundary
point

a Velocity derivative along a streamline at stagnation

B Normal component of the disturbance velocity at the ith
boundary point

b Unit vector in panel plane normal to velocity

CD Drag coefficient

C F Force coefficient

CF CF , CF Components of the force coefficient parallel to the reference
x y z coordinate axes

Cf Skin fretion coefficient

C Influence coefficient

CL Lift coefficient

C Moment coefficient

Cm ,C m , Cm  Components of the moment coefficient parallel to the reference
x y z coordinate axes

C Pressure coefficient
p

Cpc Centerbody base pressure coefficient

C Pe Fan exit pressure coefficient

CS Side force coefficient

C' Chord length

* D Displacement distance of panel corner

Dfan Fan exit diameter

d Length or distance

dc Diameter of centerbody

i:



Fth
de Length of the e panel edge

r Force vector

H Boundary-layer shape factor, d"/0

h Distance between barrier and exit planes

III) I Second moments of inertia of a source panel about origin of a
panel coordinate system

i, J, k Unit vectors parallel to the reference coordinate axes

K Streamline divergence factor in plane of the surface

Lr Reference length for moment coefficient

I Length or distance

M Moment vector

m Source strength (per unit area)

n Outward unit normal vector to a surface

n b Unit vector directed upward along a fan axis

p Static pressure

q" Dimensional velocity

R, Z, 0 Cylindrical coordinates

RWo Reyonlds number per foot

r Radial distance; distance from a point to a surface

Position vector measured from the moment center

r Vector from the moment center to the center of the fan exit

S Surface

SExterior surface excluding wake

Sb  Barrier area (cf. Figure 12)

Sd Surface represented by doublets

Si  Interior surface not adjacent to

XV4



Sr Planform reference area

Ss 8Surface represented by sources

SU Upper surface of Si

s Distance along a streamline; segment lengths along the efflux
tube centerline

t Length of the maximum diagonal of a source panel

t Unit vector in fan efflux direction

UR Reference velocity

Us  Specified inflow velocity, V. ".

U. Free-stream velocity

V - q  Nondimensional velocityU."' UR

Vj Volume flow into inlet per unit time divided by the inlet area
(the inlet area is defined as the area of the fan face, and does
not include the centerbody area)

W Weight of a bound multihorseshoe vortex segment

x, y, z Cartesian coordinates

xbY, zb  Coordinates of the intersection of a fan axis with a barrier plane

Greek Symbols

a Angle of attack in degrees

Streamline divergence angle measured along orthogonal
trajectory (cf. Figure 8); thrust vector angle (cf. Figure 31)

r Strength of line vortex

'Vorticity density; angular deflection of a sheared coordinate
system

A Increment or difference in a quantity

6, ( Small distance

6* Boundary-layer displacement thickness

Semispan fraction, 2y/semispan

xvii



0 Boundary-layer displacement thickness; angle around a fan

;A U. divided by fan tip speed; doublet strength per unit area

Local coordinate system

p Fluid density

a Singularity strength

# Velocity potential

Disturbance velocity potential

Yaw angle in degrees

V Gradient operator

Superscripts

o)' Refers to the flow interior to a wing

Subscripts

b Barrier; barrier center

bo Point in the plane of a source panel used for calculation
of the stream ine divergence factor

bp Boundary point

c Centerbody; circumferential

e Fan exit

I Inboard

0 Outboard

An arbitrary point in space

r Reference quantities used to define the force and moment
coefficients; radial direction

t Directed in the plane of the surface normal to a streamline

te Wing trailing edge

w Wake

xviii



1. INTRODUCTION

Many investigators have attempted to analyze the flow field about fan-in-wing
configurations. One of the more effective approaches has been the "vortex-
lattice" method (References 1 and 2), which employs a vortex network to repre-
sent the wing, its trailing vorticity, and the boundary of the fan efflux. This
method gives a nonplanar, three-dimensional, potential-flow representation,
which is essential for a proper fan-in-wing theoretical model.

The promising results achieved earlier with the vortex lattice led to a proposed
extension of this numerical procedure to provide the necessary detailed repre-
sentation of thick-wing configurations, which was not included in the earlier
model. The method described in this report utilizes source sheets on the
exterior surface geometry, interior vortex distributions that emanate from
the wing to produce lift and provide the trailing vortices, and a vortex-lattice
representation of the fan face and Jet efflux surfaces. Neumann boundary con-
ditions are imposed on the wing and efflux tube surfaces and on the fan face.
A method of constructing streamlines from the surface velocity field was
developed for use in approximating the boundary-layer characteristics on a
fan-in-wing configuration. The pressure distribution and streamline divergence
given by the potential-flow solution are used in a turbulent boundary-layer theory
incorporating the three-dimensional effect of streamline divergence.

The method described herein provides a substantial amount of information con-
cerning the integrated fan-in-wing aerodynamic performance. The complete-
ness of the theoretical model allows an accurate representation of wing and
inlet geometry, including trailing-edge flaps, fan pressure ratio, efflux tube
trajectory, and forward velocity. The influence of an arbitrarily specified
unsymmetrical fan inflow distribution can be examined, Although an analysis
of the fan blade characteristics or inlet guide vanes necessary to give this
inflow distribution is beyond the scope of the present method, the current
theory is valuable for determining the effect of inflow distribution on the pres-
sure distribution on the inlet lip, an area prone to boundary-layer separation.
The included boundary-layer theory, while incapable of accurately predicting
boundary-layer separation, is very useful for indicating relative boundary-
layer conditions on different inlet geometries, thus revealing where boundary-
layer problems are likely to occur.

Tnis method has proved feasible for computers with sufficient capacity to solve
*the large number of linear simultaneous equations required for accurate geo-

metric representation of the confl,.ration. The resulting computer program
is divided into three basic packages alled a geometry program, a potenthl-
flow program, and a boundary-layer program. To enhance the versatilit, of
the total computer package, the outputs of the first and second ;rgrams are
directly usable in the second and third programs, respectively, or supj'!emen-
tary information or interpretation may be provided between programs. T'he
computer time needed to solve a problem is a direct function of the numktcr of
singularities used in representing a configuration. F.'or example, a simpe
wing solution with 500 singularities can be obtained in 10 minutes, whereas a
sophisticated fan-in-wing problem, such as demonstrated in this report for a



NASA wind-tunnel model, may require an hour or more of central processor
time on a CDC 6600 digital computer.

Volume I of this report describes the details of the aerodynamic theory under-
lying the computer program, shows how the method may be used in typical
cases, and validates the method by comparison with experimental data. It is
self-sufficient for instructing a program user. The second half of this report
(Volume II, Reference 4) provides the details necessary for 4,nderutanding the
computer programing.

The aerodynamic work presented in these reports was accomplished by members '
of the Aerodynamic Research Unit, and the programing and checkout were accom- a
plished by members of the Systems and Administrative Computing Staff, all of
The Boeing Company, Commercial Airplane Division.
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2. THEORY

2.1 DEVELOPMENT OF THE THEORETICAL MODEL

The primary goal of this investigatifn has been to develop a theory and com-
puter program to predict the flow field about a finite wing containing an
embedded lift fan. For this purpose, a theoretical model has been developed
with the capability of simulating the effects of arbitrary wing and inlet geom-
etry, angle of attack and yaw, forward velocity throughout the transition range,
fan pressure ratio and mass flow, unsym' etrical inflow distributions at the
fan face, and fan exit flow, including vectoring. The resulting theory predicts
wing and inlet surface pressures, total lift, drag and side forces, including
fan thrust, and moments about the three axes. Boundary-layer separation
characteristics upstream of the fan are also calculated, but the effect of sepa-
rated flow on forces, moments, and pressures is not included.

Flow fields about a fan-in-Aing are adequately characterized by inviscid,
incompressible potential flow everywhere except in the boundary layer adja-

cent to the wing surfaces, the trailing vortex sheets, the interior of the efflux
emerging from the jets, and the region of turbulent mixing between the jet
efflux and the surrounding potential flow. A theoretical model for this flow
has been developed to take advantage of the powerful computational methods
available for potential flow, while retaining the essential features of the com-
plex viscous and rotational flow regions, as described below.

It is well known that the displacement effect of the boundary layer on the outer
potential flow is usually small and can be neglected. Therefore, the potential
flow must satisfy the usual Neumann boundary condition on the body surface.
The behavior of the boundary layer itself is controlled by the static pressure
distribution imposed on it by the surrounding potential flow. This representa-
tion, which is used in the present analysis, is normally an excellent approxi-
mation except in regions of extensive separated flow. Regions most likely to
experience separation are the lower wing surface aft of the jet efflux, the upper
surface of trailing-edge flaps without slots or boundary-layer control, and the
inlet lip. The boundary-layer analysis will aid in determining regions of the
inlet at which separation is likely to occur. However, the effects of separation
are difficult to assess, and no attempt has been made in the current theory to
do so.

The ti ailing vorticity shed by a lifting surface must also be excluded from the
Epotential field. This has been done by enclosing the vorticity in an infinitely

thin envelope across which there exists a discontinuity in the velocity potential.
The position of this trailing sheet in real flow is controlled by the requirement
that it be aligned with the local velocity. This nonlinear problem, which is
beyond the scope of the present work, has been replaced by the usual approxi-
ination of an assumed location of the trailing sheet. The direction of the vor-
ticity in the sheet must also be assumed. It is usual to suppose that it is
directed longitudinally such that the discontinuity in potential across the sheet
is a function only of the lateral or spanwise coordinate.



Previous experience with lifting wing theories using these assumptions
(Reference 2) indicates that they are completely satisfactory for determina-
tion of the forces and pressure distributions on wings with moderately deflected
flaps. The solution becomes sensitive to the assumed location of the trailing
sheet only when large flap deflections (2!60 degrees) are encountered. In such
cases, it is recommended that recourse to experimental data be made to ensure
that the trailing sheet is properly oriented. The path of the trailing sheet is
also somewhat questionable at very low forward speeds with large jet velocity
ratios. However, in this case the strength of the trailing vortex sheet is usu-
ally small, and deviations from its true path will not significantly affect results.

A complete theoretical analysis of the turbulent mixing region and interior flow
of the jet efflux is virtually impossible. In the present theory, the turbulent
jet boundary is replaced by one along which Neumann boundary conditions are
imposed. The exterior flow thus sees the efflux jet as a solid cylindrical sur-
face in the flew field. The consequences of this representation of the efflux
flow are twofold. One consequence is that the trajectory of the efflux tube is
unkiown, since in real flow this is strongly influenced by turbulent mixing
phenomena. A method of obtaining an approximation to the jet trajectory is to
,ssign an empirical drag coefficient to the jet tube and to compute the balance
betveen the drag of the jit and the change in the direction of its momentum.
Another method, which has been previously used at Boeing with excellent
results, is to assume a jet trajectory based on experimental data of a jet
emerging into a crossflow. This latter method has been used in the present
analysis in view of the favorable results obtained previously for fan-in-wing
studies (Reference 1). Also, it was concluded from this previous work that
changing the trajectory of the jet for three-dimensional flow has relatively
little influence on the flow pattern about the wing.

The eth-r consequence of this type of jet efflux representation is that the flow
near the lower surface of the wing aft of the jet, composed of viscous separa-
tion and mixing from the jet in forward flight, cannot be simulated. The effect
of viscous entrainment on the jet boundary has also been neglected. These
may affect the forces and moments on the wing and, in particular, the pressure
distribution _n the lower wing surface.

To complete the development of a properly posed boundary-value problem for
the exterior potential flow, the inflow distribution must be specified on some
plane across the inlet, commonl at the fan or compressor face. This inflow
distribution is actually controlled by the interaction between the fan and the
oncoming air, which cannot be predicted theoretically. Therefore, typical
inflow distributions based on experiment must be used. One advantage of this
treatment ip that it allows a study of the effect of different inflow distributions
on Lhe inlet surfaco pressure distribution, which determines the boundary-
layer separation characteristics in this critical area.

In summary, these approximations reduce the outer potential flow to a boundary-
value problem governed by Laplace's equation as sketched in Figure 1. The
flow everywhere outside the closed contour representing the wing, trailing
vortex sheet, fan face, and jet efflux tube is considered incompressible and
inviscid. Neumann boundary conditions are imposed on the actual nonplanar
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wing surface and on the boundary of the jet efflux. The fan or compressor face
is treated in a similar manner with a specified inflow distribution into the fan.
The location of the efflux cube and trailing vortex sheet must be assumed,
together with the direction of the vorticity ir the sheet.

= I.n SPECIFIED ACROSS INLET
ON WING
SURFACE

I -
U00  do

I
I

I FAN CENTERBODY

FINITE WING HAVING ' .i

CAMBER AND THICKNESS

AO ACROSS WAKE
CONTROLLED BY
KUTTA CONDITION

I / "n- 0 ON EFFLUX TUBE

Figure 1. Typical Boundary-Value IProblem.



This theoretical model represents a formidable boundary-value problem due to
the complex three-dimensional geometry, but it cannot be further simplified
without seriously compromising results. The outstanding asset of this theoreti-
cal model is its ability to represent arbitrary inlet and wing geometries,
including fan centerbody, trailing-edge flaps, finite span effects, and general
airfoil sections. The effects of arbitrary jet velocity ratios, thrust vectoring,
and yawed and hovering flight are included. The solution produces surface
pressure or velocity distributions controlling the behavior of the boundary
layer. A three-dimensional boundary-layer theory is then used to predict the
areas on the inlet surface where separation can be expected to occur.

2.2 POTENTIAL-FLOW THEORY

The foundation of the basic theory used to formulate the potential-flow problem
is classical and may be found in many texts. The presentation given here is
taken mainly from Lamb (Reference 5). The flow is governed by Laplace's
equation,

2V2S = 0 (1)

subject to the proper boundary conditions prescribed on closed boundaries.
Classically, these boundary conditions should be one of the following:

* The Neumann prblem, in which as/an is given

* The Dirichlet problem, in which the value of 4 itself is given

* The mixed (Poincar6) problem, in v'hich a linear combination of * and
as/an is specified

The present analysis is concerned with three typically different types of bound-
aries encountered with nonlifting wings, lifting wings, and fan-in-wing configu-
rations. For nonlifting wings, the closed boundary surrounding the outer flow
of interest consists of the exterior surface of the wing and the boundary at
infinity at which free- stream conditions are specified. The lifting wing case
differs in that the boundary on the exterior surface of the wing must be extended
to enclose also the trailing vortex sheet, thus rendering the flow field outside
this boundary everywhere irrotational. The addition of a fan in the wing requires
that the boundary on the exterior wing surface be extended to enclose also the
exterior surface of the efflux tube and the fan face.

If a hypothetical flow field interior to the wing is also considered, an interior
boundary can be defined on which tne boundary conditions governing the interior
flew are applied. The specification of boundary conditions on only the exterior
boundaries is sufficient to produce a unique solution for the exterior flow field
of interest. As will be seen below, however, different interior boundaries and
boundary conditions may be defined to produce solutions that differ only in the
interior of the body and that are of no physical consequence. This device of
considering the interior flow field as well as the exterior one will be used to
formulate the problem in a manner particularly suited to numerical analysis.
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It is convenient to write # in terms of a disturbance potential v, defined as

S= U.( • x +y + Tz]7 (2)

where 0 also satisfies Laplace's equation

V 2 = 0 (3)

The boundary conditions controlling the external v field are the following:

q--0 as x, y, z-o (4)

On the exterior surface of the wing, efflux tube, and centerbody, the velocity
must be parallel to the surface. This requirement is satisfied when

a = _. (5)

where S is the unit outward normal to the surface S. A desired inflow distri-
bution, q - at the fan face, is achieved by specifying that

- 1 = fan - (1% -A) (6)

an fan

The assumptions concerning the direction of the vorticity in the wake imply that

w "wake -"Owake = te (7)
upper lower
surface surface

where Aot is the potential jump at the wing trailing edge. These, together
with the Kutta condition, are sufficient to ensure a properly posed boundary-
value problem for (P.

The solution to this boundary-value problem is found by expressing 0 in terms
of surface distributions of source and doublet singularities. Imposing the
boundary conditions produces an integral equation for the singularity strengths,
which is solved numerically. From Green's theorem, it follows that any solu-
tion of Laplace's equation can be expressed in the form (Reference 5)

7 r "n ff dS ' Wff dS (8)

S S
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where 9p = perturbation potential at an arbitrary point p in the external flow
field

S = exterior boundary surfaces (wing, efflux tube, fan face, wake
surfaces)

n = outward normal to the surface S

r = distance from the arbitrary point p to the surface S

Figure 2 displays the nomenclature used above. The first term on the right
side of Equation (8) can be interpreted as a distribution of sources on
S (O'source = -1/41rr), while the last term represents a distribution of doublets
(9' doublet = a/an I1/4rr]) with axes normal to the surface. The source and
doublet strengths (density per unit area) are ao/an and 0, respectively.
This shows that any solution can be expressed simply in terms of surface
doublet and source distributions. However, as appears below, this represen-
tation is not unique and is only one of an infinite number of surface distributions
that will give the same value of 0' throughout the exterior flow field.

If the interior flow field (P, is considered (see Figure 2), it can be shown from
Green's theorem (Reference 5) that the interior potential (P, satisfies the
relationship

0 Lff! L ds + -Lffp I L(1 9
47r r ran' 4 ir an' r

St S?

where r is the distance from S' to the arbitrary point p, which is external
to the interior flow field 0'. In the limit, S-S' and a/an = - a/an', and
Equations (8) and (9) are added to obtain

P- 4 7rj r an an'; S " (') arn r

Swing, S wing,fan, fan,

tube tube

Sff L9O € ff 9 S 10
- r an 4r an r-d(0

Sw, Sk
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Figure 2. Boundaries of Fan-in-Wing Problem.

Since the normal velocity component must be continuous through the wake, the
first integral over the wake is identically zero. The last wake integral can be

E ~ converted to an integral over the upper surface of the wake only by noting that
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With these changes, the expression for the exterior potential fleid becomes

S

+ ff A,, dS (12)

S

where S that portion of S not including the wake

S w =upper surface only of the wake

AVw = jump in potential across the wake

Examining Equation (12), it is apparent that the eurface S can contain both
source and doublet distributions, whereas Sw must be represented by a doublet
sheet only. The function R" is determined by the boundary cor.Jitions 9, or
aV'/an' imposed on the interior flow, which are yet at our disposal. Different
choices for these interior boundary conditions will produce different surface
3ingularity distributions giving the same exterior 9' field. Once the interior
boundary conditions are fixed, however, the singularity distribution becomes
unique.

As a first example of one particular singularity distribution, consider an
interior flow satisfying the boundary condition 9" = 9P on 9. The tangential
velocities on the two sides of 9 are then continuous, but the normal velocities
are discontinuous. With this choice, Equation (12) gives

rPr - ; 1 (84n +n dS + A'w dS (13)
p 74rJr Tn an' r anrJJr

w

where the first integral can be interpreted as a distribution of sources alone on
of strength

I a (P +(14)

Doublets appear only in the wake.
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Alternately, choosing OV,/an = N/an on s leads to a flow having a continuous
normal velocity across S, with the tangential velocity being discontinuous. For
this case, Equation (12) gives

-P= ff dS + ff w- (1) dS (15)
w

demonstrating that the potential can also be expressed in terms of doublet
sheets alone on the boundary surfaces.

It can be show.i that both of the above representations are unique (Reference 5),
except for an additive constant in the doublet strength on 9 in Equation (15),
whereas the representation of Equation (8) is indeterminate. This uniqueness
resulted from fixing the boundary conditions on the interior flow as well as on
the exterior flow.

The particular choices for the interior boundary condition,; made in obtaining
Equations (13) and (15) are completely equivalent to choosing a particular type
of singularity on the surface. Choosing 9' = on some portion of S guaran-
tees that sources only will appear on that part of the surfaice, while the choice
aqP,/an = aW/n results in doublets alone. Hence, as an alternative to selecting
boundary conditions for the interior flow, one can choose the type of singularity
distribution to be placed on 9 and be assured of a unique representation. The
most important restriction seems to be that if both sources and doublets are
chosen to represent the same part of 9, a linear relatiopqhip between their
strengths must be established. This corresponds to the choice of mixed
(Poincar6) boundary conditions for the interior flow.

For the problems -inder consideration, it is convenient to restrict the choice of
singularity distributions on 9 to one type on any part. Thus, sources may be
used on some parts of 9, with doublets on the remainder, but the two are not
superimposed. The particular arrangement of singularities used is primarily
dictated by the geometry and requirements of the numerical solution procedure.
With this restriction, the expression for the potential at any point p in the flow
field becomes

_..ff 1 Ud

S s  Sd

+ " (±) dS (16)

Sw

where Ss = portion of S containng sources

Sd = portion of containing doublets

11



me(S) = source strength per unit area

p(S) = doublet strength per unit area

Sw = upper surface of the wake

Ao w = jump in potential across the wake

Once the representation, Equation (16), has been established, the boundary-value
problem is solved by constructing an integral equation for the desired singularity
strengths, r(S), j(S), and APw, to be solved numerically. This integral
equation is constructed by letting the field point p in Equation (16) approach
the boundary 9 and differentiating the equation with respect to the surface
normal at p, and is

SdS + i f p (S) dS-an =' •('= 4w anf r 4v an n
S s  S d

Sd=

+-~ I#ff'Ap -L d (17)+4vr 'n A te a

Sw

where Equation (7) has been used to replace A( w by its value at the wing trailing
edge. The left-hand side of Equation (17) is known at every point on S from
the boundary conditions, Equations (5) and (6). In addition, a Kutta condition is
imposed at the wing trailing edge by the requirement that the velocity a small
distance aft of the trailing edge be directed in the plane bisecting the wing
trailing edge.

Th3 numerical solution of this integral equation is the subject of Section 3.
Once the singularity strengths are found, Equation (16) furnishes the desired
flow properties.

There are two restrictions that occur when S is represented by doublets alone.
First, if 9 is a closed surface not extending to infinity, then the doublet-alone
representation is valid only if

ft Ii. udS = 0 (18)
S

If Equation (18) is not satisfied, then there must be sources on some part of
or in the interior. Second, the doublet strength on any closed surface S with
the type of boundary conditions imposed is unique within an arbitrary constant.
Adding any constant to the doublet strength does not alter the exterior velocity
field. Hence, to obtain a unique solution for the integral Equation (17), the
doublet sheet strength must be fixed a priori at some point on 9. The particu-
lar singularity distributions used in the present analysis were chosen to avoid
these restrictions.

12



The arrangements of singularities used for various configurations are described
in Section 6. The fundamental validity of such arrangements is discussed below.

Nonlifting configurations without trailing velocity are represented by sources
alone on the boundary surfaces, which is qaite straightforward. The integral
Equation (17) is simplified in that only the first term on the right-hand side
remains. For lifting wings without fans, part of the singularity distribution
consists of sources on the wing surface with a trailing doublet sheet. This by
itself is fundamentally acceptable, as shown by Equation (17), but would lead to
numerical difficulties. The velocity induced by the trailing doublet sheet alone
becomes infinite at the trailing edge. This is clearly seen by recognizing that
this trailing sheet is equivalent to a vortex sheet emanating from a concentrated
bound vortex at the wing trailing edge. The local velocities close to such a con-
centrated vortex are very large. To counteract these velocities, the source
strength on the surface also must be large near the trailing edge. This causes
the numerical difficulty. Maximum numerical accuracy is achieved when the
singularity strengths vary smoothly over the surface without becoming exces-
sively large anywhere.

To alleviate this difficulty, an additional interior surface is defined, as sketched
.n Figure 3. The interior boundary S' now must extend around the new interior
surface. Let the portion of S' adjacent to the exterior wing surfac- be denoted
as 9' and the portion surrounding the interior surface be Si . Equation (9)
then becomes

47r +~ ~ (- dS -- l z~
On' 5'f

t5 S!

S INTERIOR SURFACE

0S

F E3 Er

TRAILING
VORTEX SHEET

Figure 3. Interior Wing Surfaces.



If Equation (8) is added to this and the steps previously taken are again followed,
the expression for the potential at an arbitrary point p in the external flow field
becomes

= - 1 f d 4i+ ff

SS 
S,

w 1 (20)

Representing the wing surface by sources only, which corresponds to the bound-
ary condition "= P on 9, gives

41~~~~~~~ (+) m S 1S+- fA dS
w

ff adS + a f()dS (21)4 r an' 5 4"r -f In r
S S

1 1

The choice of boundary conditions for o' on SI is still available and will be made
to eliininate the troublesome infinite velocities induced at the trailing edge.
First let the normal velocity be chosen to be continuous across Si. Equation (21)
then becomes

=-1 ff m(S) I S+1f P -)d
P 4lrJ ~)r~ 4 ir j w an r

SW

+ -Lf A('! -L (.1) dS (22)
S1

u

where S' = upper surface of Si

= the jump in potential across Si

Setting IAPi = Ao w at the trailing edge eliminates the discontinuity in the
doublet sheet strength causing the local1X high velocities. Furthermore, Aol
can be specified over the remainder of Su so as to minimize the velocity
perturbations induced at S, resulting in well-behaved source strengths. This
is accomplished by specifying that Av i decrease by steps toward the front of
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the interior surface S. Thus, the fundamental quantities to be determined at
any spanwise station remain the source sheet strength on S and the strength of
the trailing doublet sheet. The strength of the internal doublet sheet is specified
a priori in terms of Aote.

A typical example of the doublet sheet strength on S is shown in Figure 4.
In cross section, this is equivalent to a number of concentrated bound vortices
locatcd at the disc.ntinuities of Aoi. Obviously, this representation can be
extended to include an arbitrary number of bound vortices located anywhere in
the interior. Their relative strengths must be specified, as only their total
strength is determinate from the exterior flow boundary conditions. In prac-
tice, the internal vortices, or doublet sheet discontinuities, are placed on the
camber surface to keep them remote from the outer wing surface. Their rela-
tive strengths are chosen in accordance with the chordwise load distribution
anticipated. The resultant surface source strengths then turn out to be well
behaved, and good numerical solutions are produced.

LJO CONTINUOUS HERE

. (DISTRIBUTION --'SPECIFIED APRIORI) //J

,J - = A~4te

EQUIVALENT SW
BOUND VORTEX
REPRESENTATION '

-o k 1 2-- e __, _-

f BOUND a =F- r

VORTICES

Figure 4. Internal Doublet Strength.
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This same device is also used to provide better numerical results with a fan in
the wing. Internal lifting systems-the name given to the internal vortex or
doub!et distributions-are used whenever doublet sheets intersect the wing
surface. The surface singularity distribution chosen for a fan-in-wing con-
figuration consists of sources on the wing surface and fan centerbody, and
doublet sheets on the trailing wake, efflux tube, and fan face. The internal
lifting system associated with the wake is routed behind the fan, as sketched
in Figure 5. The internal lifting systems associated with the efflux tube and
the fan face surface are usually located on the camber surface around the fan,
as shown in Figure 6. It is important that these two systems be superimposed
inside the wing, both geometrically and with respect to the specified relative
strengths of the internal vortices. The bound vorticity strength of each system
is large, but the strengths are of opposite sign and effectively cancel one another
if properly superimposed, which minimizes their disturbance at the wing surface.

The forces and moments on a fan-in-wing configuration are given by the exterior
surface pressures integrated over the wing plus the forces on the internal fan
components. (Profile drag caused by the boundary layer is not included in this
analysis.) The exterior surface pressures are furnished by the solution of the
potential-flow problem, but the forces on the fan components downstream of
the fan face are controlled by the internal flow, which it unknown. To obtain
an approximate result for the total force and moment on the configuration, the
fan forces are computed from momentum relations based on an assumed flow
at the fan exit.

U00

FAN FACE LIFTING SYSTEM

WAKE
I Hi 1111111

Figure 5. Internal Lifting System Associated Vake.
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U00 FAN FACE (DOUBLETS)I WING SURFACE
V (SOURCES)~A -0- FAN FACE TB

EFFLUX TUBE

CENTERBODY (DOUBLETS)SOUBRTS

SECTION
A-A

'-FAN FACE INTERNAL
LIFTING SYSTEM

SCENTERBODY CENTERBODY

CONTAINING FAN INTERNAL LIFTING
LIFTING SYSTEM FACE INTERNAL SYSTEM FOR FAN FACEREGION LIFTING SYSTEM AND EFFLUX TUBE

SUPERIMPOSED IN WING

Figure 6. Internal Liftib~g System for Fan Face and Efflux Tube.

Consider the fan cross section shown in Figure 7. All forces acting on the

internal fan assembly-including the rotor, stator, exit guide vanes, inlet and
centerbody sidewalls, etc. -are determined from momentum considerations
(Reference 6, p. 14) as

Ffan jj [pn+pq(- d S(3

Sb + Se

where Sb = mathematical barrier across the fan face

S = fan exit planee

= uitward normal

The corresponding expression for the moment is

Mfan - ff [p (-x1) + p(-rx -) (-> 1) dS (24)
Sb + Se5b e

here 7 is a position vector measured from the point about which moments are taken.
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Figure 7. Cross Section of Fan.

The velc-,ity and pressure on Sb are furnished by the potential-flow solution,
which is governed by an assumed inflow distribution, q • n, at the barrier.
The velocity and pressure distribution at the exit plane must be determined
experimentally or assumed. In this report, the internal force and moment are
computed with the following assumptions concerning the exit flow:

0 The fan exit is planar and parallel to the barrier across the inlet. It is the
same size and shape as the barrier and lies a distance h below It.

* The exit flow is vectored in the known direction t.

• The average exit static pressure Pe is known.

• The mass flow distribution q. n through the exit plane is the same as
through the barrier.

* The fan flow is incompressible.

The relationships given below between quantities at corresponding points on the
exit plane and barrier follow directly from these assumptions.

18



"exit plane = - 6 )barrier

exit plane - "  " barrier (25)
t. %

r -
exit plane rbarrer

where = unit vector directed upward along the fan axis.bI
With these relationships, Equations (23) and (24) can be converted to integrals
over the barrier only. Introducing a reference area Sr and a reference
length Lr, the expressions for the force and moment coefficients become

-- CpeS
F ~fan _ eb ~ r b

CFfan 1/2 P S Sr Sr
U;r S bfbf d 't ff tb ) 2 dS

- s V (. ds V. (26)
r Sb r J S b

M fan p e (r x %) sb
o = - ( x ) C p db+S

fan 1/2 PU; SrLf - r r(Sb r r

2ff d + 2 ff b ") x d

r r br r Sb (27)

where Cpe = average pressure coefficient at the exit

V-q - dimensionless velocity

The first and second right-hand terms in these expressions represent the force
and moment contributed by the static pressure Lt the barrier and exit plane,
respectively. The third and fourth terms give the momentum contributions.
The total force and moment on a configuration are given by the sum of the
exterior surface pressures from the potential-flow solution, the internal fan
forces from Equations (26) and (27), and the force and moment on the center-
body base, which can be computed from an assumed base pressure.
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2.3 BOUNDARY-LAYER THEORY

This study is concerned with the prediction of the general trend of the boundary-
layer growth and separation. Methods of analyzing three-dimensional boundary
layers are at present only approximate, and they become exceedingly complex
if many aspects of three-dimensional boundary-layer flow are considered.
Consequently, certain simplifying assumptions have been made that reduce the
problem to manageable proportions and allow the introduction of two-dimensional
axisymmetric flow analyses.

Little experimental knowledge of three-dimensional transition and separation
exists; accurate prediction of these phenomena is impossible at this time. Thus,
the boundary-layer flow is assumed to be entirely turbulent, with only the initial
boundary-layer properties at stagnation determined by laminar analyses. The
usual two-dimensional separation criteria (H > 2.5, dH/ds >> 0) is recom-
mended in this study. However, as Cooke (Reference 7) carefully observes,
the simplified boundary-layer model used becomes Invalid near separation.
An indication of separation based on two-dimensional axisymmetric criteria
only suggests the probability of severe three-dimensional effects.

The boundary-layer growth along a surface streamline on a three-dimensional
wing is described by first-order, nonlinear partial differential equations. At
the outset the assumption was made that the local radius of curvature of the
wing is much greater than the boundary-layer thickness. This allows the use
of the equations of motion applicable to flow across a plane. The additional
assumption is made that the boundary-layer crossflow is negligible, as well as
the gradient of that crossflow. Then, the nondimensionalized momentum equa-
tion is reduced to the first-order, nonlinear ordinary differential equation given
by Cooke (Reference 7)

do 1ldV Cf
di + 1 (20 + 6*) - K10 = 2 + turbulence terms (28)

where s is the distance along a surface streamline. The t'brm K1 denotes
the potential-flow divergence in the plane of the wing surface. The additional
turbulence terms are neglected, as is customary in two-dimensional analyses.

A more familiar form of this equation, similar to that for axisymmetric flow,
is obtained by substituting the boundary-layer shape factor H = 6"/0.

dO +6 I dV (2 + H) - K f(29)
ciE IV Is K11  2

In this equation, the term K1 occupies the same position as the term
-1/r dr/ds in Cooke's axisymmetric equation. Both of these variables
describe the convergence or divergence of the potential-flow streamlines.
If the streamlines are parallel curves in a plane so that their orthogonal tra-
jectories are straight lines, then K1 = 0 and Equation (29) reduces to
two-dimensional form.
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The value of K1 is obtained from the potential-flow streamline pattern as the
rate of change of the streamline directicn with respect to the orthogoual distance
st (see Figure 8). Thus,

K= Lim (30)K1 = ia As
As t -.. 0 t

The geometric relationship

-1 t-A = sin - 1 t  (31)

is used to compute the derivative in Equation (30), which then becomes

-IdVt

K1 = V s t  (32)1 V dst

The term AVt is the component of the vector (V2 - V) normal to the streamline.

y
STREAMLINE 1 \ STREAMLINE 2

V

xx

ORTHOGONAL
TRAJECTORY
(LINE OF CONSTANT
VELOCITY POTENTIAL)

Figure 8. Streamline Velocity Diagram.
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In Equation (29), then, there remain three unknown quantities: momentum
thickness 8, shape factor H, and skin friction Cf. Past experience (Granville,
Reference 8) in studying axlsymmetric flows has shown that the combination of
the Ludwig-Tillman law for Cf, the moment-of-momentum equation, and the
axisymmetric momentum equation yields good results for the boundary-layer
growth. The same equations are used in this study, with 1/r dr/ds replaced
by -K 1 . Following Granville, the simultaneous system of equations to be
solved is

Momentum [See Equation (29).]

Moment-of-momentum

dH 1 dV[HH+1)(H2 -1)+ H2 -1 [H (H 0 + 1 Cf
= -_ V 2 0 - (Hl) H-i1 0 2

(33)

Skin fric', on

Cf 0.123(10-.678H) R -0.268 (V)-0. 268 (34)

with

LOgl0 H0  0.599 - 0.198 LOgl 0 (R, V6) + 0.0189 [Log 1 0 (R.VO)]2  (35)

I 1"
H0  (52.9 LOglo H - 4.18) 2

I0 = + 1.1+0.0378 (H 2  1) (36)

The integration of these equations requires initial values of the boundary-layer
parameters 0 and H. If the boundary-layer calculation begins at some point
along the streamline, then the turbulent momentum thickness must be known at
that point. On the other hand, if the starting point of the boundary-layer calcu-
lation is at stagnation, then the initial 0 must be obtained from a laminar value
of momentum thickness at stagnation. Standard methods of describing the
varAation of boundary-layer parameters across transition set the turbulent
momentum thickness equal to the laminar value, and this principle is used here.
The initial value of the shape factor is always H = 1.5.

The laminar momentum thickness is obtained by considering the stagnation flow.
For fan-in-wing configurations in vertical flight, a stagnation circle will exist
on the upper surface around the fan. After transition from vertical to forward
flight, stagnation occurs at the point of symmetry on the wing leading edge and
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at a point downstream of the fan. A dividing streamline proceeds from the
leading-edge stagnation point, approximately parallel to the leading edge,
toward the wingtip. This dividing streamline is approximated by a two-
dimensional stagnation line, which Is valid if the velocity everywhere along
the dividing streamline is small. The foregoing approximations are in accord
with the condition of negligible crossflow in the boundary layer.

A comparison of an infinitesimally small section of the stagnation circle with
an equally small section of the leading-edge stagnation line shows that the
boundary layers at each of the two curves are similar. Rosenhead presents
an analysis in Reference 9 (p. 231) of the laminar flow boundary layer in the
neighborhood of a two-dimensional stagnation line. This analysis is applied to
the fan-in-wing problem.

Numerical integration of Rosenhead's solution yields the laminar momentum
thickness at the stagnation curve

1

00 = 0.2905 (aRo) 2 (37)

The constant a is the result of an approximation to the potential flow in the
neighborhood of stagnation. It is calculated as a = dV/ds at stagnation.
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3. NUMERICAL PROCEDURE

This section describes the numerical procedure that forms the basis of the
aerodynamic computations. Techniques and approximations used in the numer-
ical procedure are described together with the computational methods.

The numerical procedure is divided into successive steps. First, the method
of solving the basic integral equation for the singularity strengths is presented.
This is followed by the computation of velocities and surface pressures. Later
sections describe the computation of forces and moments, surface streamlines,
and boundary-layer characteristics.

3.1 SOLUTION OF THE INTEGRAL EQUATION

The method of influence coefficients is used to solve the integral Equation (17)
for the source and doublet strengths. The basic principles of the method are
straightforward. Surface distributions of sources and doublets are approximated
by networks of small quadrilateral panels with the singularity strength of each
panel set equal to an arbitrary constant value aj. This reduces the problem to
the determination of a finite number of discrete singularity strengths, one for
each panel. The integrals in Equation (17) can then be evaluated in closed form
over each panel. One point in each panel, the "boundary point, " is selected as
the point at which the integral equation is satisfied. The requirement that the
integral equation be satisfied at all boundary points then produces a system of
linear algebraic equations of the form

[Aij] Ji (38)

where Aij is the influence coefficient of the jth singularity at the ith boundary
point, aj is the strength of the jth singularity, and Bi is the normal component
of the disturbance velocity at the ith boundary point. This system of equations
is solved for the singularity strengths aj by a process of reduction of the system
to diagonal form.

The basic integral Equation (17) to be solved can be restated as

1 - ff m(S) d

s

Sd Swake 

interior surfaces

where the boundary condition on the left-hand side is known and the source and
doublet strengths, m(S) and p(S), are to be determined. As applied to the type
of problem under consideration (fan-in-wing or ordinary lifting wing), S denotes
the exterior boundaries of the configurition where Neumann boundary conditions

are apphed. These include the exterior wing surface, the boundary or barrier
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across the fan face, the fan centerbody surface protruding above the fan face,
and the exterior surface of the efflux tube. The surface Ss is that portion of S
represented by a source distribution, which is normally the exterior wing and
centerbody surfaces.

The doublet distributions have been written as two separate integrals that
identify two basically different types of doublet surfaces. The first surface,
Sd, is that portion of the exterior surface 9 represented by doublets. For a
fan-in-wing, Sd normally is composed of the fan face or barrier and the efflux
tube surfaces. Together, Ss and Sd make up the boundary S.

The other doublet surface, Swake + interior surfaces' denotes the wake and

interior surfaces discussed on pp. 13-16. This type of doublet sheet is unique
in that the variation of the doublet strength in one direction across the sheet
has already been determined. For example, the assumption has been made
for the trailing sheet that the doublet strength depends only on the lateral or
spanwise coordinate and is independent of distance downstream. The varia-
tion in strength of the internal doublet sheets is also chosen a priori in one
direction, which for the sheet shown in Figure 4 is chordwise. Furthermore,
the strength of this sheet is related to the strength of the trailing doublet sheet
by the requirement that A9 across the surfaces be continuous where they meet
at the trailing edge. Hence, ultimately, the trailing and internal sheets of
Figure 4 may be combined to form one continuous sheet whose chordwise
doublet strength variation has been completely determined. This combined
system is referred to as an "internal lifting system." With such a system,
the requirement of smooth flow off the trailing edge (Kutta condition) must
be imposed to furnish the boundary condition controlling the spanwise variation
of the wake doublet strength.

Similarly, the radial variation in strength of the internal doublet sheets con-
necting to the fan face and efflux tube are specified a priori. Their circum-
ferential variation is the same as that on the circumference of the fan face
or efflux tube, which is controlled by the exterior boundary conditions. In
the numerical representation, these internal sheets are combined with a
narrow strip around the edge of the fan face or efflux tube. This forms
doublet sheets whose strength to be determined varies only circumferentially,
with exterior boundary conditions correspondingly applied on the narrow
strips.

The numerical solution of Equation (39) proceeds as follows: The surface
source sheets on Ss are divided arbitrarily into parts that may delineate
separate physical regions or may be selected for other reasons. Each part
is further subdivided into quadrilateral panels by the specification of a
rectangular array (M x 1N) of (x, y, z) coordinates on the surface. A typical
panel arrangement is shown in Figure 9.
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SEPARATE PARTS

SOURCE PANELS

CORNER POINTS INPUT
AS RECTANGULAR ARRAY

Figure 9. Typical Source-Panel Arrangement.

For the purpose of integrating the influence of sou-ces over an individual panel,
the panel is approximated as planar. This "near plane" passes through the
midpoints of the four straight lines connecting the corner points of a panel. The
four panel corner points on the actual surface are projected normally to the
near plane. Thus, the surface is covered by a distribution of planar panels
whose edges, depending on the surface curvature, may or may not be coincident.
There is no practical limitation on the shape of an individual panel. If two
successive corner points coincide, a panel degenerates into a triangle, which
the computer program handles without difficulty.

The source strength mjI over each panel is approximated as constant, wherethe subscript j denotesf the panel intdex. With this approximation, the integralof the source influence over an individual panel can be obtained in closed form

(details are given in Appendix 1) asI . *
=  .. c

Uj ii 4 Vff --
UV ij rf . id (40)
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m.

where a.- 3

4Ci.. .

panel j

Vij = dimensionless velocity induced by the jth source panel at the ith
point

The "influence coefficient" 1Cj is determined entirely by the geometric rela-
tionship between he ith influence point and the jth pariel.

The integral in Equation (39) over all surfaces represenied by sources is
obtained simply by summing the influence of all the source panels.

r Vf S = U. [ " j a] (41)

The surface doublet shf;ets on Sd are similarly divided into parts with each part
subdivided into quadrilateral panels by specifying a rectangular array of (x, y, z)
coordinates on the surface, The individual panels are bounded by four straight
liies c.onnecting the corner points. The doublet strength Ai over each panel is
approximated as constant, but no assumption of a planar panel is needed. The
integrai over an individual doublet panel is evaluated by the well-known equiv-
alence o! a constant -strength doublet sheet and a concentrated vortex around the
periphery of the slviet. Thus, each doublet panel is treated as a quadrilateral
v ,rte-c around the pe,7iphery %ith its influence given by the simple Biot-Savart
relationship. The term "quadrilateral vortex" refers to this type of singularity.
The detai ls of the inte. ' Q .e carried out in Appendix I, with the result
eZpressed in a form anaogous to that for a source panel.

4U ij 4r an r j 1i (42)
panel j

where aj - _t
U.c

-. 1 1' S

pane j

V.. - dimensionless veocity induced by jth quidrilateral vorcex at the
101 point

With th~s terminology the integral in Equation (39) over Sd becomes



Sd  
Sd

The numerical representation of the last integral in Equation (39) is similar,
but the variation of the doublet strength on Swake + interior surfaces must be

specified a priori in one direction. Constant-strength doublet panels are again
defined by means of a rectangular array of (x, y, z) coordinates, but with the
panel strengths now related in one direction. Making use again of the equivalence
of a constant-strength doublet sheet and a concentrated vortex around the
periphery, the resultant singularity network is termed a "multihorseshoe vortex
network." Consider the typical multihorseshoe network shown in Figure 10. In
addition to an array of corner points descrihbi the net vork locatior, a system
of weights, Wk, is assigned. These weights control the variation of the singu-
larity strength in the vertical direction of Figure 10, so that only one singularity
strength, crj, is associated with each column of bound vortices. The sQ*engths
of the indi,,ldual bound vortices in a column are Wkaj. The streng" of the
trailing ' ortices are the sum of Wkaj's through the requirement of continuity of
vorticity.

BOUND

W101 
ELEMENTS,~a

* I

*WMa aN2:W k

orZ Wk

(,-aw ,RAILING
VORTICES

Figure 10. Multihorseshoc Vortex Network.
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The versatility of a multihorseshoe network is sufficient to enable its use for
both the internal lifting system that emanates from the wing to form the trailing
sheet and the internal systems connecting the fan face and efflux tube. In the
first application, the bound elements shown in Figure 10 are interior to the
wing, with the trailing vortices emanating from the trailing edge. This network
satisfies the requirement that the chordwise variation in singularity strength be
specified a priori, which is accomplished by the specified weighting values, Wk.
In the second application, the weights are selected so that their sum is zero.
This eliminates the trailing vortices and gives a singularity sheet whose variation
in one direction is fixed, as required.

The integration over a multihorseshoe vortex, described in Appendix I, is
basically the same as for a quadrilateral vortex, Equation (42), except that the
area of integration corresponding to each value of a. now includes a column of
panels with the appropriate weights. The result for the induced velocity can be
expressed in exactly the same frrm in terms of 0j and a "ij.

In summary, the three types of singularities used are source panels, quadrilateral
vortices, and multihorseshoe vortices, which sufficiently represent all of the
singularity distributions in integral Equation (39). The perturbation velocity at
any point, i, in the field from the integrals over the various singularities on the
body is expressed as

U./4+ J r 4 . S) n r1) dS

Ss  Sd

+ f (S 1 S C (44)

Swake + surfaces

interior
surfaces

The numerical representation of the integral Equation (39) is completed by
approximating the boundary conditions on the left-hand side in a manner con-
sistent with the approximations described for the singularity distributions.
Since the singularities are represented by a finite number of discrete values,
aj, a corresponding n mtbor of points on the surface, called boundary points,
are selected. Equatir (39) is satisfied at these discrete points.

A boundary point is located on each source panel at the centroid. The surface
normal at the boundary point is taken normal to the near plane of that panel.
The potential-flow program computes the location and normals of all source-
panel boundary points. The user has the option of specifying the normal com-
ponent of velocity at these boundary points, which is the Neumann boundary
condition. If left unspecified, the program automatically sets the normal
velocity component equal to zero, which is the usual condition for an impermeable
surface.
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For each quadrilateral vortex there must also be a corresponding boundary
point. Unless otherwise specified, the program locates a boundary point at
the average of the coordinates of the four panel corners, thus placing it near
the middle of each panel. The surface normal is constructed as the vector
product of the diagonals from opposite corners of the quadrilateral. The pro-
gram also imposes the boundary condition of a zero normal velocity component
at these boundary points. As an alternative, the user can specify the location
of each boundary point, its normal direction, and the desired normal velocity
component.

One boundary point is also needed for each multihorseshoe vortex. These are
normally placed adjacent to the wing trailing edge (see Section 6) to furnish the
Kutta condition or around the periphery of the fan or efflux tube. The location,
normal direction, and specified normal-velocity component of each of these
boundary points must be input to the program.

Denoting each boundary point by a subscript i, the integral Equation (39) finally
reduces to the form

S - .nCj j, (i= 1, --- all boundary points)
U n J 

(45)

where I is the unit normal at the ith boundary point. The term
called Usi in the computer input description (Section 5), is the normal velocity
component that must be specified in the input.

The system of E',ation (45) is more conveniently written in matrix notation as

[A =j (B1} (46)

where A i= i". .i

Bi =-n(i j /)Usi

Here aj denotes either source, quadrilateral, or multihorseshoe strength, and
the influence coefficients Aij depend only on the geometric relationships between
the individual singularities and the ith influence po.In. The Bi 's depend only on
the direction of the free stream and the specified normal velocities.

This system is solved for the singularity strengths aj by a technique of reduc-
tion of the Aij matrix to diagonal form. The program is set up to perform this
reduction process for up to five different sets of Bi's simultaneously.. In this
manner, five solutions, differing in the free-stream direction (yaw and angle of
attack), specified normal velocities Usi, or perhaps with U, = 0 can be obtained
simultaneously. However, the geometry of the configuration, which enters into
Aij, imust remain unchanged.
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When the geometry is symmetric about the x-z plane and the free-stream
velocity lies in this plane, the entire flow field and also the singularity strengths
must be symmetric. In such a case, only the geometry on the positive y side
of the symmetry plane is input. The program then computes each influence
coefficient as the sum of a panel and its counterpart reflected about the x-z
plane. The obvious advantage of this system is that the number of singularity
strengths is reduced to those on half of the configuration.

3.2 VELOCITIES AND SURFACE PRESSURES

The program computes the velocity components and pressure coefficient at all
of the boundary points, The velocity is given by the sum of the free stream and
the perturbation velocities induced by the singularities (Equation 44).

Vi M + U"i =U_ +  J al (47)

surfaces

In the special ctse of a zero free-stream velocity, all quantities are non-
dimensionalized with respect to a reference velocity, U , instead of U,. The
reference velocity enters the problem through the specifed boundary conditions,
Usi, which must be input as velocities nondimensionalized with respect to UR.

The pressure coefficient is defined as

_ Pi- P.Pi pu2 - 1 v 2, 

(48)

- U2 [vi, U.=oCpi 1. PU 2

In addition to the pressure distribution on the wing and inlet surfaces given
directly by the values at the source-panel boundary points, "off-body" points
located anywhere in the field may be specified by the u',er, and the velocities
and pressure coefficients will be determined at these points. There is one
restriction, however: such points should not be placed directly on a source
panel or vortex. They must be at least a small distance, 10- 5 , away from
any singularity because the integrals over the singularity sheets reduce to a
special form or become singular when the influence point is on, or very close
to, a singularity. The program does not recognize this special form for off-
body points. Although the program will not malfunction if off-body points are
located within this tolerance, the result at that point will be incorrect. If the
off-body point is too close to a source panel, only the velocity component normal
to the panel will be wrong. For vortices, the entire influence of the adjacent
vortex will be neglected.
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The velocities printed out at the quadrilateral and multihorseshoe boundary
points generally cannot be interpreted as the correct surface velocities. As
explained in Section 6. 1, the tangential velocity components due to the local
surface vorticity are not included. This is of little importance, since the main
reglc of interest is the wing surface, where source panels are used.

On the barrier, however, a special procedure is used to produce correct veloci-
ties. The velocities at the barrier boundary points are computed by Equation (47),
and they are incorrect. Corrected values are computed at the midpoints of the
circumferential vortices by the following procedure: Consider a portion of the
barrier network as shown in Figure 11. The radial velocity component at a
point p located at the midpoint of a circumferential vortex segment due to the
local vorticity density is

p 1 ac
r 2 (11 + 1 2) (49)

The circumferential component due to local vorticity is obtained by averaging
the values at surrounding radial vortices and is

I al/dl + a2d2 + a3/d3 + 74/d4 (50)

-PC 2 4

BARRIER VORTICES

i " i ",BOUNDARY BOUNDARY

4DARY PO BUDR

'

Figure 11. Velocity Computation on Fan Face.



The velocities calculated at boundary points 1 and 2 in the usual way do not
Include the effect of local vorticity. The corresponding velocity at point p is
found by linear extrapolation from the expression

v. 12V 1 + 12 (51V = (51)
p 11 + 12

The true velocity at point p is obtained by adding vectorially the components
given by Equations (49), (50), and (51). This procedure is repeated to produce
velocities at the midpoints of all circumferential vortex segments.

3.3 FORCES AND MOMENTS

The forces on a fan-in-wing configuration are the result of the pressure on the
external surfaces and the internal forces on the fan assembly. External pres-
sure forces are computed on all source panels by assuming the pressure on each
qource panel is constant over the panel and equal to the value computed at the
lxundary point. Expressions for the external force and moment coefficients
are obtained by summing the force and moment contributions of all source panels

CF C iiAFexternal r p
surfaces source

panels (52)
Mexternal Sr Lr p(r nA

surfaces source
panels

where A is the area of a source panel. Partial sums consisting of the force
and moment on the individual columns of source panels in each source network
are also furnished.

This method produces the correct total pressure forces and monents if all sur-
faces on which pressure forces act are represented by source panels, and source
panels are not used elsewhere. It is also restricted to source-paneled surfaces
that are solid, with no flow through the surface. This is always the case for
clean wings and fan-in-wings of the type under consideration, where the exterior
wing surfaces are covered with source panels and other singularities are used
for the fan face and efflux tube. It is conceivable, however, that an analysis of
other types of configurations may be attempted in which singularity distributions
not satisfying these criteria are used. If source panels are used for surfaces
on which the pressures do not conti'lbute to the desired forces, it is a simple
matter to subtract from the total calculated force the partial sums due to these
surfaces. On the other hand, if vortices are used to represent a surface on
which pressures are desired, lengthy hand calculations would be required to
produce these pressures. Also, If a source-paneled surface is not imperme-
able, an additional force due to the transfer of momentum across the surface
must be added, which is not calculated by the program.

The force and moment on the fan assembly are given by Equations (26) and (27),
involving integrals over the barrier surface. These integrals are evaluated
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numerically with the approximation that the flow properties are constant over
regions centered about the midpoints of the circumferential barrier vortices at
which the velocity and pressure are computed (see Section 3. 1). A typical region
is shown in Figure 12. Its area is computed approximately as

Sb ij (11 + 2)(1 i 1 )(rj_ + r. )/2 (53)

wherer = r
s 1

r + r
r 2 3s 2

2
=rj + rj+

rs 2 +

r. rm+1

m

rM ' 81i .l " CENTERBODY WALL

FLOW PROPERTIESr a . _ , . K N O W N H E R E

-W- r j

r PROPERTIESIASSUMED CONSTANT~IN SHADED
! 

REGION,Sb,,
t L -- INLET

WALL

Figure 12. Force Computation on Fan
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The I 's are the distances between the adjacent boundary points and the mid-
point of the circumferential segments and are calculated in the program from
the definition of the barrier vortices and boundary points. The r 's and 0Is ,
however, are provided by a separate input array. Normally thes will cor-
respond to the values used to define the barrier vortex network.

The fan force and moment are obtained by summing the contribution from each
of these regions. The individual terms in Equations (26) and (27) are summed
separately to provide separate results for the pressure and momentum terms.
In this manner, the pressure forces acting on the fan face contribute

Ffan face = -r I pbfan area
pressure

(54)

fan face SL I SbCp( x b) fan area
pressure

where C = pressure coefficient at the midpoint of the circumferential vortex
P segment in Sb

= vector from the moment center to the vortex segment midpoint

Sb = barrier area (Figure 12)

The fan exit pressure, CP, which is input to the program, gives

e

mfan = C e ( c  b) I Sb]exit Sr fan area
pressure (55)

CX n

C~m fa xi e S rL r )1:S]fan area

pressure

where r is the vector from the moment center to the center of the fan exit.
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The momentum into the fan face gives the following t6rms:

C F = -- ( b ' b) 1Vb Sbj fan area

momentum

inflowb b) fan area (56)
momentum

where Vb is velocity computed at the midpoints of the circumferential vortex
segments.

The momentum leaving the fan exit gives

2- ' (V bnb n eb 1
exit -r t fan area

momentum (57)

22

exit r r  " b fan

momentum area

where h is the distance between the fan face and the exit plane and t is the
unit vector in the fan efflux direction.

Finally, the force and moment on the centerbody base are computed assuming
that the centerbody base is in the fan exit plane.

ir2

F 4S pr cnb
C centerbody 48r

i base (58)

base

The centerbdy bast! pressure Cpand -liamet-zr de are inputs.

~The three components of the moment vector parallel to the coordinate axis are
printed out as Crux, Cmiv, Cruz, the rolling, pitching, and y'awing moments,

i respectively. The force6 coefficients are given both as Cfx, Cfy,, Cfz, the
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components parallel to the coordinate axis and as CL , CD, and CS. The drag
coefficient CD is defined conventionally as the force component parallel to the
free stream. CL is defined as the component perpendicular to CD and lying in
the plane formed by the free-stream vector and the z axis. The side force
coefficient CS is the component perpendicular to the lift and drag directions
and positive when directed in the positive y direction.

The force and moment on the configuration are defined conventionally in terms
of the corresponding coefficients as

-7=1 2
2 P.'U0  Sr CF

(59)
2 L

20 Sr r m

The moment reference length L is submitted individually for each of the
moment components. When the free-stream velocity is zero, the substitution
of UR for U,, in these equations will produce the correct force and moment.

3.4 SURFACE STREAMLINES

Streamlines on the surface are computed by &pproximating the streamline direc-
tion on each surface source panel as a straight line, parallel to the boundary-
point velocity vector. They are traced in the reverse-flow direction, beginning
at an initial point along an edge of a specified source panel.

Starting at this nitial point, a line parallel to the boundary-point velocity vector
is constructed across the source panel in the negative velocity direction. The
intersection of this line with one of the other panel edges defines the point where
the streamline leaves the panel. If this line does not enter the initial panel from
the chosen point (i.e., the negative velocity vector does not cross some portion
of the panel), the streamline will terminate (see Figure 13). Thus, the user
must have an a priori knowledge of the direction of the flow on the initial panel
to be assured that the streamline will proceed. In practice, this presents little
difficulty, because the general direction of the flow is usually known. If there
is any doubt, two streamlines can be requested on adjacent panels, but with
their starting points lying at the same point on the common panel edge. Then,
one of these will terminate immediately and the other will proceed.

Within a source-panel network the streamline must transfer from one panel to
another. Because each panel is planar, edges of adjacent panels on a compound
curved surface may not exactly coincide. The transfer across adjacent panel
udges is performed by requiring the streamline to enter the new panel and leave
the old one at the same fractional distance along the adjacent panel edges. If,
as rarely happens, a streamline proceeds directly to a panel corner, the pro-
gram arbitrarily selects one of the two sides at the corner and proceeds as
though the streamline had intersected that side. If a streamline attempts to
enter a panel in which the negative velocity vector does not point into the panel,
two things may happen (such an eventuality is shown in Figure 14): If the angle
between the velocity vector on either panel and the common edge exceeds
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20 degrees, the streamline will terminate. If both these angles are less than,
or equal to, 20 degrees, the streamline will proceed into the next panel to a
point along one edge, as shown. This procedure applies only across internal
edges of a source-panel network.

PATH OF START
STREAMLINE;;P

STARTING
POINT

(a) STREAMLINE PROCEEDS. (b) STREAMLINE TERMINATES.

Figure 13. Initial Streamline Construction.

/~ ~ Q 0 " ' 2 ...... -
0 2

01 0

* pb

\-STREAMLNE STREAMLINE ZSTREAMLINE
ATTEMPTS PROCEEDS TO
TO ENTER THIS POINT.
PANEL ( AND
TERMINATES AT
THIS POINT.

(a) 01 OR 02 > 20 DEGREES (b) 01 AND 02 _ 20 DEGREES

Figure 14. Streamline Behavior Across Panel Edges.

When a streamline reaches the periphery of a source panel network, a search
is made for an adjacent panel, which may lie along the periphery of any network
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In the problem. Consider Figure 15. A streamline has progressed to point p
on the periphery of a network and seeks to proceed Into a panel of another net-
work. A candidate must pass the following tests ir order to be selected as the
panel adjacent to point p:

1. The x and y distances from p to the panel boundary point must both
be less than 80 percent of the length of the maximum panel diagonal

occurring anywhere in the problem.

2. The distances dl, d2 , d3 , shown in Figure 15, must obey the relations

•d 2 + d3 < 1.01d 1

d 2 < d1

d3 < d1  (60)

The first panel along the periphery of a network that passes these tests is
selected as the adjacent panel. If no adjacent panel can be found, the stream-
line terminates. The point at which the streamline enters the new network is
found as a fractional distance, d2/(d2 + d3), along the new panel edge. If the
negative velocity vector points into the rv -A rn el, the streamline will proceed
into the new network; otherwise, the trainii will terminate. No special
procedure, such as that described fo,- interor p iel edge crossings, is used
when the negative velocity vector doe- not nnter tt - now panel.

PANEL IN ADJACENT

BOUNDARY-POINT

VELOCITY VECTOR

-----REVERSE PATHOF STREAMLINE

Figure 15. Search for Adjacent Panel.
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Each streamline is defined in the output as a series of point coordinates. These
are the midpoints of the streamline segments crossing each panel, as shown in
Figure 16. The initial and termination points at panel edges are not given. The
length As of each streamline segment across a panel is given, and the distance
of each point along the streamline, measured from the initial starting point, is
computed as

I- As.si  Asi + 2 (61)
j=2

STREAMLINE PROGRESSING
IN UPSTREAM DIRECTION

/

SOURCE PANEL

P1 /
P4

. DEFINING

POINTS
L 

_/ 
_

\ ' STARTING POINT

Figure 16. Points Defining Streamline.

" 'The velocitq and the velocity derivative normal to the streamline in the plane of
the panel are furnished at each output point. These are computed at the panel
boundary point containing the output point. The velocity derivative is calculated
by finite difference, by constructing a unit vector " normal to the veocityvec-
tor at the boundary point and calculating the velocity Vbo at a point along b a
small distance clo1 from the boundary point. The derivative is obtained as
(Vbo ' t)/ 10 , As mentioned in Section 6.1, this value is not an accurate value
of the desired velocity derivative, but is only indicative of the general magnitude
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and sign of this quantity. An approxhm re value for the streamline adivrgeace
factor K1 , used by the boundary-layer program, is given by

..b .. ( 6 2 )

It is computed in the boundary-layer program fron the informatitn fu.nished
along streamlines.

The option of eliminating the calculation of V - /c10 along streanlines is
available in the potential-flow program. If only streamlines and velocities
along streamlines are desired, it is recommended that tais option be used,
because the velocity derivative calculation Is the most time-consuming opera-
tion in the streamline computations.

3.5 BOUNDARY LAYER

This section describes the numerical aspects of the boundary-layer program that
integrate the system of boundary-layer equations. The input data, which are
described in detail in Section 5.3, consist of certain constants and control
numbers as well as a table of streamwise velocity and normal velocity deriva-
tives at discrete distances s along a streamline. This table, obtained from
the potential-flow program, is in the inverse order to that required in the calcu-
lations of the boundary-layer program. The potential-flow analysis begins at
the fan inlet and proceeds toward the origin of the streamline at stagnation,
whereas the boundary-layer analysis progresses in the opposite directirmn The
table inserted as data in the boundary-layer program is in the same order as
tte output from the potential-flow program, and is inverted within the boundary-
layer program.

In addition to inverting the. tale, the boundary-layer program smoothes the values
of velocity and normal velocity derivative using the subroutine MEAN, described
In Volume II (Reference 4). A modified second-order Lagrangian Interpolation
routine is ubed to determine the values of velocity and normal velocity deriva-
tive between the tabular points. The streammlse velocity derivative dV/ds is
determined by differentiation within the interpolation routine, and the divergence

K1 is calculated by dividing the normal velocity derivative by the streamwise
velcty.

Initial values of momentu,: thickness and zuape factor are required to begin the
integration of the boundary-layer equations. Depending on the value cf the con-
trol number FLAG on the first data card, the program either tWres the initial
momentum thickness directly from the input data or calcudlates it from constants
on the first data card, as described in Section 5.3. The Wntial shape factor is
set equal to 1.5.
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Numerical Integration of the simultaneous system of Equations (29), (33), and
(34) is accomplished using an Addams-Molton variable step-size, predictor-
corrector routine. The solution, together with other parameters, is printed
out according to the instruction of another control number on the first data card.
Thus, results may appear at the end of every integration step in the Addams-
Molton routine, or at equal Increments in s. If the latter output occurs, solu-
tions at values of s between the integration steps are obtained by using the
Lagrangian interpolation method.
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4. GEOMETRY
Ii

This section describes the geometry program, which is used to prepare input
for the potential.,low program. Basically this input consists of the (x,y, z)
panel corner point coordinates arrahged in rectangular network form. All of
the surfaces represented by source panels, quadrilaterals, and multihorseshoe
vortices are input in this form and must be prepared either using ti', geometry
program or by hand. The types of surfaces th: c--a be represented are:4i
SA wing

9 An internal lifting system for the wing

. A fan-in-wing inlet region

$ A jet efflux tube

* Axisymmetric or pseudoaxisymmetric surfaces.

4.1 WING GEOMETRY

The WING subroutine i, used to develop an array of (x,y, z) coordinates on a
wing surface that define the corner points of the surface source paneling. Sub-
routine WING deals only dth parts of a wing not containing a fan. A minimum
of input information describing the wing geometry and paneling arrangement is
required. The source-panel co-ner-point coordinate output is punche on cards
in the format required by the potential-flow program.

Wing location and orientation. -Location and orientation of the wing in the
reference coordinate system must be established first. The angles of attack
and yaw arc defined in the potential-flow program ir. terms of the direction of
he free strdam with respect to the reference coordinate system (pp. 112).

Consequently, it is most convenient to orient the wing in the reference coordinate
sys'tm so that these angles have their usual meaning with respect to the wing.
The v.ientation is shown in Figure 17 with the x axis in the chordwise direction,
the y .is in the spanwise direction of the right half of the wing, and the z axis
upward. The origin of the (x,y, z) reference coordinate system is usually taken
in the wing plane of symmetry at a convenient chordwise reference point.

The location and orientation of the wing in the reference coordinate system
should take advantage of any symmetry properties of wing and flow. The plane
of symmetry is the- : -z plane. If a wing has this symmetry and if a symmetric
solution (no yaw) is du.stred, only the right half of the wing geometry must be
generated.

'I5
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II

REFERENCE COORDINATE

FREE-STREAM• FLOW

2"F Figure 17. Paneled Wing in Reference Coordinate System.

WtnZ definition, -Ir. the present method, a wing or part of a wing is defined
by linear spanwise generators between two defining airfoil sections. Hence, a

~complete wing must often be divided Into PARTS, each defined by linear span-
wvise generators, in order to provide an adequate definition. For example, the

right h'alf wing shown in Figure 17 can be prepared in three PARTS. The first
PART would be the inbaprd unflapped section of the wing, the second PART
would be the flapped section, and the third PART would be the outboard
unflapped section. The definition and paneling of each PART is performed

~separately.

i The Inboard and outboard airfoil sections of a PART ars defined by arrays of
" airfoil coordinates, input in a two-dimensional (x!c, z/c) coordinate system

made nondimensional with respect to the local chord. Figure 18 displays a
typical airfoil section and shows the sequential order of the defining coordinates
(x/c, z/c) i for use in the program. There are ORD, of these (x/c, z/c) i pairs
for the inboard section and ORDO for the outboard section.

l1IIx/. 2 (z/c)2O (xcOo
46



TRAILING EDGE (INITIAL AND
SEQUENTIAL ORDER OF INPUT FINAL POINT)

Z/c

0.2 0.3 .4 0.5 0.6 0.7 0.8 0.9 1.0
CHORD FRACTION, x/c

-0.1

X /c Z/c [ X/c I /

1.000000 0.000000 ,0.000000 0.000000
TRAILING EDGE 0.987500 0.001500 LEADING- 0.000230 -0.001250

0.975000 0.002900 EDGE 0.001000 -0.003020
0.950140 0.006220 0.002250 -0.004760
0.900280 0.013270 0.003750 -0.006240
0.850380 0.020570 0.005690 -0.007760
0.8004-0 0.027830 0.008270 -0.009250
0.750450 0. 034793 0.013370 -0.011410
0.100430 0.o41280 0.025980 -0.014980
0.650360 0.047120 0.051100 -0.020140
0.600270 0.052170 0.076140 -0.024310

UPPER 0.550140 0.056250 LOWER 0.104170 -0.028120
SURFACE 0.500000 0.059150 SURFACE 0.138890 -0.031940

0.,449840 0.060580 0.173610 -0.034860
0.399680 0.060670 0.208330 -0.037080
0. 34510 0.059540 0.277780 -0.038680
0.299360 0.057320 0.347220 -0.039100
0.249210 0.053970 0.416670 -0.039240
0. 199090 0.049380 0.486110 -0.038610
0.148990 C. 043380 0.555560 -0.036180
0.098940 0.035550 0.625000 -0.031460
0.073940 0. 030690 0.659720 -0.028060
0.048980 0.024910 0.699540 -0.024040
0.024080 0.017570 0.749520 -0. 01867u
0.011690 0.012730 0.799530 -0.013250
0.006780 0.009990 0.849590 -0.008030
0. OA350 0.008190 0.899700 -0.003440
0.002500 0.006430 0.949850 0. 0000i0
0.001250 0.004770 0.975000 0.000600
0.000500 0.003240 0.987500 0.000600
0. 000050 0. 001490 TRAILING- 1. 000000 0. 000000

EDGE I

Figure 18. 'l'ypical Airfoil Definition.
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The location of these sections with respect to the reference coordinate system is
fixed by specifying the reference coordinates of the leading-edge and trailing-
edge points (x/c = 0, z/c = 0; x/c = 1.0, z/c = 0) of the inboard and outboard
sections, denoted as

(XLEI , YLEI , ZLEI) (XTE I , YTE I, ZTEI )

(65)

(XLEO , YLEO , ZLE O ) (XTEO , YTE O , ZTEO )

These coordinates are shc-'nm in Figure 19.

(XLE0' YLE0. ZLEX) OUTBOARD DEF o G

SEECTION

(XTE 0' YTE0. ZTE0)I

(XLEI YLEI ZLII
SECTION (XTE I, YTE I, ZTEI)

Figure 19. Definition of Wing PART.

The defining sections may be oriented at any angle with respect to the wing; the
program constructs the defining sections perpendicular to the x-y plane of the
reference coordinate system.

If the airfuil zection leading and trailing edges are at (x/c = 0, z/c = 0; x/c = 1.0,

2/c = 0) in the airfoil coordinate system, then the iiiput coordinates of Equa-
tion (65) are the actual location of the four planform corner points. If the airfoil
leading and trailing edge are not at (x/c = 0, z/c = 0; x/c = 1. 0, z/C = 0)
respectively, as is frequently the case for the trailing edge of a flapped airfoil,
then the input coordinates of Equation (65) amy net physically coincide with the
actual wing trailing edge.
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The pointwise definition of the inboard and outboard airfoil sections, togetherwith their leading-edge and trailing-edge coordinates in the reference coordinate
system, furnish the basic geometric definition of a wing PART.

The user has the option of two different wing surface definitions between the
Inboard and outboard airfoil sections. In the first case, the wing surface is
defined by spanwise generators connecting corresponding Input coordinates on
the inboard and outboard airfoils. The number of input coordinates in the
inboard and outboard definition tables must then be equal; that is, ORD, must
equal ORDO . The (x/c)i locations in the two tables need not coincide. This
type of defiLtion must be used to panel wing PARTS where the spanwise gener-
ators connect points of unequal percent chord. The flapped section of the wing
shown on Figure 17 was prepared using this first option.

In the second case, the wing surface is defined by spanwise generators connect-
ing points of equal percent chord. A curve-fitting procedure is used to
establish the defining airfoil ordinates at the desired percent chord locations
from tbe basic pointwise airfoil definition. The number of defining coordinates
ORD and ORDO may be different. This second option is normally used for
simple unflapped wings.

Wing paneling. -Figure 20 displays an example of a paneled wing PART. Panel
comer points are defined by the intersection of spanwise generators with a
plane parallel to the x-z plane. Thus, chordwise panel edges are restricted to
being in a plane parallel to the x-z plane. A series of these planes Is specified
by a table of y, values input to the geometry program. There are COL of these
Yk values inputin order of increasing y.

(Y11 Y2,"'" Yk.''' YCOL) (66)

There are two types of surface paneling corresponding to the two types of wing
surface definition. In the first case, the spanwise generators connect corre-
sponding coordinates in the inboard and outboard airfoil coordinate tables, which
are, perhaps, at different (x/c)i locations. In the second case, the spanwise
generators connect lines of constant percent chord, and an independent table of
(x/c)i panel locations is input to the program. There are ROW of these (x/c)i
values for each wing PART.

(x/c) 1, (x/c)2  (x/c)ROWI (67)

The order of input of the paneling (x/c)i table is the same as for the defining
airfoil section; that is, from the trailing edge along the upper surface to the
leading edge and back along the lower surface to the trailing edge.

Curve-fitting and paneling details. -If the latter definition involving constant
percent chord spanwise generators is desired, airfoil ordinates at the desired
chordwide positions are obtained from a curve fitted to adjacent airfoil ordi-
nates. The program takes each (x/c) panel location input and searches for
neighboring (x/c)j values in the inboard and outboard defining (x/c, z/c)i
tables. The search is begun at the airfoil trailing edge and proceeds forward
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back to the trailing edge. It is extremely important that the definition and
paneling tables be correctly input. The (x/c)i values in each table must con-
tinuously decrease to a minimum value, usually zero at the leading edge, and
then increase continuously. The object of the search is to find for each input
(x 'c) panel location four points bracketing the desired (x/c) panel point between
the second and third point. The result of this search procedure is four pairs of
(x/c, z/c)i points from the defining airfoil section table.

(X/C)1 , (We),

(x/c)2 , (z/c)2  (68)

(x/c)3, (z/c)3

(x/c)4, (z/c)4
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The program next constructs a local x'-z' coordinate system on the airfoil

surface, as shown in Figure 21. The orig .n is at the point (x/c)l, (z/c)l and
the x1 axis paeses through the point (x/c)4 , (z/c)4 . The above coordinates of
Equation (68) are then transformed into tWs new coordinate system, as shown
in Figure 22.

z/c

,-LINE SEGMEN7 THROUGH

,Q , " " 1.0 x/c

Figure 21. Four Points Needed for Curve Fitting.

X DESIRED x/c PANEL LOCATION
T 0 TRANSFORMED DEFINING POINTS

STRAIGHT LINE SEGMENT
PARALLEL TO z/c AXIS

,/.
23

AIRFOIL SURFACE

Figure 22. Airfoil Surface Local Coordinate System.
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The definition of a line segment at the desired (x/c) panel location and parallel
to the z axis is also transformed into the xl-z' coordinate system. Thin will
intersect the airfoil surface in the interval between points 2 and 3, except,
perhaps, for the trailing-edge panels. To find this intersection, the airfoil
section surface is fitted with a biquadratic curve between points 1 and 4. A
quadratic Ql(x') is first found that passes through points 1, 2, and 3. Then a
second quadratic Q2(x') is found that passes between the points 2, 3, and 4.Figure 23 illustrates the curves under discussion.

0 TRANSFORMED DEFINING POINTS

/ Q1 (x )  F Q2( W)

Figire 23, Biquadratic Curve-Fitting Procedu're.

Between points 2 and 3 a curve is constructed that is weighted betwcen the two
curves Ql(x') and Q2 (x') on the basis of x'.

(x3 ' - x')Q 1(X') + (x' - x2
1) Q2(x') (69)C3' 2 ='

X3'  X2 '

The cubic C(x') always lies between Ql(x') and Q2(x').

The program finds the intersection of the straight line segment and the cubic
curve by an iterative technique. When the intersection is in the interval between
points 2 and 3, ths cubic curve is used. If the desired (x/C) panel point is too
near the trailing edge, the search procedure may not bracket the desired point
in the interval 2-3. The dcgtred point then falls in the interval 1-2 or the
interval 3-4, and the appropriate quadratic enuation is employed. The panel
corner point found by this curve intersection procedure is transformed back
into the (x/c, z/c) coordinate system.

The described curve-fitting procediae is used to determine the (z/c) coordinate
for each desired (x/c) panel location in both the inboard and outboard airfoil
planes. The two defining (x/c, z/c)i tables are then replaced by these tables of
panel corner point coordinates. The resulting (x/c, z/c)i panel tables are then
scaled to the local chord length and placed on the planform in the correct posi-
tion as determined by the coordinates in Equation (65). The result is two sets
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of (x,y, z) panel edge coordinates, one on the inboard section and the other on

the outboard section. I the first method is used, these two sets of (x, y, z)
coordinates come directly from the input airfoil tables with no curve fitting.
The resultant two tables are subsequently handled in the same fashion, regard-
less of the manner in which they were constructed.
The actual paneling procedure is straightforward. Corresponding points on the

two defining airfoil sections are connected by straight lines, and intermediate
panel corner points are given by the intersection of these lines with the planes
defined by Equation (66). The final output is a network of (xi k, k, z, k)
panel corner point coordinates, with the subscript I increasing chordwise
(from I to M = ROW) and the subscript k increasing spanwise (from 1 to
N = COL). (A paneled wing PART and the network numbering was shown in
Figure 20. )

As an example of an application of subroutine WING, consider the flapped section
of the NASA wing shown in Figure 17. The constant chord flap of this wine
dictated that a spanwise panel line be parallel to the flap knee line. As a repult,
the spanwise panel lines connect lines of unequal percent chord. The pricedure
for preparing the wing panel geometry was to first construct large drawings of
the planform and airfoil sections at each end of the flapped section. Different
panel arrangements were then layed out on these drawings until a good design
was reached. The panel (x/c)ls determined from this procedure did not coin-
cide with the defining (x/c)'s for the airfoil so a preliminary computer run was
made with the standard airfoil definition and the selected (x/c)i paneling table.
A fictitious planform with a chord of unity was used for this preliminary com-
puter run. The results then gave the two (x/c, z/c)i tables used to define and
panel the flapped section in a second computer run.

4.2 LIFTING SYSTEM GEOMETRY

The present method employs an internal lifting system of multihorseshoe
vortices that emanate from the wing trailing edge to form a trailing vortex sheet.
Subroutine LIFT in the geometry program prepares the vortex network (x,y, z)
coordinates, the positions of the Kutta condition boundary points and the
boundary-point normal vectors (nx, ny, nz) from a simplified lifting system
definition. The output is punched on cards in the format required by the
potential-flow program.

The internal lifting system for a complete configuration is divided into PARTS,
in a manner analogous to the surface source panel arrangement, with each
PART treated independently. The lifting system for the NASA fan-in-wing
model (shown in Figures 81, 82, and 83) is composed of five separate PARTS.
Three of these emanate from the wing trailing edge to form the trailing vortex
sheet (Figure 81). The fourth lifting system network is in the inlet region :-d
connects to the barrier network in the fan face (Figure 82). The fifth lifting
system network geometrically coincides with the fourth one except at the inner
boundary, where it connects to the jet efflu; tube (Figure 83).

Subroutine LIFT was designed primarily to provide a convenient geometric
definition of those PARTS not adjacent to the fan. The arrangement in the
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vicinity of the fan is partly handled by subroutine INLET (Section 4.3). Howev.',
in many cases it is necessary to prepare portions of the internal systems near
the fan by hand, due to individual tailoring requirements. In the example
referred to above, the lifting systems for those wing sections inboard and
outboard of the flapped section were prepared using subroutine LIFT. The
lifting system routed behind the fan in the fla1wped section, and the two systems
associated with the barrier and efflux tube wore prepared by hand, with the sid
of information obtained from the surface source panel geometry. The interior
network coordinates were found by averaging the corresponding upper and lower
surface source network coordinates.

Interior lifting system definition.-A multihorseshe lifting system is composed
of an interior portion, consisting of chordwise and spanwise vortex segments,
and a trailing portion external to the wing, as shown in Figure 24. The interior
portion is constructed in a manner analogous to that for the surface source
panels. Inboard and outboard defining stations are introduced, with spanwise
generators formed by connecting corresponding points at the two defining stations.
The corner point coordinates defining the interior multihorseshoe network are
found at the intersection of these spanwise generators with specified planes
parallel to the x-z plane.

The positions of the spanwise segments at the inboard and outboard defining
stations are input as arrays of coordinates in a two-dimensional (x/c, z/c)
coordinate system.

{ [x/c)lj, (Z/c) , [(x/c)2, (z/c)2 ].... [(x/C)ROWI,. (z/c)RoWii1 (70)

S[(x/c)j, (Z/C)ll, [(x/c) 2 , (z/c)2 1,... [(x/c)ROWio, (z/c)ROW1 11 (71)

The (x/c, z/c)i coordinates begin with the point nearest the leading edge and
proceed aft to the trailing edge, as shown in Figure 24. Corresponding inboard
and outboard points are connected to form the spanwise vortex segments, so

the number of coordinates for the inboard and outboard tables must be equal;
that is, ROWII must equal ROWI O . No curve-fitting option, such as is used to
provide intermediate points in the surface panel definition, is provided here.
The number of (x/c, z/c)i coordinates may be greater than the number of bound
vortices desired to provide for bends in the chordwise segments. The last
(x/c, z/c)i coordinate is usually placed at the trailing edge. It is the point to
which the trailing vortices are attached, and defines the boundary between the
interior and exterior portions of the multihorseshoe network.

The position and orientation of the defining stations are given by the following t
input quantities:

(XLEI, YLEJ, ZLEI) (XTEI, YTEI, ZTEJ) (72)

(XLEo, YLEo, ZLEo) (XTEo, YTEo, ZTEo) (73)
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REFERENCE COORDINATE SYSTEM

(XLEo, YLE 0, ZLEo) (XTE°, YTEo, ZTEo) 10,4 =,NBOUND SPANWlSE

VORTEX SEGMENT - -- 6 . , . 0,3

CHORDWISEVORTEX,,SEGMENT V- 60,2

7, 8,3 9,3 1,

(XLEJ, YLE , ZLE ) TRAILING VORTEX SEGMENT

SOURCE PANEL XTEt, YTE , ZTF1

Figure 24. Wing and Lifting System.
These (x,y, z) coordinates of the four lifting system corner points are locatedin the reference coordinate system. Subroutine LIFT scales the nondimensionalcoordinates of Equations (70) and (71) so that the coordinates (x/c = 0, z/c = 09x/c = 1.0, z/c = 0) are placed on the leading-edge and trailing-edge points,respectively, of Equations (72) and (73). The lifting system can be preparedIndependently of the wing surface geometry. However, because the internalvortices are usually aligned with source panel edges, it is usually most practicalto consider the lifting system as embedded in a corresponding wing PART sothat the four planform corner points of the wing PART and lifting system PARTcoincide. The x/c and z/c axes also coincide for the airfoil section and thelifting system definition In these cases.

The corner-point coordinates defining the interior multihorseshoe ietwork arefound as the intersection of the spanwise generators connecting correspondingpoints in the two (x/c, z/c)i tables with planes parallel to the x- z plane of thereference coordinate system. The location of these planes is given by a tableof Yk values, input in the order of increasing y.

Yl' Y21 . . . Yk' . .. YCOL (74)
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Trailing vortex definition. - The trailing vortices attach to the points defined by
the intersections of the straight line connecting the last pair of (x/c, z/c) points
with the Yk planes, as is evident in Figure 24. The inboard and outboard "tailing
vortices are defined by tables of segment lengths and direction cosines of each
segment, input in increasing order in the downstream direction.

(L1 ' L2 , * " " LROWTI) (75)

lax [ay, a z] [ ,ax, ay, a z. .. ... [a.x a y a z } IT(6
Similarly, there are ROWT O values for the outboard trailing vortex, which are
not shown here. The number of values in the inboard tables must match the
number in the outboard tables; that is, ROWT1 must equal ROWT O .

The inboard and outboard vortices are constructed by placing the segment
lengths end to end, each segment aligned according to its direction cosines.
The desired (xy, z) coordinates at the end points of adjacent segments are
obtained from equations of the form

xi 14= x i + Liax,

yi+1 = yi + Liayi  (77)

zi+1  zi  Liazi

The points defining the intermediate trailing vortices are obtained by linear
interpolation between the inboard and outboard vortices, and are given by the
equations

equations\

Xisk =Xi + (XifNY-il)Y
- Yl)

Yi k =Yi, +  i NY - Yi YN- Y1 (78)

Zi'k =zII + (Zi'NY- zi 1) \ YNY- Yly/

where NY is the total number of trailing vortices.

Boundary-point definition. -Subroutine LIFT also computes the Kutta condition
boundary-point coordinates (x,y, z) and direction cosines (nxf nv, nz) of unit
normals constructed perpendicular to the local trailing-edge bisector, as
required by the potential-flow program.
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Two options are available to determine the spanwise or y values of the boundary
points. In the first method, the boundary points are located at Yk values input
by the user. (These are different from the Yk values defining the vortex corner
points.) The second method was designed to locate the boundary points directly
behind (the same y value) the most rearward source-panel boundary points on
the wing upper surface. With this option, subroutine LIFT requires as input
the Yk locations of the source-panel edges on the exterior wing surface.

For both cases, the eight (x/c, z/c)i points shown in Figure 25 must be input.
In the latter case, these points, together with Yk locations of the source-panel

£ edges, define a row of panels on the upper surface, which will be the same as
the surfaco source panels provided that the input points correspond to those used
to define the surface source panels. Subroutine LIFT computes the y location of
the centroids of the upper surface panels thus defined, and assigns these same
values to the y coordinates of the Kutta condition boundary points. It is not
necessary that the eight (x/c, z/c)i points be coincident with the surface source-
panel definition. The only effect will be that the Kutta condition boundary points
would then not be exactly behind the source-panel boundary points, which in
most cases is not significant. It is imperative, however, that the eight input
points are situated such as to adequately define the trailing-edge angle at both
ends of the PART, for they are used to define the trailing-edge bisector, as
explained below.

The direction of the trailing-edge bisector for each boundary point is calculated
in the plane parallel to the x-z plane at the boundary-.pont y location. The
intersection of the upper and lower surfa- panels (Figure 25) with this plane
defines two lines in the plane. The bisector of these two lines is defined as the
trailing-edge bisector.

The average trailing edge is definod as the line midway between the upper and
lower surface trailing edges (Figure 25). For the usual case of a closed airfoil,
these are coincident.

The x and z coordinates of each boundary point are obtained along the trailing-
edge bisector aft of the average trailing edge. Two options are available for
setting the distance aft of the trailing edge. In both cases, the length of the
upper surface panel at each boundary-point y location is calculated as the
distance between the points of intersection of the line connecting (x/c, z/c) and
(x/c, z/c) 6 , and the line connecting (x/c, z/c)l and (x/c, z/c) 5 , with the pfane
parallel to the x- z plane passing through the boundary point. With the first

a option, the boundary p"int is placed a standard distance off the trailing edge

(bp = 0.01 times the length of the upper surface panel. The second option is to
input an arbitrary value of (bp , which is the ratio of the offset distance to the
upper surface panel length.

The direction cosines of the normal vector are found in two different ways. In
the first method where the Yk of the boundary points -re input directly, sub-
routine LIFT computes the boundary-point vector by forming the vector pi oduct
of the vector bisecting the trailing edge and a vector parallel to the average
trailing edge. In the second method where the Yk of the panel edges are input,
subroutine LIFT computes the unit vectors normal to the upper and lower surface
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Figure 25. Lifting System Boundary-Point Placement.

panels by forming the vector product of vectors joining opposite corners of the
quadrilateral panels. The boundary-point vector is then found by normalizing
the x, y, and z components of the difference between the upper and lower surface
normal vector components.

4.3 INLET GEOMETRY

The paneling layout for a fan-in-wing configuration, such as the NASA model
shown in Figure 26, is distinguished by an area of special surface paneling near
the fan, shown within the heavy line. This special area, and a similar area on
the lower surface, are called collectively the "inlet geometry," and are prepared
using subroutine INLET. The wing surface outside the heavy line is prepared
in the ordinary manner, using subroutine WING. This section describes the
methods employed to panel the inlet geometry on both the upper and lower wing
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Figure 26. Wing Containing Paneled Inlet.

surfaces, and also to determine the location of the internal lifting systems
surrounding the fan. The resulting source panel and internal system corner-
point coordinates are punched on cards in the format required by the
potential-flow program.

The inlet geometry on the wing upper surface consists of a portion of unmodified
wing surface adjacent to the periphery of the inlet geometry, a curved inlet lip
contour between the unmodified wing surface and the inlet throat, and a cylin-
drical Inlet throat extending to the wing lower surface. The lower wing surface
is generally unmodified between the fan exit and the outer boundary of the inlet
geometry. Five different types of paneling definition are used, each adapted to
a particular part of the inlet geometry. Figure 27, a cross section of the wing
through the fan axis, shows the inlet geometry subdivided into REGIONS that
delineate the parts of the inlet containing the five different types of paneling.
Correspondingly, subroutine INLET is divided into REGIONS. Each REGION
requires its own input and is handled separately. Subroutine INLET also con-
tains a sixth REGION, which is used to furnish a definition of the wing surface
in any radial cutting plane but does not actually panel the wing surface or produce
punched cards.
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FAN AXIS

REGION I GU

SURFACE SOURCE
PANEL EDGES WING UPPER SURFACEITRAL CORNER POINTS

- / REGION 5
REGION 3WING LOWER SURFACE

REGION 4 REGION I PAELING

Figure 27. Division of Inlet into Geometric REGIONS.

Both the upper and lower wing surfaces contain a REGION 1. The paneling in
REGION 1 provides a transition between the ordinary wing paneling and the
paneling on the inlet lip or near the fan exit, which is defined radially. On the
upper surface, REGION 1 extends from the outer boundary adjacent to the
regular wing paneling to an arbitrary inner boundary circumscribing the inlet
lip. This inner boundary can be located at the juncture of the inlet lip with the
wing surface, or may be outside of this juncture. In any event, the wing surface
in REGION 1 must not contain any part of the inlet lip. The boundaries of
REGION 1 on the lower surface are usually chosen to be directly below those
on the upper suriace, so that the upper and lower surface paneling in this area
will be similar.

REGION 2 extends over the inlet lip and down into the inlet to a point at or beyond
where the surface contour becomes cylindrical. REGION 3 consists of the
lower cylindrical surface of the inlet extending to the wing lower surface. The
lower surface adjacent to the fan exit is REGION 4. Panel edges in REGIONS 2,
3, and 4 lie in radial planes through the fan axis. REGION 5 defines the location
of the multihorseshoe vortex networks that connect to the fan barrier and the
efflux tube.

The paneling in each REGION may be divided into PARTS, if desired, which are
treated independently. A PART consists of a single rectangular array of panels.
For complex configurations it is often necessary to divide a REGION into
several PARTS in order to achieve a satisfactory paneling arrangement.
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2All of the REGIONS require as input the coordinates of a point on the fan
axis and the direction cosines of the fan axis. These serve to define a fan
coordinate system aligned with the fan axis. Each REGION, except 5, also
requires a basic wing definition similar to that required for subroutine WING.
The defining stations should be located at the inboard and outboard boundaries of
the inlet geometry. A detailed description of each of the different REGIONS
follows.

REGION 1. -REGION 1 lies on the unmodified wing surface and is used as a tran-
sition region between the ordinary wing paneling and the near-axisymmetric inlet

* paneling. A typical panel arrangement for a portion of REGION 1 is shown in
Figure 28. Two tables of (x, y) coordinates are input, one defining the panel
corners along the outer boundary and the other defining the panel corners on the
boundary between REGIONS 1 and 2. These points are denoted in Figure 28 by
heavy dots. The z coordinates of the points are computed by the technique
explained in Appendix II. These initial defining points must be chosen carefully,

so that the paneling blends smoothly into the adjacent REGIONS. Intermediate
panel corner points between the two input arrays are found as follows: Corre-
sponding points in the two arrays are connected by straight lines (e.g., the ith
point in the first array is connected to the ith point in the second array). Divi-
sions along these lines are specified by an input fraction table. The same set of
fractions applies to all connecting lines for a particular PART. The fraction
values vary from. 0 to 1.0, when. 0 signifies an (x, y) value in the first input
table and 1.0 indicates an x,y) value in the second input table. At each fractional
value along these lines, another line parallel to the z axis is constructed. The
intersection of this line with the wing surface determines the surface z coordinate
by the method of Appendix II. Thus, columns of panel corner points lie in planes
perpendicular to the x-y plane and pass through corresponding points in the two
input arrays. The fractional values used for the network shown in Figure 28
were .0, . 5, 1, 0. This particular network was selected for the sample case
presented in Appendix I.

The following rules should be observed to ensure a right-hand network of
surface panels. The first (x,y) table should be for those points that lie on the
boundary with the ordinary wing paneling. The second (x,y) table should be for
those points closer to the fan axis that lie on the boundary with the radially
paneled inlet contour, REGION 2. The order of input for the upper surface
should be counterclockwise viewed from above. For the lower surface, the
order of input should be clockwise when viewed from above.

REGION 2.-This REGION encompasses the inlet lip and extends from the edge
of REGION 1 on the unmodified wing surface to the cylindrical portion of the
inlet throat or beyond. In practice, it is usually convenient to extend REGION 2
to the lower edges of the source panels intersected by the fan barrier. The
need for paneling in REGION 3 is thus removed, for the inlet is not usually
paneled below the barrier. However, care must be taken to ensure that the fan
barrier intersects the lower source panels near their centroids.
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Figure 28. REGION 1 Source-Panel Network.

The paneling in REGION 2 is done in a series of radial planes passing through
the fan axis. A typical plane is shown in Figure 29. The angular location 0 of
these planes is referenced from that plane through the fan axis whose line of
intersection with the fan face plane is parallel to the x-z plane. The direction
of positive 0 is shown in Figure 29. A two-dimensional (R, Z) coordinate system
is defined in each radial plane, with the origin located at the input (xo,yo, Zo)
point on the fan axis and the Z axis aligned with the fan axis.

Panel corner points are input as an (R, Z) table in two radial defining planes,
called 0 D1 and 0 D2. There must be the same number of points in these two
planes, but their coordinates may be different. Corner points in intermediate
planes between these two are then obtained by the program through an interpola-
tion procedure that will be explained later. An input array of 0 p values defines
the location of these intermediate paneling planes.
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Figure 29. Radial Plane Used for Inlet Definition.

A typical set of panel corner points in a radial plane is shown in Figure 30.
The order of input is from the first point on the upper wing surface, called
(R1, Z1), to the last one, called (Rref, Zref), on the cylindrical inlet throat. It
is necessary that the first point lies on the upper wing surface. If not, the
program will shift it to the surface. REGION 6 of subroutine INLET provides
the user with a convenient definition of the wing upper surface intersection in
arbitrary radial planes, so that the details of the intersection of the inlet lip
with the wing surface can be easily examined.
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Figure 30. Construction of Sheared Coordinate Cystem.

The interpolation procedure for determining the (R, Z) coordinates of panel
corner points in the nterr~iediate planes utilizes a sheared, normalized coordi-
nate system in each radial plane. Figure 30 shows the sheared ( ,7 system,
which in each radial plane is constructed with the origin at (Rref, Zrev). The ,7

axis is parallel to the fan axis, and the axis is parallel to the wing s~irface
tangent at (R1 , Z1 ). This tangency condition ensures that no undesired slopediscontinuitieswill appear at the intersection of REGIONS 1 and 2. The system
is normalized with the point (R1 , Z1 ) having coordinates o = 1, 1 1. In order
to establish this system in the intermediate planes, values of Rref, Zref, and R1
are obtained by linear interpolation in from the input values at 0D1 and 0 D2.
The Zcoordinate in each plane is placed on the wing upper surface. The pro-
gram then determines the surface tangent at (R1 , Z1 ) by finite difference, thus
obtaining sufficient information to establish the sheared coordinate system.
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Corner-point coordinates in the intermediate planes are determined as follows:
The two input (R, Z) tables at OD1 and 9D2 are transformed into the sheared
coordinate system by the equations

R. R
i R - Rref j

1,j ref,j

- - (79)( Z~ ref~j) (R- Rref, j) a -

where subscript I refers to the particular point in the defining table and sub-
script j refers to the defining plane. The angle - is defined in Figure 30. The
corner-point coordinates at intermediate Opj planes are found by linear inter-
polation as

9W =g, D1 (4iD2 tiD1) (: D I(6-Dj - DO)
1i,j = 7i,D1 + (7i,D2 - _i, DI _D (80

2- D(80)?1. ?i7 + iD ,D0-2 :D1

The inverse of Equation (79) is used to transform the points back to the (R, Z,B)
system, from which they are finally transformed to the (x,y, z) reference coordi-
nate system.

In summary, a PART in REGION 2 is defined by inputting the panel corner points
in two radial planes. Equal numbers of points are input in each plane. Corner
points in intermediate planes are generated by interpolation, involving a local
sheared coordinate system, between corresponding points in the two defining
planes.

REGION 3.-This REGION is in the inlet throat from the boundary with REGION
2 to the lower wing surface, as shown in Figure 27. Ordinarily, source panels
are not used below the fan face, so REGION 3 is not used extensively. There
are cases, however, such as when the alternate type of barrier (see pp. 173, 176)
producing "natural flow" is used, that paneling in REGION 3 is desirable.

This REGION is cylindrical about the fan axis and is paneled in radial planes
passing through the fan axis in a manner similar to that in REGION 2. The Z
coordinates of the panel corner points change circumferentially to adjust to the
wing lower surface, but the R coordinates are constant and equal to the fan
radius Rfan, which is input. The paneling is defined by sets of Z coordinates in
two defining planes OD, and 0 D2, and a list of intermediate planes in which panel
corners are desired. The Z values at 0 D, and 0D2 are input beginning at Zref
and proceeding down to the wing lower surface at a point called Zb. If this point
is not precisely on the surface, the program will shift it there. Angles around
the fan axis are measured from the same reference plane used in REGION 2.
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However, the angles 9D, and -. 2, and the coordinates of the Zref points need
not be identifical to those used i REGION 2.

The Z coordinates of all panel corner points are subsequently referred to as
Zij, where the subscript i refers to the axial position of the point and the sub-
sc Hpt j refers to the radial plane. The intermediate planes containing panel
corner points are denoted as opj. The Zref at an intermediate paneling plane
is linearly interpolated as

Zref, j =Zref, V l VA (Zref, V2 Dref, Vl -2 V'D) (

The intersection of the fan cylinder with the lower wing surface in intermediate
planes is called Zb. and is found using the iterative geometric intersection
technique of Appendfx II.

The panel corner points in intermediate paneling planes are interpolated linearly,
based on a normalized distance from Zref, j'to Zb, j and are given by

I ZiDI - Zref, Dl

z z z -.1 z iie.D

Zitj =ref, J + (Zb, j - Zref, J) IZ bD1 -Z ref, D1

itD2 - refD2 ZID1- Zref, D1 ] P Dl

Lb,D2 refD2 Zb,D1 Zref,D1J D2 - D1(

The (R, Z,e) coordinates are finally transformed into the reference coordinate
system for output.

REGION 4. -This REGION is on the wing lower surface from the fan exit outward
to the boundary of REGION 1, as shown in Figure 27. The REGION is thus
directly below REGION 2, which is on the inlet lip. The paneling for REGION 4
is in radial planes passing through the fan axis. The input consists of R tables
in two defining planes, 8D1 and 0])2, together with a set of intermediate planes
that will contain panel corners. The R values are input beginning at the fan
radius, afan, and proceed outward to the boundary with REGION 1. The last R
value in many cases will be identical to the first input R value in REGION 2 at
the same station. This ensures that the boundary between REGIONS 4 and 1 on
the lower surface lies directly below the corresponding boundary on the upper
surface.

The R values of panel corners are subsequently referred to as Rij, where the
subscript i refers to the radial order of the points, and j refers to the angular
location. The radii at intermediate paneling stations are obtained by linear
interpolation as

R 0Pj - D
R I, =RD1 + (RID 2 - iD 1 (83)

66 \D2 DI

66



The iterative geometric intersection technique of Appendix II is used to find the
wing lower surface Z coordinates from the (R,0) definitions. The (R, Z,0)
coordinates are finally transformed into the reference coordinate system for
final output.

REGION 5.-This REGION is used to prepare the network coordinates for the
multihorseshoe lifting systems, which are interior to the wing and connect to
the jet efflux tube and barrier. REGION 5 is restricted, however, to multi-
horseshoe networks that are quite simple. First, it can only prepare networks
that lie in radial planes passing through the fan axis. This restriction precluded
using REGION 5 for the NASA fan-in-wing model, since the multihorseshoes
were aligned with source-panel edges of REGIONS 1 and 5 that were not radial.
The multihorseshoe lifting systems for that model were prepared by hand. As
explained in Section 6.4, it is desirable to place the internal vortex filaments
near the camber surface and directly below the surface source-panel edges.
Thus, the surface source panels govern the placement of the internal vortices.

A second restriction is that this subroutine does not ensure that the vortex
network corner points are placed near the camber surface except for simple
configurations. The corner-point coordinates in intermediate paneling planes
are found by circumferential interpolation, without recourse to the wing defini-
tion. Thus, intermediate corner points could conceivably turn out to be too
close to one of the wing surfaces. As a consequence of these deficiencies, the
network coordinates must often be prepared by hand, by averaging the coordi-
nates of appropriate upper and lower surface source panel corner points.

The input for REGION 5 is identical in form to the input for REGION 2, but the
computations are more direct. The geometry input consists of two-tables of
(R, Z) coordinates at two planes D, and 0D2 and a series of intermediate 0
planes. (R, Z) coordinates in the intermediate planes are obtained directly
linear interpolation, with Equation (83) for R and a similar one for Z. These
are then transformed to the (x,y, z) reference coordinate system.

REGION 6.-This REGION is used to find wing surface contours in arbitrary
planes passing through the fan axis. It is typically used for determining the
intersection of a fan lip with the upper wing surface and is invaluable as an aid
in preparing inputs to REGION 2, which include points on the wing surface in
radial planes.

The wing surface contour is obtained as a series of equally spaced points between
two radii. The input consists of the number of points desired on a wing cut, the
minimum and maximum radial distances of the points from the fan axis, and the
angles at which the wing cuts are desired (with respect to the angular reference
defined for REGION 2). The surface coordinates are found by the geometric
surface intersection technique described in Appendix II. Both the (x, y, z)
coordinates and the (R, Z, 0) coordinates of points on the upper and lower surfaces
are computed. The output points are evenly distributed between the minimum
and maximum radius input.

67



4.4 JET EFFLUX TUBE GEOMETRY

The potential-flow program requires an array of (x,y, z) corner points defining
the quadrilateral vortex network on the jet efflux tuba surface, as shown in
Figure 31. Subroutine TUBE in the geometry program prepares the efflux tube
network coordinates from a simplified tube definition. The TUBE subroutine
also prepares the boundary points for the multihorseshoe vortex network that
extends below the wing and attaches to the tube. Both the position and direction
cosines of the normal vector at these boundary points beneath the wing lower
surface are provided.

FAN AXIS HAS DIRECTION
TRAJECORY tCOSINES I Inxb, nb, zb]

TRAJECTORY -

COORDINATE I
SYSTEM

SNOTE: VECTORS ,,. EFFLUX
• AND AXES ANDARE COPLANAR.

Figure 31. Example of Efflux Tube.

An empirical equation is used to provide the Jet core trajectory, which depends
upon the Ian exit diameter Dfan, thrust vector angle j3, and the ratio of free
stream to jet velocity U~o/Vj. The empirical equation was obtained from flow
visualization studies using a Jet containing water vapor exhausting into a wind
tunnel (Reference 10).

U 2 PONT / ON WIN

- \~3 Vj)( -~-a(84)
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I

Vis here defined as the volume flow into the inlet per unit time, divided by the

inlet area. With thrust vectoring, the actual cross-sectional area of the jet 1s.
less than the inlet area, so the jet velocity, for a constant volume rate of inflow,
will increase with increasing thrust vectoring. However, this effect has already

It been incorporated into the trajectory Equation (84), and the quantity Vj appearing
in this equation must be the one defined above.

The (4, 1, t) efflux trajectory coordinate system is shown in Figure 31. The
4-t plane is the plane containing the free-stream velocity vector U,, and the
thrust vector t defining the initial jet efflux direction. The 6 axis is parallel
to IT. The angle the jet makes with the negative t axis is the thrust vector
angle p. The influence of angle of attack a and yaw 0 is included, sLice they
determine the direction from which U,, acts on the jet. The velocity ratio,
angles of attack and yaw, and the fan exit diameter are input to the program.
The direction cosines (t1, ty, tz) of the initial efflux direction in the reference
coordinate system are a so inputs iiat determine p. The coordinates of a point
(xo, yo, zo) on the fan axis and the direction cosines (nxb, nyb, nzb) of the fan axis
are also itiputs. These input quantities are used to establish the orteittlon and
initial location of the trajectory coordinate system.

The efflux tube is defined by points that lie along longitudinal stringers emanating
from an array of input (x,y, z)i coordinates around the fan exit. These (x,y, z)i
points, shown in Figures 31 and 32, are the points where the internal multi-
horseshoe system emerges from the wing. The corner points forming the tube
are basically defined by a series of lateral cuts, spaced along the tube axis
(given by Equation (84)] at specified intervals, sk* The angle of these cuts with
respect to the centerline varies down the tube in a regular manner to produce a
smoothly varying network spacing. Small longitudinal adjustments in t. a loca-
tions of the points near the wing undersurface are provided to fair the !,etwork
spacing smoothly into the input (x,y, z)i points, which may not lie in a plane.

ze

INITIAL INPUT ORIGIN OF THE TRAJECI JRY
POINTS ON WING COORDINATE SYSTEM
LOWER SURFACE LOCATED SO THAT Ez,'=O

Figure 32. Origin of Trajectory Coordinate System.
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The origin of the tube trajectory coordinate system is computed as shown in
Figure 32, where the z' axis lies along the fan axis. The origin lies on the fan
axis at the average position of the (x,y, z)i input points. From this origin, the
trajectory of the tube centerline is computed from Equation (84).

Each longitudinal stringer originates at an input (x, y, z)i point at the fan exit and
lies in a plane parallel to the 4-t plane. The distance of the stringer from the
projection of the tube centerline in this plane, measured perpendicular to the
projected centerline, is maintained essentially constant.

The first cut across the tube,, a distance sI down the centerline, is perpendicular
to the fan axis (see Figure 33). Each succeeding cut attempts to become more
nearly perpendicular to the tube axis. The rate at which the succeeding cuts
approach a perpendicular to the axis is controlled by an input quantity, 6. As
shown in Figure 33, 6 determines the ratio of segment lengths on opposite sides
of the tube. When the cuts finally become perpendicular to the tube axis, they
are maintained perpendicular at all stations further down the tube.

tI

FAN AXIS VORTEX CORNER POINTS
LIE IN THESE PLANES

(1 N S+ 1 -SO)

(l6(Sk+ I - SOi"-

TUBE AXIS-.

Figure 33. Vortex Spacing Along Tube.
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If the input (x,y, z)i points do not lie in a plane, the segment lengths from these
points to the first cut will not necessarily be compatible with the requirement
of smoothly varying segment lengths down the tube. This difficulty is alleviated
as follows. An input number, NTR, is defined as the number of segment lengths

down the tube on which an adjustment is to be made. NTR must be less than or
equal to the total number of s values. At each cut between the first one and the
cut at NTR, the points definedy the intersection of the cuts with the stringers
are shifted along the stringers. The points closer to the fan exit are shifted
proportionately more, so that the resulting points maintain a smooth spacing
variation along each stringer.

The TUBE subroutine also computes the direction cosines and positions of the
boundary points located just below the wing lower surface, as shown in Figure 34.
The boundary point lies on the line joining the midpoints of the upper and lower
line segments. The distance of the boundary point below the wing lower surface
is controlled by an input number cbp, the distance from the wing surface to the
boundary point divided by the distance from the wing surface to the first row of
vortices on the tube. The direction cosines of the normal vector are given by
the components of the normalized vector product of the vectors joining opposite
corners of the quadrilateral area shown in Figure 34.

INITIAL POINT ON WING LOWER SURFACE

FIRS' Ruv OF
VORICES ON LINE JOINING MIDPOINTS
TUBE OF LINE SEGMENTS

Figure 34. Location of Multihorseshoe Vor,'ex Network Boundary Point
Below Wing Lower Surface.
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4.5 AXISYMMETRIC SURFACE GEOMETRY

Subroutine AXISYM is included in the geometry program to provide a convenient
means of preparing the network coordinate definition of axisymmetric surfaces.
It can be used for surfaces represented by source panels or quadrilateral
vortices, since both use the same network ordering arrangement. For fan-in-
wing configurations, it is ordinarily used to define the inlet centerbody and the
fan barrier vortex networks. (These surfaces on the NASA model shown in

Figure 80 were generated with this subroutine.) It can also be used for surfaces
that are not axisymmetric, but that are nevertheless defined in polar coordinates
and paneled in radial cutting planes. In this case, the subroutine serves as a
convenient means of transforming polar coordinate input points to the primary
(x,y, z) reference coordinate system. /

For axisymmetric bodies, a single array of input (r, z) coordinates serves to
define the network corner points in all radial planes. A table of 0 values,
measured from an arbitrary x1 axis, as shown in Figure 35, are input to define
the angular divisions of the desired surface network. For bodies that are not
axisymmetric, a separate (r, z) array Is input for each value of 0, In both cases
the program constructs an ordered array of points to define a surface network
between the first and last 0 station, with corner points defined by the r, z, and 0
values. A means is provided for varying the order of the output point array with
a number code, called OUTCODE. If OUTCODE = 0.0, the coordinates will be
ordered with 0 varying first; if OUTCODE = 1. 0, the coordinates will be ordered
with (r, z) varying first. This provides the capability of always producing a
right-hand eurface network, which is essential with a source paneled surface.
The (r, z, 0) coordinates are first transformed from the polar coordinate system
to a cartesian system with the relations

x= rcoso

Y= rsinO (85)

z1 =z

as shown in Figure 35.

A rotation transformation executed by subroutine AXISYM orients the (xl,yl, zl)
axes to a second set of axes (x2 ,Y 2 , z2 ) parallel to the reference coordinate
system equation

(X2) 1F a 12 a x 13t

Y2 a j21 a2 2 a23 Yl (86)

z 2  La31 a32 a33 z 1
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Figure 35. Arbitrary Orientation of Axisymmetric Surface.

The aijIs are the direction cosines with respect to the (xl,yl, zl) coordinate
system and are input to the program.

These (x2 ,Y2 , z2 ) coordinates are then transformed to the (x3,Y3, z3 ) coordinate
system by adding a displacement factor according to

Y3 : Y2 +  (87)

z 3  z2
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where (xo, yo, zo) is the origin of the (x2 ,Y2 , z2 ) coordinate system with respect
to the (x3,y 3 , z3 ) coordinate system and is input to the program. Transforma-
tion Equations (86) and (87) give the axisymmetric surface any arbitrary orienta-
tion with respect to the (x3 ,y 3 , z 3 ) coordinate system shown in Figure 35.

Another transformation executed by subroutine AXISYM is a coordinate distortion
according to the relations

x4 = klx3

Y4 = k2Y3  (88)

z4  k3 z3

wbere (kl, k2 , k3 ) are input distortion factors. All of the (x3 ,y 3 , z3 ) coordinates
of points on the body are stretched or shrunk by the factors (kl, k2 , k3). The last
transformation executed by subroutine AXISYM Is a translation according to

= Y4 + Yp (89)

where (x, y ,) is the origin of the (x4 ,y 4 , z4 ) coordinate system with respect
to the prm%;y (x,y, z) reference coordinate system. The output of subroutine
AXISYM is the network of surface coordinates in the (xy, z) reference coordinate
system.

4

74



5. COMPUTER PROGRAM USAGE

The present method for solving fan-in-wing problems is contained in three
computer programs entitled the geometry program, the potential-flow program,
and the boundary-layer program.

For problem-solving, they are normally used in the sequence shown in
Figure 36. The geometry program produces a detailed geometric definition of
the configuration, which it prepares on input cards for the potential-flow
program. The potential-flow program accepts these input cards and gives a
potential-flow solution, and, in turn, computes input data for the boundary-layer
program. The boundary-layer program produces the boundary-layer charac-
teristics calculated along streamlines. Some user manipulation is necessary in
arranging the inputs for each of the programs.

The programs are coded in the FORTRAN IV and ASC ENT languages for the
Control Data Corporation 6600 (131k) digital computer. Control of the computer
is monitored by the SCOPE (Simultaneous Control of Program Execution)
Operating System. Because the geometry and potential-flow programs exceed
the capacity of a single core load, the segmentation feature of the loader is
used, which allows a complete program to be subdivided into several smaller
segments. Flow charts and detailed descriptions of the computer programs
are presented in Volume II.

The card-d6ck arrangements for the three programs are shown in Figures 37
and 38. Each consists of monitor control cards, a source deck, and a group of
data cards. The monitor control cards are characteristic of the particular
computer installation, as discussed in Volume II. The data cards for the par-
ticular problem and the first monitor control card, which controls the running
time and field length, are inserted into the deck. The other cards normally
remain unchanged.

The remainder of this section describes the mechanics of input data preparation.
Complete descriptions of the card input to each program are presented.
Appendix IM contains sample problems to acquaint users with the input card
format and printout format for each program. These sample problems are
also intended for use in checking out the programs on computer facilities.

5.1 GEOMETRY PROGRAM USAGE

This section describes the use of various cmpabilities of the geometry program.
Complete instructions for preparing the data cards are provided. Sample
caes are given in Appendix IMI.
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Figure 36. Fan-In-Wing Problem Flow Chart.
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Figure 37. Deck Arrangement for Geometry and Boundary-Layer Programs.
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Figure 38. Deck Arrangement for Potential-Flow Program.
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This program provides a simple method of obtaining (x, y, z) coordinates of
several types of surfaces in punched-card form. The program was written to
support the potential-flow program; thus, output is oriented toward that pro-
gram. The types of surface geometry that can be produced in the reference
coordinate system are:

• A wing, page 45

e A lifting system for a wing, page 53
• A fan-in-wing inlet, page 58

* A jet efflux tube, page 68

* Axisymmetric or pseudoaxisymmetric surfaces, page 72

The versatile curve-fitting procedure in subroutine WING makes it easy to
tailor the chordwise source panel arrangement independently of the airfoil
definition. The curve-fitting feature may also enhance the subroutine's use-
fulness for other applications where accurate intermediate surface coordinates
are needed. Subroutine LIFT is geared closely to the potential-flow program
both in input and output. The INLET subroutine is for the most part tied
closely to fan-in-wing configurations, but the wing contour capability of
REGION 6 makes it potentially useful for other applications where surface
intersections are desired. The TUBE subroutine provides the network coor-
dinates for an efflux tube including the influence of velocity ratio, fan diameter,
thrust vector angle, angle of attack and yaw. It will adjust the network arrange-
ment so as to fair smoothly to a nonplanar wing lower surface. Subroutine
AXISYM will handle any body that can be paneled in radial planes. Taken
together, these subroutines provide a powerful capability to prepare surface

coordinates for a wide variety of surfaces.

Data input format. -All geometry program data, except title cards and control
cards, are punched in number fields ten columns wide, with six fields per card.
Decimal points should always be punched for every input number, and, since
their omission is not flagged as an error, users must check their data cards
carefully before submitting the run.

Input to the geometry program falls into three categories: control cards, title
cards, and numeric input. As their name implies, the control cards control
the execution of the program. Eight words are used on control cards:

1) CASE 5) INLET
2) CARD 6) TUBE
3) WING 7) AXISYM
4) LIFT 8) hCrT

These control cards must be punched beginning in card column 1 and must not
contain any blanks.
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The general card-stacking arrangement is shown in Figure 39. If the user
does not desire titles on the printed output, he may delete the CASE and two
title cards. There are no restrictions as to sequence of the five major
geometry subrouttnes.

'EXIT

II
CONTO ADFR APPROPRIATE SUBRO UTINE

CRARD

oATA CARDS FOR APPROPtaTE S AevBROUTINEs.COTRL AR FRAPPROPRIATE SUBROUTINE
CAROFO

Figure 39. Geometry Program Data Card Arrangement for Several Subroutines.

The functions of the control cards are given below.

Control card CASE: This control card causes execution of two functions: I
first, an option indicating whether or not card output is desired is set to the
no-output condition; second, the program will read the following two cards as
title cards, printing columns 1-80 in several places on the output. If the CASE
is omitted, no title cards are read, and the title for the previous case is used

(blank if this is the first case). The card output option remains as for the
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previous case (no card output if this is the first case), unless this option isreset by a CARD control card.

Control card CARD: This word is used when punched-card output is desired.
If one of these cards is encountered, card output will be produced for every
system (WING, LIFT, INLET, TUBE, AXISYM) following until this option is
negated by a CASE control word. A CARD control card is necessary to obtain
card output for any system after a CASE control card, regardless of the number
of CARD control cards previously used.

The standard format built into the program for card output is the following:

(F10. 5, F10. 5, F10. 5, F10. 5, F10. 5, F10. 5)

Each of the six F10. 5's gives the specifications for the corresponding number
punched on the output cards. This is, the first F10. 5 controls the format of
the first number (column 1-10) on the card; the second F10. 5 controls the
second number (column 11-20) on the card; and so on. Under the F10. 5 format,
all numbers to be punched on cards must be less than 1,000. If numbers are
too large for the specified format, the monitor replaces the numbers with
asterisks, making the output cards useless.

An exception is the LIFT subroutine, for which the format has been altered to
give numbers up to 10, 000 in the first and fourth fields. The modified format
is:

(F1O. 4, FO. 5, F10. 5, F10. 4, F10. 5, F10. 5)

This alteration was necessary to allow for the large x-values associated with
the trailing votices. The above limitations are built into the program. They
can be easily overridden if necessary, but unless such action is taken, these
restrictions will be adhered to. It is the responsibility of the user to check
that the magnitude of his data is not greater than that allowed.

If a nonstandard format must be used, it is punched in columns 11 through 47 of
the pertinent CARD card in exactly the format displayed above (including
parentheses and commas, and with no blank spaces). All of the output data to
which this CARD card applies will be punched on cards with the nonstandard
format. The allowable range for-numbers punched under various formats is
tabulated here.

Format Allowable Range

F10.2 a < 1,000,000.
F10. 3 a < 100,000.
F10.4 a < 10,000.
F10.5 a < 1,000.
F10. 6 a < 100.
F10.7 a < 10.

Note: a is the expected output number.
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Control cards WING, UFT, INLET, TUBE, and AXISYM: These control cards
transfer control to the subroutines for the like-named system. Detailed
descriptions of the Input for each system are found in the section for that
system.

Control card EXIT: This control card is used on the last card of the data deck.
When this control card is encountered, program execution is terminated.
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GEOMTRYPROGRAM CARD INPUT

WING input, -Figure 40 displays the data card arrangement for subroutine
WING. A description of the card input to subroutine WING follows.

Column Code Explanation

Card 1 1-4 WING Control card-contains the word WING.

Card 2 1-10 PARTS number of PARTS in this wing. Cards 3
through 12 must be input PARTS times.

Card 3 1-10 XLEI  coordinates of the leading and trailing
11-20 YLEI  ,dges, respectively, of the inboard defLn-
21-30 ZLEI  ing section for this wing PART
31-40 XTE I
41-50 YTEi
51-60 ZTEI

Card 4 1-10 XLEO  coordinates of the leading and trailing
11-20 YLEO  edges, respectively, of the outboard
21-30 Z LE0  defining section for this wing PART
31-40 XTE O

41-50 YTE,51-60 ZTEO

Card 5 1-10 ORDI, = number of pairs of (x/c, z/c) coordi-
nates defining the inboard airfoil
section

= 0.; coordinates will be used from the
outboard section of the previous wing
PART.

NOTE: ORD, may not be zero for the
first PART, as there is no
previous PART from which to
obtain coordinates.

0. S ORDI S 200.

Card Set 6 1-10 (x/c)1  coordinates defining the inboard airfoil
11-20 (z/c)1  section, input in the order described on
21-30 (x/c)2  page 46. There must be ORDI of these
31-40 (z/c)2  pairs, six numbers per card. If ORD, is
41-5C (x/c)3  zero, delete this card set.
51-60 (z/c)3
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Column Code Explanation

Card 7 1-10 ORD O  = number of pairs of (x/c, z/c) coordinates
defining the outboard section

= 0. ; coordinates will be used from the
inboard section of this wing PART.

0. 1 ORD O 1 200.

bCard Set 8 1-10 (x/c)1  coordinates defining the outboard airfoil
11-20 (z/c)l section, input in the order described on
21-30 (x/c)2  page 46. There must be ORD of these
31-40 (z/c)2  pairs, six numbers per card. ?f ORDO is
41-50 (x/c) 3  zero, delete this card set.
51-60 (z/c)3

Card 9 1-10 COL = number of spanwise panel divisions in
this wing PART

= 0. ; the program will output an M x 2
network of corner points consisting of
the inboard and outboard panel corner
points, scaled and given the correct
disposition on the planform

0. ;g COL g 200.

Card Set 10 1-10 yl spanwise panel divisions, input in order of
11-20 Y2 increasing Yk value. There must be COL
21-30 y3 of these Yk values, six numbers per card.
31-40 y4 If COL is zero, delete this card set.
41-50 y5
51-60 Yq

Card 11 1-10 ROW number of chordwise panel divisions in
this wing PART. ROW (x/c)'s are
input in card set 12, and a curve-fitting
procedure is employed to locate the
spanwise generators that form panel
edges. In this -'se, ORDI need not
equal ORD O .

0. ; the program uses the inboard and
outboard defining coordinates as span-
wise generators to form panel edges.
Consequently, ORDI must equal ORD O .
The zero option for ORDI and ORD O
may still be used for input.

0. 1 ROW 5 200.
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Column Code Explanation

Card Set 12 1-10 (x/c)1 x/c values of the chordwise panel
11-20 (x/c)2  divisions, input in the order described on
21-30 (x/c)3  page 49. There must be ROW of these
31-40 (x/c)4  values, six numbers per card. If ROW is
41-50 (x/c)5  zero, delete this card set.
51-60 (x/c)6
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LIFT !Rput. -Figure 41 displays the data card arrangement for subroutine
IjFT The description of the card input to subroutine LIFT follows.

Column Code Expaation

Card 1 1-4 LIFT control card-contains the word LIFT.

Card 2 1-10 PARTS = number of PARTS in this lifting system.
Cards 3-21 must be input PARTS
times.

Card 3 1-10 XLE1  coordinates of the leading and trailing
11-20 YLE1  edges, respectively, of the lnbcard defin-

21-30 ZLEI  Ing section for this lifting system PART
31-40 XTEI
41-50 YTE
51-60 ZTEI

Card 4 1-10 XLEO  coordihates of the leading and trailing
11-20 YLE0  edges, respectively, of the outboard
21-30 ZLE0  defining section for this lifting system
31-40 XTE O  PART
41-50 YTE O
51-60 ZTE O

Card 5 1-10 ROWII  = number of (x/c, z/c) coordinate pairs
defining the vortex corner points
(including the one at the trailing edge)
at the inboard defining station

= 0.; coordinates will be used from the
outboard section of the previous lifting
system PART.

NOTE: ROWII may not be zero for the
first PART, as there is no
previous PART from which to
obtain coordinates.

0. ! ROWII S 50.

Card Set 6 1-10 (x/c)l coordinates of the internal vortex corner
11-20 (z/c)1  points at the inboard defining station,
21-30 (x/c)2  input L the order described on page 54.
31-40 (z/c)2  There must be ROWII of these pairs, six
41-50 (x/c)3  numbers per card. If ROWII is zero,
51-60 (z/c) 3  delete this card set.
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Column Code Explanation

Card 7 1-10 ROWI O  number of (x/c, z/c) coordinate pairs
defining the internal vortex corner
points at the outboard defining station.

0. ; coordinates will be used from the
inboard section of this lifting system
PART.

0. S ROWI 0 < 50.

Card Set 8 1-10 (x/c) 1  coordinates of the internal vortex corner
11-20 (z/c)1  points at the outboard defining station,
21-30 (x/c) 2  input in the order described on page 54.
31-40 (z/c)2  There must be ROWIO of these pairs, six
41-50 (x/c)3  numbers per card. If ROWIO is zero,
51-60 (z/c)3  delete this card set.

Card 9 1-10 COL = number of spanwise divisions (see

card set 10)

1. s COL !s 20.

Card Set 10 1-10 Y1  spanwise location of the vortex segments
11-20 Y2 that are aligned chordwise, input in order
21-30 Y3 of increasing Yk value. There must be
31-40 Y4 COL of these Yk values, six numbers per
41-50 y5  card.
51-60 Y6

Card 11 1-10 ROWT I  number of trailing segments in the
inboard trailing vortex, indicating the
number of lengths LI and direction
cosines (axi, ayi, azi) that follow on
card sets 12 and 13 for the inboard
section

0. ; lengths and direction cosines are to
be used from the outboard section of
the previous lifting system PART.

NOTE: ROWT I may not be zero for the
first PART, as there is no
previous PART from which to
obtain data.

0. < ROWT I _< 50.
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Column Code Explanation

Card Set 12 1-10 Li  length of each trailing vortex segment for
11-20 L2  the Inboard section. There must be
21-30 L3  ROWT I of these lengths, six numbers per
31-40 L4  card. If ROWT I is zero, delete this card
41-50 L5  set.
51-60 L6

Card Set 13 1-10 axl direction cosines of each trailing vortex
11-20 ayj segment for the inboard section. There
21-30 azl must be ROWT I of these three numbers,
31-40 ax2 six numbers per card. If ROWTI is zero,
41-50 ay2 delete this card set.
51-e0 az2

Card 14 1-10 ROWT O  number of trailing segments in the
outboard trailing vortex, indicating the
number of lengths Li and direction
cosines (axi, avi, a ) that follow on
cards 15 and 16 forge outboard section

= 0. ; lengths and direction cosines are to
be used from the inboard section of this
lifting system PART.

0. < ROWT o < 50.

Card Set 15 1-10 L1  lengths of each trailing vortex segment for
11-20 L2  the outboard section. There must be
21-30 L3  ROWT O of these lengths, six numbers per
31-40 L4  card. If ROWT O Is zero, delete this card
41-50 L5  set.
51-60 L6

Card Set 16 1-10 axl direction cosines of each trailing vortex
11-20 a segment for the outboard section. There
21-30 ay, must be ROWT O of these three numbers,
31-40 aX1 six numbers per card. If ROWT O Is zero,
41-50 a delete this card set.
51-60 2

Card 17 1-10 (x/c)l Cards 17, 18, and 19 contain eight coor-
11-20 (z/c)1  dinates used In the computation of the
21-30 (x/c) 2  trailing-edge boundary point and the
31-40 (z/c)2  direction cosines of the normal to the
41-50 (x/c)3  boundary point. The first four coordinates
51-60 (z/c)3  are the Inboard upper and lower surface

trailing-edge panel-edge locations, as
described on page 57. The last four
coordinates are for the outboard section.
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Column Code Explanation

Card 18 1-10 (x/c)4 See card 17 explanation.
11-20 (Z/c4
21-30 (x/c)5
31-40 (z/c)5
41-50 (x/c)6
51-60 (z/c)6

Card 19 1-10 (x/c) 7  See card 17 explanation.
11-20 (z/c)7
21-30 (x/c)8
31-40 (z/c)8

Card 20 1-10 NY = number of y values to follow on card
set 21
1. __ NY 4 20.

11-20 "CODE = 0. ; the y values on card set 21 are for
the panel edges, as explained on page 57.

= 1. ; the y values are for the actual
boundary-point locations, as explained
on page

21-30 Cbp 0. ; the standard position of the boundary
point aft of the trailing edge is desired.
The standard offset spacing is 0. 1
times the upper surface panel length.

= actual value of Ebp in terms of a
fraction of the upper panel length, if the
nonstandard offset spacing is desired

Card Set 21 1-10 Yl spanwise location of the panel edges or
11-20 Y2  boundary-point locations, depending on
21-30 y3  YCODE. There must be NY of these y
31-40 Y4  values, six numbers per card.
41-50 y5
51-60 y

6
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INLET input. -Figures 42 through 48 display the data card arrangement for
subroutine INLET. The description of the card input to subroutine INLET
follows.

Column Code Explanation

Card 1 1-5 INLET Control card-contains the word INLET.

Card 2 1-10 XLE coordinates of the leading and trailing
11-20 YLEI edge, respectively, of the inboard defin-
21-30 Z LEI ing wing section31-40 XTE 1
41-50 YTE'
51-60 ZTEI

Card 3 1-10 XLE0 coordinates of the leading and trailing
11-20 YLE 0  edge, respectively, of the outboard defin-
21-30 ZLE0 ing wing section
31-40 XTE0
41-50 YTE 0
51-60 ZTE0

Card 4 1-10 ORDI  number of pairs of (x/c, z/c)j coordinates

defining the inboard airfoil section

1. S ORD1% 200.

Card Set 5 1-10 (x/c)1  coordinates defining the inboard airfoil
11-20 (z/c)1  section. There must be ORD, of these
21-30 (x/c)2  paes, six numbers per card.
31-40 (z/c)2
41-50 (x/c)3
51-60 (z/c)3

Card 6 1-10 ORD O  = number of pairs of (x/c, z/c)i coordi-
nates defining the outboard airfoil
section

= 0.; coordinates will be used from the
inboard airfoil section.

0. S ORD O K 200.

Card Set 7 1-10 (x/c)1  coordinates defining the outboard airfoil
11-20 (z/c)1  section. There must be ORDO of these
21-30 (x/c)2  pairs, six numbers per card. If ORDO is
31-40 (z/c)2  zero, delete this card set.
41-50 (x/c)3
51-60 (z/c)3
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Figure 44. Data Card Arrangement for REGION 2.
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Figure 47. Data Card A-rangement for REGION 5.

98



10.6]

Figure 48. Data Card Arrangement for REGION 6.
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Column Code Explanation

Card 8 1-10 TYPE = 0. ; wing is defined by lines connecting
ordered points. ORD O must equal
ORDI or be zero.

= 1. ; wing is defined by lines of constant
x/c. ORDO need not equal ORD,.

11-20 C. tolerance used in the iteration scheme to
compute points on the wing surface. A
recommended value is 10-6 times the
average wing chord.

Card 9 1-10 xo  (xo, Yo, zo) is the origin of the inlet coordi-
11-20 yo nate system on the fan axis. (nxb, nyb, nzb)
21-30 zo  are the direction cosines of the fan axis
31-40 nxb directed upward.
41-50 nyb
51-60 nzb

Card 10. 1 1-10 REGION = 1. ; causes program to perform calcu-
lations in REGION 1 of the inlet. Cards
11. 1-17. 1 that follow are for REGION 1.

Card 11.1 1-10 PARTS = number of PARTS in REGION 1 of the
inlet. Cards 12. 1-17. 1 that follow must
be input PARTS times.

Card 12. 1 1-10 CODE = -1. ; upper surface points only are
computed.

= -1.; lower surface points only are
computed.

Card 13. 1 1-10 M = number of Fi fraction values to follow

on card set 14. 1

1. s M e 20.

Card Set 14. 1 1-10 F1  fraction values that control panel spacing
11-20 F between two inprt (x, y) points on the wing
21-30 F3 planform, input in the order of increasing
31-40 F4  value.
41-50 F5
51-60 F6  0. <_ Fis 1.

Card 15. 1 1-10 Np = number of (x,y) pairs to follow on card
set 16. 1

1. SNPS 200.
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Column Code Explanation
Card Set 16. 1 1-10 Xi coordinates along the outer boundary of

11-20 yl REGION 1; input counterclockwise, viewed
21-30 x2  from above for the upper surface, and
31-40 Y2  clockwise, viewed fron above, for the
41-50 x3  lower surface. There :nust be Np of
51-60 y3  these (x,y) pairs, six numbers per card.

Card Set 17. 1 1-10 xI  coordinates along the inner boundary of
11-20 Yl REGION 1; input counterclockwise, viewed
21-30 x2  from above for the upper surface, and
31-40 Y2 clockwise, viewed from above, for the
41-50 x3  lower surface. There must be Np of
51-60 Y3 these (x,y) pairs, six numbers per card.

Card 10. 2 1-10 REGION = 2. ; causes program to perform calcu-
lations in REGION 2 of the inlet.
Cards 11.2-17.2 that follow are for
REGION 2.

Card 11.2 1-10 PARTS = number of PARTS in REGION 2 of the
inlet. Cards 12. 2-17. 2 must be input
PARTS times.

Card 12. 2 1-10 0D1 two defining stations for this inlet PART;
11-20 0 D2 input in degrees, counterclockwise when

viewed from above

6D1 < 'D 2

Card 13. 2 1-10 M = number of (R, Z) pairs to follow on
card sets 14. 2 and 15.2

1. S M <2M0.

Card Set 14. 2 1-10 R1  coordinates defining the panel corner points
11-20 Z along the inlet contour for the first defin-
21-30 R2  ing station 0 1; input beginning ,:n the
31-40 Z2  unmodified wing surface and proceeding
41-50 R3  down into the inlet. There must be M of
51-60 Z3  these (R, Z) pairs, six numbers per card.

Card Set 15. 2 1-10 R1  coordinates defining the panel corner points
11-20 Z1  along the inlet contour for the second defin-
21-30 R2  ing station 0-2; input beginning on the
31-40 Z2  unmodified wing surface and proceeding
41-50 R3  down into the inlet. There must be M of
51-60 Z3  these (R, Z) pairs, six numbers per card.
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Column Code Explanation

Card 16. 2 1-10 Np number of Op paneling stations to
follow on card set 17.2

1. S Np S 20.

Card Set 17.2 1-10 0 op paneling stations in degrees, input
11-20 Op2 counterclockwise viewed from above.
21-30 There must be NP of these Op stations,
31-40 8pP3 six numbers per card.
41-50 P4

51-60 0 p6 D1 0 p < 0D2

Card 10. 3 1-10 REGION = 3. ; causes program to perform calcu-
lations in REGION 3 of the inlet.
Cards 11. 3-18. 3 that follow are for
REGION 3.

Card 11.3 1-10 PARTS = number of PARTS in REGION 3 of the
inlet. Cards 12. 3-18. 3 must be input
PARTS times.

Card 12.3 1-10 Rfan fan radius used to construct panel corner
points in REGION 3 of the inlet

Card 13.3 1-10 OD1 two defining stations for this inlet PART;
11-20 8D2 input in degrees, counterclockNise whenviewed from above

'Dl1 < OD2

Card 14.3 1-10 M number of Z coordinates to follow
on card sets 15. 3 and 16.3

1. <_ M <200.

Card Set 15.3 1-10 Z 1  coordinates defining the panel corner
11-20 Z 2  points along the inlet throat for the first
21-30 Z 3  defining station 0 D1; Input beginning at
31-40 Z4  Zref and proceedim downward to the wing

41-50 Z,5  lower surface Zb. There must be M
51-60 Z6  coordinates, six numbers per card.

Card Set 16.3 1-10 Z1 coordinates defining the panel corner
11-20 Z2  points along the throat for the second
21-30 Z3  defining station 0D2; input beginning at
31-40 Z4  Zref and proceeding downward to the wing
41-50 Z5  lower surface Zb. There must be M
51-60 Z6  coordinates, six numbers per card.
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Column Code Explanation

Card 17.3 1-10 N number of Op paneling stations to

follow on card set 18.3

1. S Np 5 20.

Cardp paneling stations in degrees, inputCardSet1 1-20 8p counterclockwise viewed from above.

21-30 0p There must be Np of these Op stations,
31-40 0 p4 six numbers per card.
41-50
51-60 0P6 9D1 < 0P !S 'D2

Card 10.4 1-10 REGION 4. ; causes program to perform calcu-
lations in REGION 4 of the inlet.
Cards 11.4-17.4 that follow are for
REGION 4.

Card 11.4 1-10 PARTS number of PARTS in REGION 4 of the inlet.
Cards 12.4-17.4 must be input PARTS
times.

Card 12.4 1-10 0D1 two defining stations for this inlet PART;
11-20 iD2 Input in degrees, counterclockwise when

viewed from above

0 D1 < 9D2

Card 13.4 1-10 M number of R coordinates to follow on
card sets 14.4 and 15.4

1. < M <_ 200.

Card Set 14.4 1-10 R1  radius values defining the panel corner
11-20 R2  points on the lower surface for the first
21-30 R3  defining station 8D1; input beginning at
31-40 R4  tie edge of the fan exit and proceeding
41-50 R5  outward. There must be M values, six
61-60 R6  numbers per card.

Card Set 15.4 1-10 R1  radius values defining the panel corner
11-20 R2  points on the lower surface for the second
21-30 R3  defining station 0D2; input beginning at the
31-40 R4  edge of the fan exit and proceeding outward.
41-50 R5  There mast be M values, six numbers per
51-60 R6 card.
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Column Code Explanation

Card 16.4 1-10 Np number of ep paneling stations to

follow on card set 17.4

1. < N p _ 20.

Card Set 17.4 1-10 Op paneling stations in degrees, input
11-20 0 P2 counterclockwise viewed from above.
21-30 Op3 There must be Np of these 0 p stations,
31-40 0p4 six numbers per card.
41-50 OP5
51-60 0P6 0DI S 0p ' 'D2

Card 10. 5 1-10 REGION = 5.; causes program to perform calcu-
lations in REGION 5 of the inlet.
Cards 11. 5-17. 5 that follow are for
REGION 5.

Card 11. 5 1-10 PARTS = number of PARTS in REGION 5 of the
inlet. Cards 12. 5-17. 5 must be input
PARTS times.

Card 12. 5 1-10 0D1 two defining stations for this inlet PART;
11-20 D2 input in degrees, counterclockwise when

D2 viewed from above.

< 0D2
Card 13. 5 1-10 M = number of (R, Z) pairs to follow on

card sets 14. 5 and 15. 5

1. S M S 200.

Card 14. 5 1-10 R1  coordinates defining the interior corner
11-20 Z, points for the first defining station 8 D1.
21-30 R2  There must be M of these (R, Z) pairs,
31-40 Z2  six numbers per card.

41-50 R351-60 Z3

Card -et 15.5 1-10 R1  coordinates defining the interior corner
11-20 Z1  points for the second defining station OD2.
21-30 R2  There must be M of these (R, Z) pairs,
31-40 Z2  six numbers per card.41-50 R3  -
51-60 Z3
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Column Code Explanation

Card 16. 5 1-10 Np= number of op paneling stations to follow
on card set 17.5

1. !S Np <_ 20.

Card Set 17. 5 1-10 0 op paneling stations in degrees, input
11-20 0 P2 counterclockwise viewed from above.
21-30 P2 There must be Np of these Op stations,
31-40 0 P4 six numbers per card.
41-50
51-60 8 P6 8D1 :< OP !- 0D2

Card 10. 6 1-10 REGION 6.; causec program to perform calcu-
lations in REGION 6 of subroutine
INLET, which produces wing surface
profi'es. Cards 11. 6-13.6 that follow
are for REGION 6.

Card 11. 6 1-10 M number of points to be computed on the
wing surface in each Op profile station.
These points are computed on both the
upper and lower enrface and are evenly
distributed between RMT T and RMAX.

11-20 RMIN minimum radius for which surface points
are computed. RMIN may be zero or a
negative number, as long as the magnitude
does not locate a point off the planform.

21-30 RMAX maximum radius for which surface points
are computed

Card 12. 6 1-10 Np = number of Op profile stations to follow

on card set 13. F

1. S Np <_ 20.

Card Set 13. 6 1-10 018 Op profile stations in degrees. There must
11-20 0 P2 be Np of these Op stations, six numbers
21-30 0 P 3  per card.
31-40 0.P4
41-50 0p5 0. < p < 360.
51-60 0 P6

Blank Card blank card used as the last card in the
INLET subroutine data deck, causing the
program to exit INLET and to return to
the main program
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TUBE input. -Flgure 49 displays the data card arrangement for subroutine

TUBE. The description of the card input to subroutine TUBE follows.

Column Code Explanation

Card 1 1-4 TUBE Control card-contains the word TUBE.

Card 2 1-10 xo  (xo, yo, zo) is a point on the fan axis and
11-20 yo (nxb, nyb, nzb) are the direction cosines of
21-30 zo  the fai axis directed upward.
31-40 nxb
41-50 nyb
51-60 nzb

Card 3 1-10 tx  direction cosines of the initial jet efflux
11-20 t direction
21-30 t

Card 4 1-10 U. /Vj ratio of free stream to jet velocity
11-20 a angle of attack, in degrees

21-30 0 angle of yaw, in degrees

31-40 Dfan fan exit diameter

Card 5 1-10 M = number of initial points on the wing lower
surface to follow on card set 6

1. A M !E 50.

Card Set 6 1-10 x1  coordinates of the ihitial points on the wing
11-20 yl lower surface to which the tube is attached;
21-30 z, input counterclockwise viewed from above31-40 x2  beginning at any convenient point. If a
41-50 y2  plane through the fan axis is used as a plane

51-60 Z2  of symmetry for the geometry and flow,
only half of the tube needs to be input;
otherwise, the entire tube must be input.
For the latter case, the first and last points
coincide. There must be M of these initial
points, six coordinates per card.

Card 7 1-10 N = number of arc lengths to follow on card
set 8

1. S N S 50.

106



99

107



Column Code Explanation
Card Set 8 1-10 s 1  arc lengths measured positive downstream

11-20 s2  along the jet core trajectory. These define
21-30 s 3  the vortex spacing down the tube.

31-40 s4
41-50 s5
51-60 s6

Card 9 1-10 NTR number of sk arc lengths over which the
tube geometry is to be adjusted to the
shape of the wing lower surface

11-20 6 small number (-1. << 6 << 1.) defining
the maximum deviation of the vortex
spacing on opposite sides of the tube axis
and controlling the rate at which cross
sections become perpendicular to the tube
axis, as shown in Figure 33

21-30 cbp small positive number (0.005-0.01)
controlling the distance of the boundary
point below the wing surface. ibp Is the
ratio of the distance from the wing surface
to the boundary point over the distance from
the wing surface to the first tow of vortices
on the tube, as shown in Figure 34.

When variable spacing is used for the quadrilateral vortices and boundary-point
locations on the tube, as described in Section 6.4, the TUBE subroutine is used
to generate the positions of the tube boundary points, as well as the vortices.
This is an optional feature of the potential-flow program; ordinarily it computes
the position of the boundary point for the quadrilateral vortices on the tube, but
this feature should not be used with variable tube spacing, The procedure for
generating the vortex boundary points with subroutine TUBE is:

First, a new sk table for the boundary-point locations is input to subroutine
TUBE. Second, a new array of (x, y, z)i initial points for input to subroutine
TUBE is prepared by averaging adjacent x, y, and z values of the original
initial points on the wing lower surface. Since for a tube there are M x N panel
corner points, there are (M- 1) x (N-1) boundary points. For the tube boundary-
point case, there is one less arc length and initial point than for the original
tube geometry.

The third step Js the card output procedure. A nonstandard print format is
used by punching (3F10. 5) in card columns 11-18 of the CARD control card
preceding the tube data cards. The boundary points are thus punched out three
per card rather than the normal six per card, and will be in the format required
by the potential-flow program.
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AXISYM input. -Figure 50 shows the data card arrangement for subroutine

AXISYM. The description of the card input to subroutine AXISYM follows.

Column Code Explanation

Card 1 1-6 AXISYM Control card-contains the word AXISYM-A.

Card 2 1-10 M = number of pairs of (r, z) coordinates
that follow on card set 3.

. MI 50.

11-20 N= 1. ; one (r, z) card set follcNs that is
used for all 0 stations input in card
set 5.

= N2 ; a separate (r,z) card set is input
for each 0 station, for a tctal of N2
(r,z) card sets.

NOTE: 1.0 and N2 are the only
permissible values of N1 .

Card Set 3 1-10 r L (r, z) coordinates defining the contour of
11-20 z' an axlsymmetric or pseudoaxisymmetric
21-30 r2  body in a radial cutting plane. There must
31-40 z2  be M of these pairs, six numbers per card.
41-50 r3  If N3 = 1.0, one (r,z) card set is input.
51-60 z3  If N1 = N2, N2 (r, z) card sets must be

input. This is the only permissible number
of (r, z) card sets.

Card 4 1-10 N2  - number of radial planes that follow on
cards 5

1. < N2 " 50.

Card Set 5 1-10 01 0 values of the radial planes that are used
11-20 02 to find panel corner points in these planes.
21-30 03 There must be N of these values, dix
31-40 04 numbers per cars.
41-50 05
51-60 06
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Column Code Explanation

Card 6 1-10 x0  coordinates of the origin of the (x2 , Y2 , z2)
11-20 Yo coordinate system with respect to the
21-30 zo  (x3, Y3, z3) coordinate system

Card 7 1-10 a11  direction cosines of A2 with respect to the
11-20 a12  (xl, Yl, Zl) coordinate system
21-30 a13

Card 8 1-10 a21  direction cosines of Y2 with respect to
11-20 a2 2  the (xl,Yl, Zl) coordinate system
21-30 a2 3

Card 9 1-10 a31  direction cosines of z2 with respect to the
11-20 a3 2  (xl, yl, zl) coordinate system
21-30 u33

Card 10 1-10 k1  distortion factors that multiply respec.vely
11-20 k2  the (x3 , Y3, z3) panel corner-point coordi-
21-30 k3  nates. The coordinates are distorted

after they have been transformed into
the (x3 , y3 , z3) coordinate system.

Card 11 1-10 Xp displacement factors that are added
11-20 yp respectively to the (xY 4 , z4) panel
21-30 zp corner-point coordinates that have beenpreviously distorted by (kl, k2 , k3 )

Card 12 1-10 OUTCODE = 0.; the network of panel corner-points
will be output with 0 varying first.

M 1. ; the network of panel corner points
will be output with (.r, z) varying first.

NOTE: It is important to determine

beforehand which OUTCODE
is desired, since this deter-
mines whether the coordinate
output defines a left-hand or a
right-hand network, as explained
on page 72.

Computer printout and timirg. -The sample cases in Appendix In show the

computer printout for the five geometry-program subroutines. The format is
similar for each subroutine. Titles (if used) and the date are printed in
various places on the output. Diagnostics are printed stating whether cards are
to be punched, which subroutine has control, and whether curve-fitting is
desired (for the WING subroutine). Other diagnostics appear describing
or interpreting tthe input for all the subroutines. The computer printout is
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intended to be self-explanatory, and the symbols are all nearly identical fo
those used for the card input formats (pages 83 to 111). The output for each
case consists of the (x, y, z) coordinates on the surface. Some of the inlet I
REGIONS also have the output in the (R, Z, 0) inlet coordinate system.

The lines of output to be expected for the geometry program are nearly always
less than 2,000. The five sample problems in Appendix 111 produced 1,200 iine ,
of output. The exact number of lines depends on the number of cases and the
size of each case, and is approximately six times the number of panels.

The central processor time for the geometry program on the CDC 6600
computer is a matter of seconds. The TUBE subroutine is by far the longest
running of the five geometry-program subroutines, taking from 10 to 30 seconds
for an average efflux tube. Only if a large number of cases are 3Zacked together
does the central processor time exceed 1 minute.
5.2 POTENTIAL-FLOW PROGRAM USAGE

This section describes the usage of the potential-flow program. The first part
provides background information and introduces the nomenclature used in the
preparation of input data. The second part is a detailed description of the card
input format, The third part describes the output.

5. 2. 1 Background Information

Reference coordinate system. -All geometric inputs must be in the x, y, z
reference coordinate system. They can be given in any convenient length
dimension. The location and the size of the configuration in this coordinate
system is arbitrary except when the symmetry option is used. The
angles of attack and yaw define the frxe-stream direction (see Figure 31) with
respect to the reference coordinate 'axea. For a = 0 °= the free-stream
velocity is directed along the positive x axle of the reference coordinate system.

Velocities. -All velocities used In the program are nondimensionalized with
respect to the free-stream velocity, except for the special case of zero free-
stream velocity. In particular, specified normal velocities appearing in the
boundary conditions must be nondimensional with respect to the free-stream
velocity. For the special case of zero free-stream velocity, the boundary
conditions must include nonzer,- sp-cifled velocities, or the solution will be
trivial. For this case all the veiocities should be considered as velocities
nondimensionalized with respect to a reference velocity UR (see page 32).
If necessary, the resultant velocity components can be made dimensional by
multiplying them by the free-stream velocity or reference velocity for the
respective cases.

Symmetric and unsymmetric flow. .- The potential-flow program handles tvu
types of flow: symmetric and unsyn-metric. For symmetric flow, the plh'ne of
symmetry is the x-z plane and inputs are required only for y a G. The angle of
yaw must be zero. With symmetry the singularity strengths are symmetric i
about the x-z plane, and the program ci, mbines the influence of the reflected
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side (y , 0) with the influence of the basic side. The obvious advantage of a
symmetric flow problem is that the number of singularities is only half of
those reqaired for an unsymmetric flow problem, for which the entire body must
be defined.

Simultaneous solutions. -The aerod.,namic section has the capability of
producing up to five aerodynamic solbtions simultaneously for a given geometric
configuration. Variations of a, 0, specific- inflow distributions, and the zero
free-stream condition can be run simultaneously with only slightly greater
computation time than required for a single case. This economy occurs bccuse
the influence co)efficient matrix, which depends only on the geometric configura-
tion, is only computed once.

While several solutions can thus be obtained for a single run, the u.ser must be
aware of the effect of further approximations in the theoretical model -'.t may
be introduced. For example, the placement of the multihorseshoe vortices for
a wake or efflux tube is assumed for a given direction of the free qtream
velocity aid inlet velocity ratio. Moderate variations of the free-streani direc-
tion and inlet velocity ratio with the wake and efflux tube positiko. fix>ea vdll
still yield useful solutions. However, large variations of these quantitie- may
result in a poor representation of the physical problem, that is, large
deviations of the wake and efflux tube from their real position in the flow. As
another example, flows with zero free-stream velocity should not be run
simultaneously with flows having a free stream, for the zero free-stream cases
do not have a trailing wake. However, It is advantageous to combine several
zero free-stream cases having different fan inflow velocity distributions.

Off-body points. -The velocity components and pressure coefficients can be
found at points off the body by specifying their location in the reference coordi-
nate system. The off-body velocity can be calculated e',eywhere except in the
immediate vicinity, within 10-5 units, of a source panel or vortex segment.
While the above limitations reflect the computer prograin's ability to compute
the velocity, there exist larger regions where the velocity will not be physically
correct. As explL.ned in Section 6, velocities calculat-d near source panel
edges or near concentrated vo-cices will be meaningless.

Source and quadrilateral vortex panels. -To describe a single sour'ce panel or
a quadrilateral vortex, it is necessary to input four corner points (xi, yi, zi
for I = 1, 2, 3, 4) in the reference coordinate system. The order of the points
is shown in Figure 51(a). The order of points is important; it controls the
direction of the unit normal vector compated by the program at the panel bound-
ary point and also dictates on which face of a source panel the boundary condition
is satisfied. The uit normal vector for this panel would be generated as
(23 x 14), where 23 designates the vector from corner (2) to corner (3). It
thus points upward when the corner points are ordered as shown. For source
panels, the boundary condition is imposed on the face containing the outward-
directed normal, so it is necessary that al' normals on a source-paneled surface
be dirocted outwL.'d.
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A group of panels or quadrilateral vortices can be described more conveniently
as a panel "etwork, defined by a rectangular atray of panel corner point.a. The
ordering of the point array is shown by the parenthetical numbers in Fl-gie 51(b).
These points are arranged in N columns, each containinz an eq.al number of
points, M. The size of the network is designated es M x N, the total number
of points. The total number of panels is (M-1) x (N-1). In the example of
Figure 51(b), M = 4, N = 5, the size of the network Is M x N = 20, and the
number of panels is (M-1) x (N-i) = 12.

DIRECTION OF POSITIVE
VORTICITY FOR
A QUADRILATERAL
VORTEX

(2) 1 (4) M= (4) (8) (12) (16) (20)

S (3 (7)  (11) (15) (1) INDIVIDUAL
CLt (18)iPANEL

2 (2) .(6) (10) (14) ,, (18)
(1) (3) E5I ( 43).. DIRECTION OF

EL POSITIVE VORTICITY
(1) (5) 1(9) 013) (17) FORAEXTERIOR VIEW OF PANEL QUADRILATERAL1 2 3 4 5=N VORTEX

(N COLUNS) NLPOINT COLUMN

DESIGNATION
(a) SINGLE PANEL (b) PANEL NETWORK

Figure 51. Source and Qupdrilateral Yortex Networks.

The terminology used to describe the position of a corner point or singularity
panel in a network is shown in Figure 52. Each is denoted in termF of its
position In a particular column. A singularity panel in Fl ure 52 bears the
same column designation and position in the column as its lower left corner
point. There is one less singularity panel column than pobit column, and oneless singularity per column than point per column. A net,,krk arranged on a

surface as shown is called a right-hand network because when viewed by an a
observer standing on the surface exterior and facing in the direction of Increas-
ing position in a column, the column number increases to the right. It is
necessary that all source panel networks be right-handed, so tbat the surface
normals constructed by the program will be directed outward. For consistency
it Is helpful but iwt necessary to input quadrilateral vortex networks in tb same
manner so that alh normais point outward from the surface. The direction of
positive vorticity ir a single quadrilateral vortex is shown in Figure 51(a).
Similarly, each quadrilateral vortex in the network of Figure 51(b) is positive
when directed clockwise.
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- 4
=C.

3J SINGULARITY IN THE 4th COLUMNiS- TI PNL Z'n 1A

1 2 3 4 5
Mo I

COLUMNS

Figure 52. Column Designations.

Multihorseshoe vortex. -The properties of a multihorseshoe vortex are defined
in Sections 3 and 6. A single multthorseshoe vortex singularity is Input by
specifying two columns of points in the reference coordinate system, the nunber
of points in a column (both columns must have the same number ef points), the
number of bound vortex segments MS, and the weighting Wj (I = !,... MS) of tie
bound vortex segments. The order of the points for inputing is shown in
parenthetical numbers in Figure 53(a). The bound vortex segments are formed
ky connecting the first MS points in both columns. The direction of positive

aorticlty for positive weighting is from point column one to point column two.

For a midtihorseshoe vortex with trailing legs, such as shown iz Figure 53(a),
there is no restriction on the choice of weights. The vortex strength of each
bound elemet will be equal to the singularity strength a multiplied by the
weight of the ,enmnd element. The vorticity of the trailing elements follows
from the con~n!,dy of vorticity requirement. It is often convenient to select
the weights such that I W1 = 1., so that the total circulation of the multihorse-
shoe will be equal to a. It Is essential that the points at the ends of the trailing
segment (points 7 anJ 14 in this example) be remote from the wing, since the
trailing legs represent vorticity extending to infinity.

The form of multihorseshoe -vortex used for the fan and tube internal systems
Is shown in Figure 53(b). The %umber of bound elements is equal to the number
of points in a column, and there are no trailing legs. To maintain continuity of
vorticity It is necessary that I Wi = o. if this requirement is not met, the
resulting solution will not satisfy Laplacn's equation. An example of the
weighting assigned to the multihorseshoe \ox.. in Figure 53(b) might b
W1 = -0.4, W2 = -0.3, W3 = -0. 3, W4 = +1. The vorticity on the fourth bound
element would then be directed opposite to the other three, with strength equal
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to the sum of the other bound vortices. As explained later, the weights applied
to the fan and tube internal systems usually are arranged in a similar manner.
The one bound element that is exterior to the wing (forming either the first
circumferential vortex in the fan face or the first segment of the efflux tube) is
assigned a weight of +1, and the sum of the other bound elements interior to the
wing must then be -1.

A group of multihorseshoe vortices with common sides are conveniently
described by a multihorseshne vortex network as shown in Figure 54. The
parenthetical numbers display the ordering of the input coordinates The
column concept of points is adapted here also, wit 1,1 4-noting the number of
columns and M the number of points in each colum. .i network is described
by the numbers M and N, the total nu-iber of points M x N, the number of bound
segments MS in a column, and tie weights Wi (I = 1,... MS). One seL of
weights may be applied throughout a network, or the weighting of each multi-
horseshoe may be assigned separately. The former option is generally used.
For the example in Figure 54, M = 5, N = 6, and MS = 3. The total number ofmultihorseshoes is N - 1 = 5.

POINT COLUMN DESIGNATIONS

1 2 3 4 5 N=6
1 (1) (6) (11) (5) (21) (26)

X
0

(2) (7) (12) (17) (22) (27)
0 Z

(3) (8) (13) (18) (23) (28)

)(9) (14) (19) (24) (29)

M= ()100) (151 (20) " \(25) (30)

Figure 54. Multihorseshoe Vortex Network Designations.
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Boundary-point conditions. -The location (x, y, z) and the unit normal vector

(nx, ny, nz) of the boundary points are determined differently for each of the
dif5.rent singularities. For a source panel, the boundary point is fixed by the
program at the centroid of the plane panel, with the unit normal vector perpen-
dicular to the panel. The quadrilateral vortex boundary-point location and
normal can be computed by the program or input to the program. The com-
puted location of the boundary point is the average of the input points that
defines the quadrilateral vortex, and the unit normal vector is directed along
the vector product of the diagonals of the quadrilateral vortex. Boundary-point
conditions for the multihorseshoe vortex must be input to the program. The
various input options for a network are presented in Table I.

TABLE I. BOUNDARY-POINT CONDITIONS

Singular.,y Computed by Program Input to Program

S, urce x y z
Panel n

Quadrilateral x y z
Vortex nx ny nz

x y z
nx ny n.

nxnyn z  x y z

x y z nxnynz

Multihorseshoe
Vortex x y z

Ix ny nz

The program recognizes two types of boundary conditions at the boundary points.
The first boundary condition requires zero normal flow at a boundary point;
i. e. , the flow must be tangential to the surface. The second condition requires
a specified velocity component Us in the direction of the unit normal vector.
If unit normal vectors point outward from a surface, Us will be negative for
flow into a surface.

Forces and moments. -KThe forces and moment coefficients on both the
external wing surface and the lift fans can be calculated as an option in the
program. The necessary reference quantities to be input are the coordinates
of a point (Xr, yr, r) At the origin of the moment axes, the reference planform
area Sr, chord cr, and span br.
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Lift fsn barrier. -The assembly of sngu&1rity networks (multihorseshoe and
quad'iateral vortex) representing the fan face and associated internal systems
inside the wing and centerbody is termed the barrier assembly. In the frame-
work of the program, each barrier aasembly can be represented by up to seven
3ingularity networks. Each of these angularity networks must be identified in
the input as belonging to a barrier assembly.

All networks in the barrier assembly must be input in a specific manner if
-.orrect fan forces and velocities on the fan face are to be obtained. The point
columns of each network must be radially oriented, with the column designation
increasing counterclockwise when viewed from above. Each singularity network
must evolve completely around the fan axis, 360 degrees, except for a fan with
its axis in the plane of symmetry. For the latter case, each network evolves
half way around the fan axis. The point columns or radial elements of all sin-
gularity networks must line up with one another, and all must begin and end at
the same angular position, which is arbitrary. All network corner points not
interior to the wing or centerbody must lie in the plane of the fan face. In
addition, each network must be input in a manner such that the direction of
positive vorticity for each individual singularity (quadrilateral or multihorseshoe)
Is clockwise when viewed from above. Finally, the individual networks must be
assigned a sequence in the order of decreasing distance from the fan axis.

In practice, a barrier is usually represented by a combination of three networks:
two quadrilateral and one multihorseshoe. The location of a column of each
network with respect to the inlet and centerbody is shown in Figure 55(a). The
multihorseshoe network forms the internal lifting system associated with the
barrier (see Section 6.4) and extends to the ouirmost circumferential segment
on the barrier. The first quadrilateral network is located entirely on the
barrier. The second quadrilateral network extends from the innermost cir-
cumferentlal segment on the barrier to the center of the centerbody. Each
network extends entirely around the barrier, 360 degrees. The three networks
may be input in any order but must be assigned the following sequence (card 8,
page 142). (1) the r.ultihorseshoe, (2) quadrilateral 1, and (3) quadrilatersi 2.

The rules for input arrangement laid down above are satisfied when these three
networks are input in the following manner: The multihorseshoe network may
be input in either of the two ways specified in Figure 55(b) and (c). In either

case, the network point columns are radially oriented, with the column desig-
nation increasing counterclockwise as viewed from above. In both cases, the
weight of the segment on the barrier must be +1. A weight of zero is applied
to the point of intersection of the radial vortices with the inlet wall to allow a
bend in the vortices at this point. The remainder of the weights of the segments
internal to the wing must add up to -1. The number of internal bound elements
used is optional. The boundary points for this system are placed adjacent to
the source panels on the inlet wall. (See section 6.4.)

The first quadrilateral network on the barrier is input in the order shown in
Figure 55(d). The vortex spacing must follow the recommendations given in
Section 6.4. If uniform spacing is used radially, the automatic boundary-point
placement feature of the quadrilaterals can be used for the boundary-point
placement.
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Figure 55. Barrier Networks.i
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The second quadrilateral network is input as shown in Figure 55(e). The point
columns are radial, aa before, with the column designation increasing counter-
clockwise. The bound try-point coordinates for the second quadrilateral must
be input.

A systematic specification of the direction of the unit normal vectors at the
barrier boundary points should be followed so that the normal velocity is
properly directed. If all vectors are directed up, then the specified normal
velocity Us at the barrier boundary points must be negative for flow into the
fan. If all vectors are directed down into the fan, the specified normal flow
must be positive. Use of the automatic boundary-point placement feature with
the first quadrilateral network will produce upward-pointing unit vectors; their
direction may be reversed, if desired, by the program option. Some of the
above requirements are summarized in Table II.

TABLE II. SUMMARY OF BOUNDARY-POINT
PLACEMENT REQUIREMENTS

Boundary-
Vortex Network Point Unit Normal Unit Normal

Networks Size Location Up* Down**

Multihorseshoe M1 x N Input Input Input

Quadrilateral 1 M2 x N Computed Computed Input
(if uniform
radial spac-
ing is used)

Quadrilateral 2 2 x N Input Input Input

*Us will be negative for flow into the fan.

**Us will be positive for flow into the fan.

Additional input information must be furnished for the computation of
velocities on the barrier, barrier areas, and fan forces (see pages 34-37).
These input data consist of the direction cosines (nxb, n b nzb) of the fan
axis, directed upward, the coordinates (xb, Yb, zb) of t~e point of intersection
of the fan axis with the barrier plane, and a table of radii (ri) and angles (0j).
The average fan exit pressure coefficient CPe, the centerbody base pressure
Cp , the diameter of the centerbody base dc, the distance between the barrier
an the fan exit plane h, and the direction cosines (tx, t, t ) of the
vectored fan exit flow must also be specified (see Figure 7T'. e radii and
angles to be listed are shown in Figure 12. The radii table is composed of
the radial distances from the fan axis to the inlet wall, the singularity corner
points, and he centerbody wall. The table of angles Oj denotes the angular
position of the radial barrier vortices; 0 is referenced from a radial line in
the barrier, parallel to the x-z plane and directed aft from the fan axis. The
value of 0 is positive in the counterclockwise direction as viewed from above.
The program can accept a maximum of ten lift fans for any one configuration.
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Streamlines. -Streamlines can be calculated on source panels for any or all of

the five solutions that may be run simultaneously. A solution is identified by
its order in the input. The starting point for the backward tracking of a stream-
line is identified by specifying the streamline starting panel and a fractional
distance along one of the panel edges where the streamline tracing begins. The
initial panel is identified by means of panel column terminology (page 114),
specifying its position I in a source-panel column, the column number J, and
network k. The particular panel edge e is numbered 1, 2, 3, or 4 according
to its position in the network, as shown in Figure 56(a). The position of the
starting point along an edge is specified by giving its fractional distance alongthe edge, measured in the direction of clockwise travel around the panel

[Figure 56(b)).

INITIAL
PANEL FOR

PANEL EDGE DESIGNATION STREAMLINE
.TRACING STARTING POINT

SPECIFIED AS THE
RATIO d/de]

ithPOSITION 2 1

Le-j

(b) POSITION ALONG EDGE
zb

,,- ,,- .,
o 0 U

=

(a) PANEL EDGE DESIGNATION

Figure 56. Initial Streamline Data,
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The velocity derivative dVt/dst is obtained by finite difference from a velocity
calculated at a small offset distance from a source-panel boundary point. This
offset distance is formed from an input fraction times the maximum source-
panel diagonal of a configuration. Recommended values of the input fraction
are between 0. 01 and 0. 0001.

Checking inputs. -If meaningless results are to be avoided, It is imperative
that all geometry be input correctly. For large, complex configurations
involving many networks of different singularities, it is not uncommon for
errors to occur in the inputs, either through a mispunched data card, or by a
simple oversight, or perhaps because of lack of program experience. The
program has been designed to furnish aid in checking the inputs by means of
the following feature.

The program is divided into several sections, the first one dealing with
geometry. This section converts the input coordinate arrays and other infor-
mation into individual panel coordinates, generates boundary-point coordinates
and normals, and in general prepares all geometric informrtion for use by
later sections. The program can be set to run through the Geometric Section
only and then stop. It can do this extremely rapidly, the time required being
approximately 1 percent of the total-time required to solve the rroblem. The
output will list the input cards, the boundary-point coordinates and normals,
the panel corner points, the area and maximum diagonal of each panel, and
other descriptive information listed in Section 5.2. 3. Also printed out will be
the input for the Aerodynamic Section with the comment INVALED CONTROL
CARD. The user can scan these data, looking for irregularities. A mis-
punched coordinate will usually result in a panel whose area or maximum
diagonal Is very different from its neighbor's, and it is easily recognized. The
displacement distance D that a corner point is moved to produce a planar panel
is also printed out, and large values of D are a definite indication that something
Is wrong. All boundary-point normals should be scanned to ensure that they
point outward. A mistake in ordering the network corner points can easily
produce this type of error.

It Is strongly suggested that this check run and data scanning process be per-
formed before committing a lengthy run to the computer. Because the time
required for the check run is negligible, no data-saving featire has been

included. After the output has been scanned and errors corrected, the input
data must be resubmitted for running through the complete program.

5.2.2 Input Format

This section provides the instructions for assembling a data deck for the
potential-flow program. A sample problem is shown in Appendix III.

There are three types of inputs for the potential-flow program: numerical data,
title card, and control cards. The numerical data are punched in seven-field,
ten-digit format, and all numbers must have a decimal point. The title card will
accept any alphanumeric characters. The control cards are identified from the
first four columns of a card. The remainder of a control card may contain any
alphanumeric symbols but generally contains the words listed on the following page.
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The control cards within the data deck are used to:

1) mark the beginning and the end of two blocks of data

GEOMETRIC SECTION
END OF GEOMETRIC SECTION
AERODYNAMIC SECTION
END OF AERODYNAMIC SECTION

2) terminate the computer run after one or more cases

EXIT

3) identify the major divisions of data within the Geometric Section

SOURCE-PANEL GEOMETRY
QUADRILATERAL VORTEX GEOMETRY
MULTIHORSESHOE VORTEX GEOMETRY
OFF-BODY POINTS

If any division of the Geometric Section is not used for a case, the corresponding
control card should be omitted. The ordering of these four cards must be
maintained.

For submitting a check run through the Geometric Section only, remove the
END OF GEOMETRIC SECTION and the AERODYNAMIC SECTION control
cards from the data deck. This run will provide a listing of all the input cards
plus the output of the Geometric Section (see page 123).

To run multiple cases of either the conplete or the check type, stack the cases
consecutively as shown in Figure 57.

Program field length, timing, and output estimates. -The maximum fieldlength of the potential-flow program is 240, 000 octal words, which is reached

when the zero level or the main segment and the level segment containing the
streamline subroutines are loaded.

Program timing is divided into central processor timing and peripheral processor
timing. Central processor time is the time required to execute and control the
program, while peripheral processor time is the time needed to perform all
input/output functions required by the program. The central processor timing
is largely a function of the number of singularities needed to represent the
configuration, although the number of off-body points and the number of stream-
lines also affect the timing. Figure 58 shows an estimate of the central proces-
sor time. The peripheral processor time is generally three to eight times
longer than the central processor time, depending on how the computer is loaded
with other programs.
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Figure 57. Data Card Arrangement for Potential-Flow Program.

125



An eetimate for the printed output is given by

lines = 5 NSING + NOFF + 1.2 NSOL (NSING + NOFF) 4 110 NSL

where NSING = number of singularities
NOFF = number of off-body points
NPOL = number of solutions desired

NSL = number of streamlines

The maximum number of singularities that can be used depends on the storage
capacity of the particular facility. With two disk memory units, the maximum
number of singularities is approximately 1200.

The detailed data card input format for the Geometric Section (source-panel
geometry, quadrilateral vortex geometry, multihorseshoe vortex geometry,
off-body points) and Aerodynamic Section follows.
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NUMBER OF SINGULARITIES

Figure 58. Potential-Flow Program Centra' Processor Time Estimate.
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GEOMETRIC SECTION CARD INPUT

Figure 59 displays the data cards for the Geometric Section of the potential-
flow program. All Geometric Section data, except table and control cards,
are punched in seven-field, ten-digit format. All geometry is defined in the
reference coordinate system. A description of the card input to this section
follows:

Column Code Explanation

Card 1 1-4 GEOM Control card-columns 1-4 contain the
word GEOM.

Card 2 1-80 TITLE any desired title

Card 3 1-10 ICODE = 1.; symmetric flow
= 3.; unsymmotric flow

11-20 NSING = number of singularities used to
represent the potential-flow model

2. -< NSING 1 1200.

Source-panel geometry cards
(See page 129.)

Quadrilateral vortex geometry cards
I(See page 131.)

Multihorseshoe vortex geometry cards j
(See page 134.)

Off-body point cards
[(See page 138.)

Card 4 1-4 END Control card-columns 1-4 contain the
word ENDb, where b represents a blank.
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Source-panel geometry.- Figure 60 displays the data cards for the source-
panel geometry subdivision of the Geometric Section. These cards are omitted
if the potential-flow model does not require the source-panel singularity for its
representation.

Column Code Explanation

Card 1 1-4 SOUR Control card-columns 1-4 contain the
word SOUR.

Card 2 1-10 NET = number of source panel networks

1.1 NET 9 200.

Cards 3 through 5 are repeated for each source panel network.

Card 3 1-10 M = number of points per column

11-20 N = number of point columns in the network

2. 5 M 9 500., 2. 1 N 1500., and
4. S M x N S 2500. (See Figure 51.)

21-30 blank

31-40 OPTUS = 0.; all normal velocities are zero.

= 10.; normal velocities specified for
each simultaneous solution.

= 20. ; normal velocities specified once
and used for all simultaneous solutions.

Card Set 4 1-10 x. corner-point coordinates of the source-11-20 Yl panel network in the reference coordinate
21-30 z1  system. The (M x N) corner points are
31-40 x2  input sequentially, two per card. (See
41-50 Y2  Figure 51.)
51-60 z2

The next card set is omitted If OPTUS = 0. The card set consists of
[(M- . (N-1)) cards, one for each source panel in the network, arranged in
the o, der of increasing position in successive columns (Figure 52).
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Column Code Explanation

If OPTUS = 10., the format of the card set is:

Card Set 5 1-10 Us 1  specified normal velocities, one for each
11-20 Us 2  simultaneous solution. The first field
21-30 Us 3  (columns 1-10) contains the normal velocity
31-40 Us 4  for the first solution, etc. The number of
41-50 Us5 fields used equals the number of solutions

(maximum of five).

If '-0 TUS = 20., the format of the card set is:

Card Set 5 1-10 Us  specified normal velocity used for all
solutions.

LAST NETWORK

X1  Y1  I1  X2  Y2 Z2

JU

FIRST NETWORK

Figure 60. Data Card Arrangement for Source-Panel Geometry.
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Quadrilateral vortex geometry. -Figure 61 displays the data cards for the
quadrilateral vortex geometry subdivision of the Geometric Section. These
cards are omitted if the potential-flow model does not require the quadrilateral
vortex singularity for its representation.

Column Code Explanation

Card 1 1-4 QUAD Control card-columns 1-4 contain the
word QUAD.

4 Card 2 1-10 NET = number of quadrilateral vortex networks
1. ig NET 19 200,

Cards 3 through 6 are repeated for each quadrilateral vortex network.

Card 3 1-10 M = number of points per column

11-20 N = number of columns in the network

2._ M 1 500., 2. 1 N % 500., and
4. M x N _ 2500. (See Figure 51.)

21-30 OPTBP = 0.; boundary-point coordinates are
computed by the program.

= 10. ; boundary-point coordinates
(x, y, z) and unit normal vector com-
pon6nts (nx, ny, nz) are to be input for
all quadrilateral vortices of the network.

= 20.; only the boundary-point coordinates
(x,y, z) are to be input for all quadri-
lateral vortices of the network (unit
normals constructed by the program).

= 30.; only the boundary-point unit normal
vector components (nX, ny, nz) are to be
input for all quadrilateral vortices of
the network (boundary-point coordinates
computed by the program).

31-40 OPTUS = 0. ; all normal velocities are zero.

= 10. ; normal velocities specified for
each simultaneous solution.

= 20.; normal velocities specified once
and used for all simultaneous solutions.
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Column Code Explanation

Card Set 4 1-10 xI  corner-point coordinates of the quadri-
11-20 y1  lateral vortex network in the reference
21-30 z coordinate system. The corner points are
31-40 x2  input sequentially, two per card. (See
41-50 y2  Figure 51.)
51-60 z

The next card set is omitted if OPTBP = 0. The card set consists of
((M-1) x (N-1)] cards, one for each quadrilateral vortex in the network, ar-
ranged in the order of increasing position in successive 3olumns (Figure 52).

If OPTBP 10., the format of the card set is:

Card Set 5 1-10 x coordinates of the boundary point
11-20 y
21-30 z
31-40 nx unit normal vector components at the

41-50 n boundary point
51-60 ny

z
If OPTBP = 20., the format of the card set is:

Card Set 5 1-10 x coordinates of the boundary point
11-20 y
21-30 z

If OBTBP = 30., the format of the card set is:

Card Set 5 1-30 blank
31-40 nx  unit normal vector components at the
41-50 n boundary point
51-60 nZ

The next card set is omitted if OPTUS = 0. The card set consists of
[ (M-1) x (N-i)] cards, one for each quadrilateral vrtex in the network, ar-
ranged In the order of increasing position in successive columns (Figure 52).
If OPTUS = 10., the format of the card set is:

Card Set 6 1-10 Usl array of specified normal velocities, one
11-20 Us2  for each simultaneous solution. The first
21-30 2s3 field (columns 1-10) contains the normal
31-40 Us4  velocity for the first solution, etc. The
41-50 Us5 number of fields used equals the number

of solutions (maximum of five).

If OPTUS = 20., the format of the card set is:

Card Set 6 1-10 Us  specified normal velocity used for all
solutions
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Multihorseshoe vortex geometry. -Figure 62 displays the data cards for the
multihorseshoe vortex geometry subdivision of the Geometric Section. These
cards are omitted if the potential-flow model does not require the multihorse-
shoe vortex singularity for its representation. A maximum of 110 multihorse-
shoe vortex singulariti'4s may be used.

Column Code Explanation

Card 1 1-4 MULT Control card-columns 1-4 contain the
word MULT.

Card 2 1-10 NET = number of multihorseshoe vortex

networks

1. A NET A 100.

Cards 3 through 7 are repeated for each multihorseshoe vortex network.

Card 3 1-10 M = number of points per column

11-20 N = number of columns in the network

2. SM<50., 2.< N<100., and
4. AMxN < 2500.

21-30 MS = number of weighted segments per
multihorseshoe

0. S MS A 50. (See Figure 53.)

31-40 OPTWT = 1. ; array of weighting values are spec-
ified once, and these values apply to all
multihorseshoe vortices of the network.

= 10.; array of weighting values are
specified for egs-b multfhorseshoe
vortex of the network.

41-50 OPTBP = 10.; boundary-point coordinates
(x, y, z) and unit normal vector compo-
nents (nx, nv , nz) are to be input for all
multihorseghoe vortices of the network.
This option must be used.

51-60 OPTUS =,.; all normal velocities are zero.

= 10.; normal velocities specified for
each simultaneous solution.

= 20. ; normal velocities specified once and
used for all simultaneous solutions.
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Column Code Explanation

Card Set 4 1-10 x 1  corner-point coordinates of the multi-
11-20 y1  horseshoe vortex network in the reference
21-30 z1  coordinate system. (M x N) corner points
31-40 x2  are input sequentially, two per card (see
41-50 Y2 Figure 54).51-60 z 2

The next card set is for the specified weights.

If OPTWT =1., the format of the card set is:

Card Set 5 1-10 Wi weighting values for the bound multihorse-
11-20 W2  shoe vortex segments. MS values are
21-30 W input. These values apply to all multi-
31-40 W3 horseshoe vortices of the network.41-50 W 4

51-60 W5

61-70 W6

If OPTWT = 10., the format of the card set is:

Card Set 5 1-10 Wi weighting values for the bound horseshoe
11-20 W2  vortex segments. (N-i) card sets of MS
21-30 W3  weighting values are input, one card set
31-40 W4  for each multihorseshoe vortex.
41-50 W551-60 W661-70 W

The next card set consists of (N-i) cards, one for each multihorseshoe vortex
in the network.

Card Set 6 1-10 x coordinates of the boundary point
11-20 y
21-30 z

31-40 nx unit normal vector components at the
41-50 n boundary point
51-60 ny

The next card set is omitted if OPTUS = 0. The card set consists of (N-i) cards,

one for each multihorseshoe vortex in the network.

If OPTUS = 10., the format of the card set is:

Card Set 7 1-10 Us1 array of specified normal velocities, one
11-20 U s2  for each simultaneous solution. The first
21-30 U 3  field (columns 1-10) contains the normal
31-40 U- velocity for the first solution, etc. The
41-50 Us 4  number of fields used equals the number

of solutions (maximum of five).
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Column Code Explanation

If OPTUS =20., the format of the card set is:

Card Set 7 1-10 Us  specified normal velocity used for all
solutions

13
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Off-body point geometry, -Figure 63 displays the data cards for the off-body

points. These cards are omitted if the velocity at off-body pointR is not desired.

Column Code ExplanatLmR

Card 1 1-4 OFF Control card-column 1-4 contains the
word OFF- or the word OFFb, where b
represents a blank.

Card 2 1-10 NOFF = number of off-body points

0. <_. NOFF < 2500.

Card Set 3 1-10 x 1  coordinates of the off-body points. NOFF
11-20 y points are input, two per card.
21-30 z1
31-40 x2
41-50 y2
51-60 z2

. m, Y Zl x2 Y2 '2

Figure 63. Data Card Arrangement for Off-Body Points.
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AERODYNAMIC SECTION CARD INPUT

Figure 64 displays the data cards for the Aerodynamic Section of the potential-flow program.

All Aerodynamic Section data, except control cards, are punched in seven-
field, ten-digit format. All input aerodynamic geometry is defined in the
reference coordinate system. A description of the card input to this section
follows:

4I

Column Code Explanation

Card 1 1-4 AERO Control card-columns 1-4 contain the
word AERO.

Card 2 1-10 NRHS = number of simultaneous solutions
desired

1. ! NRHS<! 5.

11-20 FORCES force and moment option code

= 0.; no forces and moments are
calculated.

= 1.; all forces and moments are
calculated.

21-30 PLOT plotting optior code

= 0. ; no plotting desired.

= 1. ; plotting of Cp vs x/c over the
source-paneled model is desired (used
only if plotting facility is available).

31-40 NARRAY = number of lift fans in the model

0. !S NARRAY < 10.

41-50 NSL = number of streamlines desired

0. !. NSL S 50,

Card Set 3 consists of one card for each solution.

Card Set 3 1-10 a angle of attack in degrees

11-20 4 angle of yaw in degrees
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Figure 64. Data Card Arrangement for Aerodynamic Section.
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Column Code Explanation

Card Set 3 21-30 VZERO zero free-stream velocity option
(Continued)

0. ; option not exercised. The
dimensionless free-stream velocity has
a value of unity in a direction specified
by the angles of attack and yaw.

= 1. ; zero free-stream velocity condition.
The angles of attack and yaw have no
meaning.

The following card is omitted unless FORCES = 1. 0.

Card 4 1-10 xr 1
11-20 Yr moment reference coozdinates
21-30 Zr!
31-40 Sr reference planform area
41-50 Cr reference chord
51-60 br reference span

Cards 5 through 10 are repeated for each lift fan in the model. A maximum of
ten lift fans can be specified.

Card 5 1-10 NET = number of quadrilateral and multihorse-
Ishoe networks used to form the barrier

assembly

1. <_ NET <_ 7.

11-20 TYPE 1. ; half fan input. This occurs when
the center of the fan is in the plane of
symmetry (x-z) and the flow is
symmetrical.

= 2. ; complete fan input. This occurs
whenever the center of the fan is not in
the plane of symmetry (x-z) or when
the flow is unsymmetric.

21-30 Cpc assumed pressure coo:fficient at the
centerbody base

31-40 Cpe assumed pressure coefficient at the exit
I, plane

41-50 MR = number of radial points used at each 0
location to define the barrier areas

2. 1 MR 1 20.
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Column Code Explanation

Card 5 51-60 NTHETA = number of angles used to define the
(Continued) barrier areas

2. 5 NTHETA 1 50.

Card 6 1-10 xb coordinates of the barrier center
11-20 Yb
21-30 z b

31-40 nxb unit normal vector components along the
41-50 nyb fan axis, directed upward
51-60 nzb

Card 7 1-10 tx  unit vector components in the direction of
11-20 t the flow from the fan exit21-30 4 1

31-40 h average distance between the barrier and
the exit plane

41-50 dc diameter of the centerbody base

Card 8 1-10 NT1  sequential identity of the barrier singularity
11-20 NT2  networks used to form a barrier assembly.
21-30 NT 3 They must be ordered from the outside to
31-40 NT 3  to the inside of the barrier. The identi-
41-50 NT4  fication number applies to the order in
51-60 NT which a network is innut. A positive
61-70 NT6  number denotes a quadrilateral vortex

network, and a negative number denotes a
multihorseshoe vortex network. For
example, NT1 = -3. means that the third
multihorseshoe vortex network input is
used to represent the first network of the
barrier assembly. NET networks are
listed, beginning in the first field
(columns 1-10).

Card Set 9 1-10 r1  radial distances used to form barrier areas,11-20 r 2  in sequertial order (see Figure 12). There

21-30 r3  are MR of these.
31-40 r 4

41-50
51-60 r 661-70 r 7
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Column Code Explanation

Card Set 10 1-10 /t angles used to form barrier areas, in
11-20 02 sequential order (see Figure 12). There
21-30 03 are NTHETA angles.
31-40 64
41-50 05

51-60 0 5

61-70 07

Cards 11 and 12 are repeated for each streamline on the model.

Card 11 1-10 KSOL identifies the particular simultaneous
solution for which the streamline is desired,
based on the order of input of the simul-
taneous solutions

1. 9 KSOL 5 5.

11-20 i position in the panel column of the
streamline-starting panel

21-30 j panel column of the streamline-starting
panel

31-40 k source-panel network containing the
streamline-starting panel

41-50 1 maximum length of the streamline

51-60 d/de fractional distance of the streamline-
starting point along edge e

61-70 e identifies the streamline-starting edge of
the panel (Figure 56)

Card 12 1-10 C fraction of the maximum source panel
diagonal (tmax) used to form c-o, which
is the offset distance used in the calculation
of dVt/dst. If c = 0., the derivative will
not be calculated.

Card 13 1-4 END Control card-columns 1-4 contain the
word ENDb, where b represents a blank.
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5.2.3 Output

The output of the potential-flow program is divided into three major sections:
the program inputs, the Geometric Section, and the Aerodynamic Section.
Program inputs are listed In the exact form in which they were submitted.
This listing establishes a record of the run and is useful for pinpointing input
errors.

The Geometric Section gives the geometry of each singularity and the location
of the off-body points. Each singularity has an accumulative number defined
by the order of input, a number denoting its position in a column, a column
number, End a network number. These numbers aid the user in systematically
identifying singularities. If the boundary-point coordinates, normal vectors,
or specified normal velocities are input, they will be so labeled in the Geometry
Section. All the coordinates are listed in the reference coordinate system.

The source-panel geometry output lists the boundary-point coordinates
(x,y, z) and direction cosines of the unit normal vector (nx,ny, nz), the four
corner-point coordinates of each planar source panel (xi, yf, zi, i = 1, *•, 4),
and descriptive quantities useful for checking the geometry. The corner-point
printout is ordered in relation to the panel's position in the network, as shown
in Figure 65. The descriptive quantities are the maximum panel diagonal tmax,
the panel area, and the distance D that corner-point 1 of each panel (see
Figure 65) was moved from its input value to form a planar panel (D is positive
if the point was moved in the direction opposite the panel boundary-point
normal). All four corners are moved by the same amount, but adjacent corners
move in opposite directions. Smnmary data of some of the above quantities are
provided after each source-panel network and after the last source-panel
network.

The quadrilateral vortex geometry output lists the boundary-point coordinates
(x, y, z) and nornial vector (nx, ny, nz), the specified normal velocity component
at each boundary point, and the approximate area and corner points (xi, Yi,
zi, I = 1, ..., 4) of each quadrilateral vortex. These are ordered in the same
manner as the source panels. Summary data of some quantities are provided.

The multihorseshoe vortex geometry output lists the defining point coordinates
of these singulariti-,s and weighting of the bound segments (Wj, I = 1, ... MS),
the boundary-point coordinates (x, y, z) and normal vectors (nx, nv, nz), and the
specified normal velocity component at each boundary point. Th corner-point
coordinates for each individual multihorseshoe vortex in a network are listed
in the order shown in Figure 53.

The Aerodynamic Section printout is subdivided into three parts: flow properties
at boundary points and off-body points, forces and moments, and streamlines.
At all of the singularity boundary points, the following quantities are listed:
the components of velocity (Vx, Vv, Vz), the total velocity V, the pressure
coefficient Cp, the singularity strength a, and the resultant normal velocity
component Vrn. All the velocities are nondimensionalized with respect to the
free-stream velocity or to the reference velocity for a solution with no free
siream. For off-body points, the velocity components, the total velocity, and
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the pressure coefficient are output. For a barrier surface, the coordinates of
the midpoints of the circumferential vortex segments, the velocity components,
the total velocity, and the pressure coefficient computed at the midpoints of the
circumferential vortex segments are output (see Section 3.2). The individual
areas used in the barrier force calculations (see Figure 12) are also furnished.
These are all output in the order of decreasing distance to the fan axis and
counterclockwise around the fan.

The force and moment outputs are divided into three parts: forces and momerts
on the source panels, pressure and momentum effects on the fan control surface
and exit plane. and the total force and moment on the complete configuration.
The force and moment coefficients on the source panels are printed out as
individual suns over each column of panels. The sum of the products of the
singularity strengths times their panel areas is also printed out on a per-
column basis. Force and moment coefficients on the individual source panels
are not furnished. The sums of the force and moment coefficients, singularity
strengths, and panel areas for all source panels are printed out before the
following fan force coefficients are presented.
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The force and moment coefficients on the fan are resolved into the separate
contributions of pressure and momentum on the barrier and the fan exit plane.
The coefficients are printed out, together with the areas used in the integration,
on a per-column basis, one column forming a wedge-shaped portion of the fan.
The separate contributions are summed individually and printed out tkgether
with the force and moment on the centerbody base.

The total force and moment coefficients on the entire configuration are
furnished last, together with the moment reference axes, the reference wing
area, span, and chord.

The output for each streamline consists of the starttng panel identification
(accumulative number, position in a panel column I, column number J, and
network number k), the location of the midpoint of the streamline segment over
each panel (xs, ys, zs), the velocity components at the source-panel centroid
(Vx, Vy, Vz), length of the streamline segment across the panel ds, numbers
denoting (see Figure 56) the panel edges along which the streamline enters and
leaves (listed under the headings EE and EX), and the fractional distances along
these edges (listed under DDE and DDX). The next section of output consists
of the coordinates of the offset point at which the velocity is calculated (xbo,
Ybo, zbo) the velocity components at point bo, (Vxbo, Vyho, Vzbo), the scalar
product (bo . t, the derivative for the boundary layer calculat on (dVt/dst), and
the dist.nce s along the streamline from the starting point. The velocity cal-
culated at point bo does not contain the contribution of the normal velocity com-
ponent iLduced by the panel on which the point is located. However, the product
Vbo "1 is correct because the missing component is perpendicular to the vector
t' If the streamline is terminated near a stagnation region, some quantities
from the last streamline panel and the panel it could not enter are listed. The
information used by the boundary-layer program is the distance along a stream-
line s, the velocity at the boundary point (Vx, Vy ,Vz), and the derivative term
(dVt/dst). These quantities are discussed in Section 3.4.

5.3 BOUNDARY-LAYER PROGRAM USAGE

A description of the input and output formats of the boundary-layer program
is given in this section. The majority of the quantities in the data input are
obtained from the potential-flow program. Because of the system of panels
employed in the potential-flow analysis and because of the method of calculat-
ing the streamlines and parameters associated with the streamlines, it is
necessary to evaluate and perhaps to interpret the potential flow results befcre
they are used in the boundary-layer program. Such interpretation is discussed
in detail in Section 6.5. A sample case is shown in Appendix HI.

14
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BOUNDARY-LAYER PROGRAM CARD INPUT

The card input format is illustrated in Figure 66. All cards, except the title
card, are punched in a seven-field, ten-digit floating point format. A descrip-
tion of the input data follows.

Column Code Explanation

Card 1 1-72 TITLE any desired title

Card 2 1-10 A potential velocity derivative at stagnation,
or initial momentum thickness (see FLAG)

11-20 NX = number of points along the streamline
at which the velocity is specified; i. e.,
the number of cards in card set 3

21-30 RINF R.,, reference Reynolds number based on
the reference velocity

31-40 STEP = 0. ; the output is printed at each
integration step.

0. ; the output is printed at equally
spaced increments equal to STEP along
streamline.

41-50 SL total length of streamline

51-60 FLAG = 0.; initial value of momentum0.2905
thickness ARINF

# 0. ; initial momentum thickness = A.

The next NX cards specify the streamwise velocity and normal velocity
derivative along the streamline. Each card contains the values at one point on
the streamline. The points are ordered in sequence proceeding in the upstream
direction along a streamline.

Card Set 3 1-10 s distance from farthest downstream point
along the streamline

11-20 V potential-ilow velocity at the distance s
along the streamline

21-30 dVt/dst normal velocity derivative at s. The
derivative of the component of velocity
normal to the streamline along the surface
orthogonal trajectory.
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Figure 66. Data Card Arrangement for Boundary-Layer Program.

The output consists of the data as they appear on the input cards, followed by
columns of numbers. The column titles and explanation, from left to right,
are as follows:

Title Explanation

S streamline length, origin at the
upstream starting point

CF local skin friction coefficient

THETA momentum thickness

H shape factor

V potential-flow velocity at S

DV/DS derivative of V along streamline
at S

K1  divergence term
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6. APPLICATION

This section discusses the general nature of the numerical solutions obtained
and sets forth guidelines for the arrangement of singularities on various cc
figurations. Hopefully, it will impart some understanding of solution behavior
caused by the inherent approximations of source panels and vortex lattices.
Such an understanding is an invaluable a d in the interpretation of results and
influences the confidence that may be placed in a particular solution.

6.1 GENERAL CONSIDERATIONS

The potential-flow, boundary-value problem was formulated as an integral
equation involving singularity distributions on the wing and efflux-tube surfaces,
the wake, and the interior surfaces. The derivation of this integral equation
involved no approximations other than those inherent in the 'lvelopment of the
theoretical model and, if solved exactly, would produce the exact solution of the
prescribed boundary-value problem. In the numerical solution of this integral
equation, however, the singularity distributions were approximated in a number
of ways. Continuous surface source distributions were approximated by a finite
number of planar panels with constant source strength. Doublet distributions
were also replaced by vortex lattice arrangements equivalent to a distribution
of constant strength doublets arranged in a panel network. The name "quadri-
lateral vortex network" wa given to the type of vortex lattice used on the efflux
tube and fan face surfaces.

Another type of vortex lattice, called the "multihorseshoe" system, was used to
represent the internal vortices and the trailing vortex sheets. As the name
implies, this type of lattice is related to the well-known horseshoe vortex con-
cept of planar wing theory. The multihorseshoe network is composed of several
bound vortices of related strengthis together with trailing elements bent in an
arbitrary manner to best suit the problem.

The introduction of these singularity distribution approximations is necessary to
solve the problem, but it also introduces other considerations. It must be
decided how the source panels and vortices should be arranged on any particular
configuration and what boundary-condition points on the surface should be chosen.
It must be determined where on the surface and in the flow field the correct
answer is obtained and where the solution will be meaningless. Also, the
numerical results must be interpreted to give the most useful information.
Some guidelines are provided below on these subjects to aid in the most efficient
use of the program.

Consider first the representation of a smooth, continuous source distribution
on a surface by means of planar, constant-strength source panels. It is obvious
that the source-panel density required for adequate representation is propor-
tional to the rate of change of the source strength and to the surface curvature.
If the source strength varies rapidly over the surface, a large number of
constant-strength panels are needed, but if the source strength is nearly con-
stant, a much smaller number may suffice. When the source strength varies
rapidly only in a certain direction, then long, narrow panels are suitable, with
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the shorter edges parallel to the gradient of the source strength. Such is the
case near the wing leading edge, where panels are used whose spanwise
dimension is large compared with their chordwise dimension. If the surface
is highly curved, then narrow paniels must be used, both because large planar
panels would deviate grossly from the curved surface and because the source
strength changes rr.pidly on curved surfaces. No adverse effects have been
observed from va-ytng source panel sizes. The above criteria usually lead to
smoothly varyir6 panel size arrangements over the surface, and it is recom-
mended that ,;ch arrangements be adopted wherever possible.

By comparing a source-paneled surface with a smooth, continuous surface
source distribution (henceforth denoted as the "exact" representation, since
this is the one we are attempting to represent), one can learn something of the
nature of the approximations involved and their effect on the solution in various
parts of the field. First of all, the appximate solution can be meaningful only
if the average source density of the paneled and of the exact representations
turns out to be nearly identical. This desired relationship between the panel
strengths and the exact source density Is established as follows: Consider a
panel of arbitrary shape S. The exact source density on this panel can be
expanded in a Taylor series about some point p on S 9,3

r(S) = m(p) + Vm(p) r "+ higher order terms (90)

where 'r Is measured from p. The average source density on the panel is
approximately

m = 1ffm(S)dS - m(p)+ S Vm(p) .rdS (91)

S S

The degree of approximation involved in neglecting higher order terms is
dependent on the ratio of panel size to surface curvatt -e and on the smoothness I
of m(b) as compared with the panel size.

The last term in Equation (91) vanishes if point p is selected to be the panel
centroid. Consequently, the source density at the centroid is found to be equal
to the average over the panel. Accepting Equation (91) as an adequate approxi-
mation, one seeks to achieve a solution wherein the source-panel strengths are
equal to the exact source density at the panel cntroids.

The source strengths are controlled by Neumann boundary conditions. By
comparing the normal velocity components induced at the surface by the two
representations, it can be shown that the exact and paneled representations
having the desired source density relationship will produce the same normal
velocity component only at the panel centroids. If the panel size is small com-
parod with the radii of surface curvature, as supposed, the normal induced
velocity at any point on the surface is influenced almost entirely by sources
remote from the point of interest and by the local source density at the point.
The remote sources of the two representations obviously produce the same
velocity, within the order of the stated approximations, everywhere on a panel.
However, since the constant source strength on a panel is equal to the exact

150



source density only at the centroid, the contributions to the normal velocity
from the local source densities will be equal only at the centroid. Hence, only
at the panel centroids can boundary conditions be applied. Conversely, a
numerical solution obtained with source panels satisfying boundary conditions
at panel centroids can be expected to produce source strengths within the
accuracy of the approximations inherent in Equation (91).

The tangential velocity on the surface determines the surface pressure distri-
bution, forces, and moments. By the same reasoning as above, it is again
evident that the influence of remote singularities on the tangential component
will be correct. However, those in the near field do not produce the same
tangential velocity at a boundary point as an exact surface source distribution.
This is easy to see, since the local gradients of source density on the surface,
which do influence the local tangential velocity, are different for the paneled
and exact representations. The error can be estimated by comparing the
induced velocities from these two representations as follows: Consider a series
of source panels of strength m i, as shown in Figure 67. The local flow can be
considered two-dimensional without loss of generality. Let the source panels

4 SOURCE STRENGTH OFPANELED REPRESENTATION

SOURCE DISTRIBUTION U

T m-DISTANCE

STE2 TALONG THE

, SURFACE S

SOURCE BOUNDARY POINT
PANEL

Figure 67. Comparison of Source-Panel and Continuous
Source Representations.
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be of equal width. The strength of the continuous source distribution caa be
represented in the neighborhood of the ith boundary point by a Taylor series
with the coefficients obtained by finite difference as

m i-1 + m i+1  mi+1 - in 1

M()=- 2 + 2 (M/

+ i-2 - i-1  1+2- 11in (12+ _ _ (92) 

The error in the tangential velocity component at boundary point i due to the
differing source representations over a distance 2d from the boundary point
is then

3d _d
2d 2 2 m

Ueact "panel - f - f---dsf m ds (
-2d -2d 3d

Ad 2

S -ds+ f -+2 ds

d d
2 SI I,

= - 0.901 (mi+1 - mi 1 ) + 0.288 (mi+2 - m 1 -2 )

(93)

Because the discrepancy is proportional to the difference in source strength of
adjacent panels, it can be minimized by using small source panels in regions of
rapidly varying source strengths and by arranging the internal vortices to
reduce the source gradients on the wing surface. The magnitude of the dis-
crepancy was calculated for several typical source-paneled airfoils, and was
found to be inconsequential when the internal vortices were properly arranged.
It can, however, appear as local bumps in the surface pressure distribution
where strong concentrated vortices lie close to a source-paneled surface, which
is an undesirable arrangement that causes rapid changes in the surface source-
panel trengths. (The bump appearing in the pressure distribution in Figure 73
at x/c = 0.8 was caused by this effect.)

Equation (93), viewed as a small correction factor, was not included in the com-
puter program because its effect, for the type of source and vortex arrangements
usually used, is very small. It should also be noted that tangential velocities
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calculated on the surface other than at the boundary point will be increasingly
erroneous as the panel edge is approached, where the tangential velocity
becomes infinite.

The velocity derivatives on a panel, even at the panel boundary point, are not
the same as for the real flow over the smooth surface being represented. It is
easy to see that the velocity derivatives of higher order must be incorrect when
the solution near the surface is considered. The present method produces a
velocity field near the surface that is "bumpy," with local regions of high
velocity along the panel edges. However, the solution outside the surface is
analytic, and can be expressed as a Taylor series about any point. Flow irreg-
ularities near panel edges must appear in the coefficients of the higher order
terms in the series, which are the velocity derivatives at the point. The order
at which difficulties appear in these derivatives is a function of distance from
the paneled surface. Errors in the derivatives occur only in the increasingly
higher order terms as the point under consideration moves away from the
surface. Fai from the surface, the first several velocity derivatives in the
series will be quite satisfactory. However, near the surface even the first
velocity derivatives are inaccurate.

Figure 68 shows the first derivative of the normal velocity component near a
sphere as a function of radial distance. The derivatives were calculated by

3.0[ 3,0 * Uoo

EXSOURCE PANEL
8X 100 PANEL, 0 = 25'

12" X 15° PANEL, 0 = 22.50
2.0

66- 1 8

1.0.

L

0 1.0 1.1 1.2

Figure 68. Variation of Normal Velocity Derivative With Distance
From Sphere Surface.
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finite difference from velocities obtained along a radial line passing through a
source-panel boundary point. Results were obtained for two different source-
panel sizes, and for both of these the normal derivative at the surface of the
sphere (r = 1) is approximately one-half of the exact value. The inner points
lie within a unit radius because the source-panel boundary point lies inside of
the unit radius sphere due to the planar panel approximation. For both panel
sizes, the first derivative reaches the exact value at a distance from the
surface nearly equal to half the maximum width of the panel.

It is significant that the derivative on the surface does not improve as panel size
decreases. In fact, the second'derivative, which is the slope of these curves,
deteriorates considerably as panel size decreases. Thus the velocity derivatives
at the boundary points apparently do not approach the exact solution as the panel
size approaches zero.

Several aspects of the ;verall behavior of the numerical solution as a function
of panel size can perhaps be inferred from the meager evidence available. The
velocity distribution on the paneled surface can be likened to an oscillatory
function along the surface, with peaks at the panel edges whose amplitude and
wavelength decrease as panel size decreases. The velocity magnitude (amplitude)
approaches the desired value, but the higher order derivatives diverge as the
panel size approaches zero. A simple example of this type of behavior is the
sine wave:

y(x) = nsin(X)-Oasn- - O

= Cos T , which oscillates with increasing frequency as n -1- 0, but
whose magnitude at a given phase remains unchanged

0

dx2 = - sin E , which diverges asn--o0
x2 n 'n.

The distance from the surface over which erroneous derivatives of a given order
occur decreases with decreasing panel size, so in this sense it appears likely
that the solution at any point a fixed distance away from the surface will approach
the exact solution as the panel size diminishes to zero.

The consequences of replacing a continuous doublet distribution with a vortex
lattice can also be examined. No fundamental approximation is involved in the
use of concentrated vortices inside of the wing (that is, the internal "multi-
horseshoe" system), because the surface source distribution always adjusts to
counteract the rapidly varying local velocity in the vicinity of internal vortices.
Hence, the placement of the internal vortices is not dictated by a spacing
requirement if the gradient of the normal velocity component induced at the
surface by the internal vortices is small compared to the width of the source
panels, However, the latter implies that the internal vortices should be
arranged to minimize large local disturbances at the wing surface.
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These considerations, together with extensive computational experience, have
led to the following general rules for the placement of internal vortices:

e They should be placed near the camber surface to keep them remote from
the outer source-paneled surface.

0 Several vortices should be used to reduce their individual strengths; their
strengths should be weighted along the chord to correspond approximately
to the chordwise loading.

* Vortices should be kept about equidistant from the nearest source-panel
boundary points, thus placing them nearly in line with source-panel edges.

The approximations inherent in the use of a vortex lattice to represent a con-
tinuous surface doublet distribution can be examined like surface source panels.
Again, the normal and tangential velocity components are treated separately.
It is sufficient to consider a nearly planar, two-dimensional surface of the type
sketched in Figure 69, where the concentrated vortices are evenly spaced a
distance d apart with boundary points midway between the vortices. A contin-
uous vorticity distribution 1(s) is introduced for comparison. The far-field
influence of the concentrated vortex representation will be correct if its average
vorticity density is the same as V1(s); that is,

s d

ri = fd Y(s)ds (94)

s i 2

. 'Y(S)

,th BOUNDARY POINT

DISTANCEr_ 2  r1+l ,+2 ALONG THE
;,, ,SURFACE S

-5d/ 2  -3d/2 4/2 d/2  3d /2 5d/2

Figure 69. Comparison of Lattice and Continuous Vorticity Representations.
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If the normal component of velocity at the boundary points, using this relation-
ship, turns out to be the same with the two representations, then imposition of
the boundary conditions will result in a set of ri's satisfying Equation (94).

The influence of the concentrated vortices adjacent to the ith boundary point is

w r r+ 1 d r i  (5

wr 42

The corresponding influence of the continuous distribution v(s) between -d and
d is obtained by expanding v(s) in a Taylor series with the coefficients deter-
mined by finite difference.

Y r(s) r i+1 + ri-i+ ri+1 - ri-22d + 2  s + 0(s 2) (96)
2d d2

The influence of Y(s) is then

d 2d d
d d+ s + rir _ ri-lds + O(s2)dswY 2r" 2d s "ds

-d -d -d

ri+1 - ri_1

7rd

Thus, the near-field influence of the two singularity distributions is identical at
the boundary point within the quadratir approximation for Y(s). Since the
influence of more distant portions of Y(s) is well represented by concentrated
vortices (as can be seen from a multipole expansion of the continuous vorticity
integral), the concentrated vorticity representation satisfying Neumann boundary
conditions at points midway between the vortices will yield values of r i closely
satisfying Equation (94). This in turn implies that a vortex lattice surface
representation will produce good results for the flow in the outer field far from
the lattice surface.

The tangential velocity component at a boundary point given by the two repre-
sentations i not the same. The concentrated vortices adjacent to a boundary
point produce no tangential component, while the continuous distribution induces
a tangential velocity component

u(s, ±o) = * 2 (98)

15
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At the ith boundary point this quantity, by finite difference, is

ri+1 + riU = 4d (99)

Thus, with the concentrated vortex representation, the tangential component at
a boundary point can be computed by adding Equation (99) to the velocity induced
by the concentrated vortices. The two signs apply to opposite sides of the
surface. An example of results obtained by this method is shown in Figure 70.
The agreement with the exact solution is extremely good. These basic ideas
are readily extended to three-dimensional flow over surfaces represented by a
vortex lattice. Reference 2 gives several examples of the use of a vortex
lattice to predict the flow properties about thin, nonplanar surfaces.
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ep C" 2CL I -(X/C)
2.0 EXACT THEORYCURE: Ap -f- X/C
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0 0.2 0.4 0.6 1.0

x

Figure 70. Flat Plate Vorticity Distribution.
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It is evident from the preceding discussion that care must be taken in arranging
the lattices. Improper spacing of the vortices or positioning of the boundary
points can severely comproia.se the lattice concept. Much experience has led to
the general rules for lattice spacing outlined below, which, if followed, will
produce reliable results.

The two sets of lattice lines (that is, the longitudinal and lateral concentrated
vortices) have independent spacing. Long, narrow lattice elements may be
used. As with source panels, the lattice spacing must be kept small in the
direction of rapidly changing surface curvature or velocity. The longitudinal
and lateral lines need not be perpendicular but may be inclined arbitrarily.

A lattice of uniformly spaced lines, with the boundary points located midway

between the lattice lines, will always give good results. However, in many
cases uniformity in spacing cannot be accurately maintained because of geo-
metric constraints. It is usually permissible to deviate from the uniform

spacing requirement, as long as the deviation is small compared to the dimen-
sions of the lattice elements. This often occurs, for example, with the trailing
vortices. The location of flap junctures, wing source paneling, etc., dictates

the spanwise spacing of the trailing vortices and can cause the distance between
adjacent vortices to vary. When such irregularities occur in a lattice, it is
best to maintain the boundary points midway between the lattice lines.

It is also frequently desirable to increase the lattice density in regions of
rapidly varying flow velocity or in regions adjacent to source-paneled surfaces.
Experience has shown that this can be done by gradually changing the lattice
spacing from vortex to vortex, either laterally or longitudinally. The coordi-
nates s i of successive vortices can be easily computed from a smooth functional
relationship, such as si = C1 + C2 cos(iA0 + C3), (i = 1, 2, --- ), where C1,
C2, C3 , and AO are constants. The particular function used seems unimportant,
as long as it produces a smooth, regular variation. It is of utmost importance,
however, that the boundary points can no longer be located midway between
successive vortices; instead, they must be spaced relative to the vortices
according to the same functional relationship used for the vortex spacing. Thus,
if the vortices are spaced according to the above relation, the positions of the
boundary points must obey the expression Sibp = C1 + C2 cos (A0 + A0/2 + C3).

These restrictions on lattice spacing will ensure reliable results, but only in the
far field. Thus, the influence of a vortex lattice efflux tube on the flow about the
wing is correctly represented, since the wing is in the far field of the lattice,
but any attempt to compute the flow field near the lattice will be meaningless.
At the lattice boundary points, of course. the normal velocity component is
given correctly, and the correct tangential velocity component can also be
obtained with the addition of the local influence, as in Equation (99), from both
sets of lattice vortices.

A lattice surface is in many ways analogous to a wavy wall. A wavy wall and a
smooth wall are equally effective in controlling overall fluid motion. Far from
the wall, the effect of local surface waviness cannot be detected. However,
very near the wavy surface the local flow direction and velocity can be quite
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different. In general, velocities induced by a lattice at points a distance away
equal to the lattice spacing experience a small irregularity, but at greater
distances the effect of the lattice approximation is negligible.

6.2 NONLIFTING WINGS

Solutions for nonlifting wings are best obtained by the use of source panels on
the exterior surfaces. No other types of singularities are required. The
accuracy of the results depends on the number of source panels used. They
should be arranged according to the criteria set forth in Section 6. 1, which
requires the panel density to be greater in regions of large surface curvature
and rapidly varying source strength. A typical example of the chordwise panel
distribution on a two-dimensional airfoil is shown in Figure 71. Smaller panels
are used near the leading edge, where surface curvature and source strength
gradients are large. This two-dimensional result was obtained by using source
panels of very large span. It is compared with a solution obtained by the method
of Reference 11, which produces nearly exact results. Except for a small devia-
tion at the maximum velocity region near the leading edge, the two solutions are
almost identical. Increasing the source-panel density in this region would
probably eliminate this small difference.

-0.6 FT A K O EU TWIH5 O R EP N L

-0.4 -"EXACT" T O-DIMENSIONAL SOLUTION

-0.2

PRESSURE 0
COEFFICIENT, 0.1 0.2 03 0.4 0.5 0 7 1.0

Cp 0.2 \APANEL EDGES

0.4

0.6

0.8

Figure 71. Pressure Distributions on Nonlifting Airfoil.
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This same general chordwise paneling arrangement is maintained on three-
dimensional wings. A typical arrangement is shown in Figure 72(a). It is not
necessary to use panels of equal spanwise dimensions, as shown here, but this
practice is often the most convenient. The spanwise dimensions of the panels
can be quite large compared to their chordwise size, since the source strength
gradient in #he spanwise direction is usually quite small. On tapered and swept
wings, the spanwise panel edges are often most conveniently placed along con-
stant percent chord lines. The chordwise edges are maintained in the stream-
wise direction. The geometry program has been written to facilitate the
preparation of input data for these types of paneling arrangements.

Wingtips may be paneled in many ways, but it is unnecessary to represent
accurately a tip shape unless details of the flow at the tip are desired. Figure
72(a) shows a wingtip, cut off flat and paneled rather crudely. Experience has
shown that even this paneling is unnecessary for streamwise tips; it may be
omitted without any apparent effect on the solution elsewhere on the wing. It is
usually desirable for reasons of economy to leave the tips unpaneled unless
details of the flow in the tip region are desired.

Surface pressure distributions at several spanwise stations on this wing are

shown in Figure 72(b). The data points shown are at the source-panel boundary
points. This wing has the same airfoil section as that shown in Figure 71, and
the pressure distribution at the most inboard station is very close to the two-
dimensional result. The change in surface pressures toward the tip is qualita-
tively the same as that predicted by linear theory, with a decrease in the
pressure level and a forward movement of the center of pressure.

The present computer program can also be used to predict nonlifting flow over
bodies of arbitrary shape. Such use would involve hand preparation of input data
consisting mainly of the spatial coordinates of the source-panel corner points.
Many examples and results for arbitrary bodies are given by Smith, Hess, and
others (References 3 and 12) of the Douglas Aircraft Company, who first applied
the source-panel technique to large, three-dimens'onal, nonlifting problems.

6.3 LIFTING WINGS

Lifting flows are calculated by adding to the surface source-panel representation
a system of ound and trailing vortices and incorporating the Kutta condition into
the boundary conditions. This "internal lifting system" is composed of a network
of multihorseshoe vortices containing both bound and trailing elements, as shown
in Figure 10. The total bound strength aj at each spanwise station is divided
among an arbitrary number MS of bound elements. A system of weights,
W i (i = 1, • • . MS), is assigned to the network to define the relative strengths
of bound elements. The vorticity on each segment of the network is completely
defined by the values of ai (i = 1, " • [N-li) and the assigned weights. This
system, placed inside the wing with the trailing vortices emanating from the
trailing edge, produces lift.
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Figure 72. Pressure Distributions on Nonlifting Wing.
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To attain maximum numerical accuracy, some care must be taken in placing
this system inside the wing. As discussed in Section 6. 1, the vortices should
be arranged and weighted to minimize the gradient in the normal velocity com-
ponent induced by them at the wing surface. This can be accomplished by
complying with the general rules set forth below, which are the result of
extensive operational experience.

The internal vortices should be placed near the mean camber surface to keep
them remote from the outer wing surface. The bound vorticity should be dis-
tributed among a number of bound elements. These elements are spaced rather
uniformly along the camber surface from near the leading edge to some distance
ahead of the trailing edge, where the airfoil becomes thin. It has been found
desirable to try to keep these bound elements equidistant from the nearest
source-panel boundary points. The main requirement in the choice of their
weights is to maintain a smooth variation in the vortex strengths. It is usually
desirable to decrease the weights slightly toward the leading edge, and to
decrease them more strongly near the trailing edge, where the airfoil becomes
thin. It is also helpful to weight the vortices to approximate the chordwise load
distribution on the airfoil, although this requirement is not absolute. Thus, the
vortices closer to the leading edge can be relatively stronger, corresponding to
the increased load carried by most airfoils near the leading edge. Similarly,
the internal vortices of flapped airfoils should be weighted heavily at the flap
hinge line to approximate the loading. The chordwise vortex elements should
be aligned with the edges of the surface source panels, except at wtngtips and
flap junctures, which will be discussed later.

A two-dimensional lifting solution for the airfoil pictured in Figure 71 is shown
in Figure 73. Seven bound vortices, all weighted equally and spaced uniformly
along the camber line between x/c = 0.2 and x/c = 0. 8, were used. The two
solutions shown, differing in the number of surface source panels used, compare
favorably with the nearly exact solution obtained by the method of Reference 11,
except near x/c = 0. 7 and 0. 8, the locations of the last two internal vortices.
The bumps in the surface pressures occurring in these regions are caused by
the close proximity of strong internal vortices to the surface. This solution
could be improved by following more -losely the recommendations outlined
above. The weights of the most rearward vortices should be reduced to corre-
spond with the load distribution. More vortices could be added near the front of
the airfoil, which would help to reduce the individual vortex strengths. Never-
theless, this solution demonstrates that useful results can be obtained without
careful attention to the internal vortex arrangement. The results can be
correctly interpreted with the realization that local bumps observed in the
surface pressure distribution near concentrated internal vortices are probably
caused by the presence of these vortices and will not occur in real flow.

A typical internal lifting system for a rectangular wing is shown in Figure 74(a).
The placement of the bound elements was the same as that for the previous two-
dimensional airfoil. Note that, except at the tip, the streamwise vortex elements
are aligned with source panel edges. Several different arrangements near the
wing tip were tried and one that offered the most reasonable solution was chosen.
The real lifting flow about a wingtip is complicated by viscous phenomena that
produce vortex shedding from the tip.
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Figure 73. Pressure Distributions on Lifting Airfoil.

This vortex shedding and detailed tip flow cannot be accurately predicted.
Hence, the approach was to find a representation that produced what appeared
to be the correct overall force and moments, and the surface pressures on the
remainder of the wing, without concern about detailed tip flow. The outboard
vortex should be inset somewhat from the tip, because it must represent
vorticity shed along some finite portion of the trailing edge inboard of the tip,
as well as at the tip. It was found that with the outboard vortex inset 10 percent
of the distance from the tip to the next inboard trailing vortex, a smooth span
loading was achieved that compared well with other lifting surface theories
[Figure 74(d)]. Lift, drag, and surface pressures shown in Figure 74(b), (c).
and (e) also appear reasonable. The difference in lift coefficient predicted by
the present method and by Falkner's lifting-surface theory, which is presumably
more accurate than lifting-line theory, is almost exactly the difference observed
in two-dimensional flow between this same airfoil and a flat plate. This
expected result points out the additional lift caused by the nonlinear influence of
thickness on lift, which is not given by linear thin-wing theory. The nonlinear
nature of the present lift curve can also be detected.

The induced drag agrees extremely well with lifting-line theory. The minute
error at zero lift is caused by the approximate nature of the surface pressure
integration. The surface pressure distributions also exhibit the general features
given by other theories and by experiment, with both the lifting and thickness
pressures decreasing toward the tip. As a final test, the solution was found to
be insensitive to the number of spanwise source panels and trailing vortices used,
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which indicated that in the limit of a large number of singularities, the results

which be essentially the same. Also, as in the nonlifting case, no appreciable

reomu dd that e s enseti ps be l ,eft unpaneled eueth ubro

difference could be detected when the tip Was le l therefore, It is
diffeence ould e dee tpelf unpaneled to reduce the number of

~recommended that strawe tise equied

singularities and the computation thme required.

Another example of an internal lifting system is shown in Figure 75. This is

typical of the arrangement used on tapered wings and has sufficient bound

elements to ensure smooth surface pressure distributions. The Ktta condition

is established by placing boundary points a short distance aft of the trailing edge

and requiring the velocity vector at these points to lie in the plane bysecting the

trailing edge. This condition becomes exact in the limit as the boundary point

approaches the trailing edge, but for numerical reasons these boundary points

must be placed a small distance aft of the trailing edge. Good results have been

achieved with the boundary points placed aft a distance approximately 5 percent

of the last source-panel chord on the airfoil. These boundary points must be

located midway between the triling-edge source-panel edges, unless a uniform

variation in spanwise panel and trailing vortex spacing is used. In that

the boundary points must be placed relative to the trailing vortices by a scheme

such as that given on page 158.

MODIFIED HtACA 65°210

AIRFOILAIROI INT-ERNAbL VORTICES

SOURCE'PAUIEL ED GE.S
ItN TE RNAL LIFTI

I 
SY ST E M

TRAILING VORTICES

Figure 75. Source-Panel and Internal Vortex Arrangemeut on

NASA Model Wing.
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The trailing vortices can be oriented at the discretion of the, user; they may be
segmented to follow almost any desired path. Experience has shown that, for
small angles of attack or flap deflections, the solution is insensitive to vertical
orientation between the free-stream direction and the local trailing-edge
bisector. For consistency, we have adopted the convention of orienting the
vortices straight back from the trailing edge at an angle one-third of the way
between the free-stream direction and the local trailing-edge bisector. For
large flap deflections (6 F k 600), it is better to turn the vortices near the trail-
ing edge to follow an assumed local flow direction.

A typical internal lifting system for a flapped wing is shown in Figure 76. It is
similar to that for a clean wing except that the streamwise flap edges are
treated as wingtips, with the trailing vortex set in from the edge a distance
equal to 10 percent of the distance to the adjacent vortex. The vortex inset is
normally made near the flap hinge as shown. The span loading and surface

MODIFIED NACA 65-2 'AIRFOIL
VORTICES ASPECT RATIO=3.5, FLAP DEFLECTION = 300

INTERNAL
.. I LIFTING

0i SYSTEM

' F0A0.1d SOURCE-
UN uRFLAP ._ FLAP PANEL

JUCUEJUNCTURE TRAILING VORTICES- EDGES

Figure 76. Source-Panel and Internal Vortex Arrangement on
NASA Model Wing With Deflected Flap.
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pressure distributioi., for this wing are given in Figures 77 and 78. The lift,
drag, pitching moments, and surface pressures are compared with experimental
data 'n Section 7. The solutions appear to be good and exhibit no unusual or
suspicious behavior. Un.:tn atwiy, a more accurate theoretical solution is not
available for comparisoL, nor do experimental da.4 seem to be available in
which boundafty-layer control is used to produce data comparable to those for
potential flow.

One possible criticism of the internal lifting system concerns the effect of the
chordwise internal vortices at the source-panel boundary points. When panels
are used whose spanwise dimensions are largor than the airfoil thickness,
review L', the general considerations concerving source panels and vortices
(Sectioi 6. 1) seems to indicate that the spanvose \.elocity component at the
source-panel boundary points is incorrect. This is most apparent, for example,
near the trailing edge, where a discontinuity in the spanwise velocity component

at 1 to the strength of the trailing vorticity must occur between the upper and
lower wing surfaceo. No such discontinuity appears in the numerical solution
at the Cutta condition boundary point or on the wing surface near the trailing
edge. Since the effects of spanwise flow on surface pressures are very small
and the discrepancy is pronounced only near the trailing edge where the wing is

ANGLE OF ATTACK=o 0

5 ASPECT RATIO = 3.5FLAP DEFLECTION -300

NORMALIZED
Cec i.0

LIFT, CI, 10

0.5

0 0.2 0.4 0.6 0.8 1.0

SEMISPAP. FRACT.-,N,/

Figure 77. Sianwise Loa Distribution on NASA Model Wing
With Delletted Flap.
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Figure 78. Theoretical Pressure Distributions on NASA Model
Wing With Deflected Flap.
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thin, this apparently introduces no serious complications. The discrepancy
could be reduced by the use of a greater number of panels in the spanwise
direction, but the solution improvement would be insignificant.

6.4 FAN-IN-WING CONFIGURATIONS

Fan-in-wing configurations are represented by source panels on the wing and
centerbody surface, vortex lattices on the efflux tube and fan control surface,
and trailing vortices. Several internal vortex arrangements are also used.
Figure 79 shows a simplified view of the external singularity distributions.

The singularity arrangements for this complex problem were developed on the
principles outlined in Section 6. 1. Experience gained from clean lifting wings
was utilized for much of the layout. Details such as the intersection of the fan
control surface with the inlet and the efflux tube intersection with the wing were
investigated by means of simple two-dimensional and axially symmetric models
for which the flow field could be predicted analytically.

The overall layout of both the upper and lower surface source paneling for a
fan-in-wing is divided into two distinct regions: one region surrounds the fan,
and the other consists of the remaining wing parts. This layout must be tailored
to the individual problem because of the variations encountered in wing planform,
fan placement, etc. One particular example is shown in Figure 80. In this case,
the boundary of the fan region was chosen to be compatible with the partial span
trailing-edge flap.

The detailed paneling shown in Figure 80 was developed on the basis of certain
guidelines that must be used in the development of paneling for any configuration.

These specific guidelines follow directly from the general criteria discussed in
Section 6. 1. Equal angular divisions should be used around the circumference
of the fan so that the lattice spacing on the efflux tube and fan face will be
regular. Sufficient panel density must be maintained to ensure a reasonably
accurate numerical representation. Fairly long, narrow panels may be used
around the inlet lip, since the source strength gradient is mainly in the radial
direction. Gross discontinuities in panel size should be avoided. The paneling
on the lower surface should correspond closely with that on the upper surface
so that the internal vortices can be aligned with panel edges on both surfaces.
The centerbody is paneled axisymmetrically with angular increments equal to
those used around the inlet. Outside the inlet region, the paneling must follow
the recommendations for an ordinary clean wing. The geometry program was
developed to have sufficient versatility for a wide choice of panel arrangements.

A cross section of the paneling through the fan centerline is also shown in
Figure 80. The important features are the intersection of the fan control sur-
face with the source panels, the efflux tube/lower wing surface intersection, and
the absence of source panels in interior regions. Simple test cases demonstrated
that good results are obtained when the fan surface intersects the inlet wall and
ccnterbody at the middle of the source panels. The efflux tube is normally
attached to the lower wing surface at the edge of the lower surface source panels.
The interior walls of the inlet downstream of the fan control surface may be left
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* Arbitrary planform, thickness, camber, inlet geometry, and fan inflow distribution

* Source panels on wing and centerbody surfaces

* Vortices on efflux tube and trailing sheet

* Internal and fan face vortices omitted to clarity

Figure 79. Simplified Singularity Distributions on Fan-in-Wing Configuration.
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Figure 80. Source-Panel Arrangement on NASA Fan-in-Wing Configuration.

172



open as well as the lower part of the centerbody, for they cannot affect the
exterior solution. It would certainly not be incorrect to panel these surfaces,
but this would only increase the computation time without improving the quality
of the solution.

A typical multihorseshoe internal system emerging from the trailing edge to
form the trailing vortex sheet is shown in Figure 81. For ordinary configura-
tions the arrangement inboard and outboard of the fan region should follow the
recommendatione for clean wings. The weights of the spanwise segments in
these regions are also chosen from the clean-wing criteria.

Aft of the fan the internal system is routed as shown. The vortex segments
should be generally aligned with source-panel edges. Several bound segments
are used to minimize the strengths of the individual vortices. They are weighted

*according to the general principles discussed in Section 6. 1, keeping the weights
small where the wing is thin and the variation smooth. The internal trailing
elements near the flap junctures and wingtip should be inset exactly as for
ordinary flapped wings. The placement of the boundary points aft of the trailing
edge for the Kutta condition is identical to an ordinary lifting wing.

The fan control surface can be represented in two different ways: One repre-
sentation is used when the inflow distribution is specified; the other representa-
tion, which has not been mentioned previously, produces a flow with a constant
jump in the velocity potential across the inlet surface, rather than a flow
satisfying Neumann boundary conditions. This latter representation is given
here as an alternative, since the program is able to produce solutions of this
type. However, the geometry definition and fan force calculations have not been
adapted to this representation.

A typical vortex arrangement for a fan control surface with specified normal
flow, together with the associated internal systems, is shown in Figure 82. It
must be positioned vertically to intersect the inlet and centerbody walls at the
middle of the surface source panels. The angular divisions around the fan,
which should be equal, must correspond to the inlet and centerbody source
paneling. The radial vortices on the fan face must intersect the inlet wall and
centerbody at the vertical source-panel edges.

The circumferential vortices on the fan face are normally equally spaced,
although variable spacing may be used by following the rules outlined in
Section 6. 1. For equal spacing, the distance from the Inlet wall to the nearest
circumferential vortex should be one-half of the distance between successive
vortices on the fan face, as shown in Figure 82. The arrangement adjacent to
the centerbody is similar. The boundary points adjacent to the inlet wall and
centerbody should be located away from the surface source panels by a small
fraction (a.,1 percent) of the distance between successive vortices on the fan face.
These boundary points will normally be very close to those at the centroids of
the surface source panels.
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Both multihorseshoe and quadrilateral vortex networks are used in a fan face
system. The vortices internal to the wing are the multihorseshoe type, having
bound elements directed circumferentially. This network extends to the outer-
most circumferential vortex on the fan face. The boundary points adjacent to
the Inlet wall belong to this multihorseshoe system. Quadrilateral vortices are
used on the remainder of the fan face and In the centerbody.

The internal vortex arrangement must follow previously stated principles.
Several bound elements should be used to keep the individual vortex strengths
low. They should be aligned with source-panel edges and placed on the camber

surface to keep them remote from the surface source panels. It has been found
acceptable to weight those in the middle of the array uniformly while reducingthe weights of the innermost segment (closest to the inlet wall) and the outermost i

segment by approximately one-half.

The other type of representation, having a constant potential jump across the fan
face, completely eliminates the fan face and associated internal vortices. These
are replaced by a single vortex ring around the efflux tube. Its position on the
tube is arbitrary but must coincide with the circumferential vortex segments of
the tube lattice. Such a ring vortex can be constructed as a weighted multihorse-
shoe network. The boundary point associated with the ring can be placed any-
where in the inlet or tube with specified velocity to control the amount of inlet
flow.

The resulting inlet flow resembles a "natural" flow into a long tube. The most
significant solutions with this scheme would be obtained with the inlet surfaces
completely paneled with sources. Although the centerbody base can be left open
or paneled, smoother Inflow velocity distributions will probably be obtained with
the centerbody base left open.

Fan force calculations are not provided lfy the program for this type of repre-
sentation. They can, however, be easily done by hand if an array of off-body
points is placed across the inlet to determine the inflow velocity field. The
basic momentum and pressure integrals across the fan can then be computed
by quadrature.

Some caution must be used in interpreting the results in the vicinity of the con-
ventional lattice type of fan control surface, because of inherent vortex lattice-
characteristics. The solution is meaningless within a lattice spacing away from
the fan face; consequently, results on the inlet wall can be correctly interpreted
only some distance away. Increasing the lattice density on the fan face diminishes
the area over which the solution is invalid. The tangential components oi
velocity furnished by the program at the fan face boundary points are also incor-
rect, but, as explained in Section 6. 1. they may be jrrected by including the
effect of the local vorticity density. The computer program does.compute valid
pressures and velocities a' the midpoints of the circumferential vortex segments
on the fan. These are the quantities to examine when Investigating the details
of the flow at the fan face.
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The program computc! total forces by integrating the pressure forces on all
exterior surfaces and then adding fan thrust, which is composed of the forces
acting on all components downstream of the fan face. This thrust represents
the forces on the fan rotor and stator blades. exit guide vanes, inlet and center-
body sidewalls, and cfnterbody base. Since these thru,3t forces cannot be
derived from a detailed flow field 2nalysis, they are computed from a momentum
analysis based on certain assumptions concerning the fan flow (see page 18).
The inlet flow is given as part of tho aerodynamic solution, but it depends upon
the assumed inflow distribution. 'he exit flow is obtained by assuming an
average exit static pressure, a flow direction (the thrust vector irection), and
constant stream-tube areas through the fan.

The separate momentum and pressure integrals at the fan face and exit plane,
based on these assumptions, are given by the program. This makes it conve-
nient to determine the influence of the various assumptions of the final result.
It also allows the fan thrust to be recomputed by hand using different approxi-
mations concerning the internal fan flow, if desired, or to be replaced by an
experimentally determined value. Unfortunately, most experimental measure-
ments of fan thrust are st-tic; hence, they do not represent forward flight
conditions. They also usually include suction forces on a bellmouth or inlet,
which in the present scheme are already in the integrated surface pressure
forces.

A typical internal vortex system associated with the efflux tube is shown in
Figure 83. It is composed of multihorseshoes in exactly the same manner as
the internal system connected with the fan face. However, this system emanates
from the wing at the source-panel corners on the lower wing surface of the fan
exit to form the first segment of the efflux tube. The boundary points for the
system are placed a small distance down from the edge of the fan exit, as shown.
Good results have been obtained with the boundary points approximately 5 percent
of the distance down to the first circumferential tube vortex. The distance of
this first vortex from the lower wing surface should be of the same order of
magnitude as the width of the wing source panels surrounding the fan exit.

It is important that the interior bound vortices coincide with those of the fan
system. Their weights should also be identical. The individual bound strengths
of both systems are large in magnitude, but of opposite sign. When properly
superimposed, the individual large vortex strengths tend to cancel and leave a
combined system that produces a minimum amount of flow irregularity at the
outer ving surface.

An efflux tube is composed of quadrilateral vortices. It attaches to the multi-
horseshoe system at the first segrent below the wing, as shown in Figure 84.
The vortices should be spaced c-enly a,-ound the tube, corresponding to the
source panel and internal system spacing around the fan. The longitudinal
spacing down the tube must follow the recommendations given in Section 6. 1.
It is usually advantageous to gradually increase the spacing down the tube, as
shown, in order to lessen the total number of vortices required. The location
of the boundary points on the tube must then also be chosen according to the
same relationship as the vortex spacing. The same spacing requirement applies
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to the first circumferential vortex below the wing, where the efflux tube joins
the multihorseshoe system, since it must be consistent with the rest of the tube
spacing.

No limit to the maximum longitudinal spacing on the tube has been found. From
fundamental considerations it might be expected to be lin,.ted to the same order
of magnitude as the tube diameter. However, simple axisymmetric tubes have
been tested successfully with the vortex and boundary-point spacing gradually
increased to a maximum lattice spacing equal to the tube diameter. The spacing
law used in these simple test cases, which is a convenient law for most efflux
tubes, was

Asi+1 = (1 + C) As i  (100)

where c = small constant

As = distance between a vortex and adjacent boundary point

The acceptability criterion for a simple axisymmetric tube is the resulting
average vorticity density. If the strength of each circumferential vortex ring,
divided by the distance between the boundary points on either side of the vortex
(which gives the average vorticity density at that point on the tube), is invariant
along the tube, then the repres~etation is correct (this assumes that the velocity
on the exterior surface is constant). The far-field influence will then be that of
a tube with impermeable walls. However, if the vortieity deasity changes down
the tube, then the far-field effect will be simi. - 0. e "leaky" tube with fluid
passing through the tube surface. The amo,'nt of !f,..4d flowing in the tube at any
section is directly proportional to the vortf:Uy demuity 9n the surface except
near the ends of the tube.

For reasons of economy, the efflux tube cannot. , ,Aiended to infinity, but must
be terminated some distance away from the wing. It can be shown that the
primary effect of tube termination on the flow near the wing is equivalent to a
point source located v.tt the end of the tube, with a strength equal to the exr.ess
volume of flow leaving the tube. The velocity error induced at the wing can be
estimated by assuming that the volume flow through the tube is equal to the
specified inlet velocity times the area of the inlet based on the total fan
diameter. This is ardinarily a good approximation when the centerbody base
and inlet sidewalls are not paneled with uource sheets. The resulting velocity
induced radially by the source is

Vr0- (0)
r 16 (r/Dfan)

where r = distance from the ene. of the efflux tube

Dfan= fan diameter
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The error is thus proportional to the inlet velocity ratio and dies off as the
square of the length of the tube. As a typical example, consider an efflux tube
terminated five fan diameters from the wing. The induced velocity at the wing
would be approximately Vr = 0.00251(Vj/U,.) - 11. With an inlet velocity ratio
of 5, this is 1 percent of the free-stream velocity. For normal tube trajectories.
this represents about 0.5 degree in induced angle of attack.

The efflux tube to compotied of a vortex lattice; consequently, velocities

calculated near the tube surface are meaningless. This is usually noticeable
on the lower wing surface close to the efflux tube. The tangential velocity
components on the surrounding source panels are not accurate, so the user
should expect some output velocities that do not flow smoothly around the tube.
Because the affected area is small (it can be made as small as desired by
increasing the density of the tube lattice), a negligible error is introduced into
the force calculations obtained from integrated wing surface pressures.

6.5 BOUNDARY-LAYER ANALYRS

This section describes the use of the boundary-layer program, includi the
modification of the data provided by the potential-flow program, and discusses
the physical interpretation of the boundary-layer solutions.

The boundary-layer analysis requires the potential-flow solution to provide the
velocity distribution along a surface streamline of the body over which the
boundary-layer growth is to be determined. The divergence of the streamlines
must also be provided in terms of potential-flow parameters along the
streamline.

Additional information required of the potential flow includes the total stream-
line length and certain properties of the flow at stagnation. This latter infor-
mation determines the initial values of the boundary-layer solution. Due to the
approximate nature of the potential-flow solution, some of the terms provided
by the solution for the boundary-layer analysis must be interpreted and modified.
A detailed description of the modifications is presented later in this section,
after the general procedure for preparing the boundary-layer program input data
is described.

The first step in the preparation of the data is to adjust the velocities along a
streamline in relation to the streamline path across the panels as determined
by the potential-flow program. The velocity on a streamline segment through
a given panel is taken as the velocity at the panel centroid, acting at the midpoint
of the streamline begment. If the midpoint of a streamline segment is near a
panel edge, the velocity should be modified by interpolating between the velocities
at the given panel centroid and the closest neighboring panel centroid. A linear
interpolation of velocity between panel centroids is usually adequate. (See
Figure 85.) Thus,

Vmodified Vgiven + 6L (102)
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Figure 85. Interpolation of Streamline Velocity.

where AV is the velocity difference b3tween centroids and AL is the distance
between tcentroids. The term 6L is the distance from the centroid of the panel
through which the streamline passes to the streamline, along the line of AL.

An initial set of data (s, V, a, and 1Vt/dst) is required at stagnation if the
boundary-layer calculation Is to begit, there. These data are not given directly
by the potential-flow program. For purpuses of boundary-layer calculations,
the dividing streamline between the flow over the upper and lower wing surfaces
is considered to be a stagnation line (see Section 2.3). The location of this
dividing streamline is determined by plotting the velocity vectors at the panel

ceniroids near the leading edge. Such diagrams are shown in Section 7. After
a curve representing the dividing streamline has been establ',shed, the distance
along the direction of the streamline over the wing from the termination point of

this streamline to the dividiag L. 'eamline is measured. This distance is then
added to the streamline leagth given by the potential-flow program to provide
the total streamline length SL. Next, !he velocity V at the dividing streamline
must be estimated. There is no definite rule for precisely determihing this
velocity, but it cannot be set equal to zero. If V = 0 occurs in the boundary-
layer program, a program stop due to overflow will occur.

Once a value of s (equal to SL) and a velocity cn the pseudostagnation H!ne
(dividing streamline) have been derived, the value of dV /ds, remains to be
defined. This is obtained as an extrapolation of the distribution of dVt/ds t alonir
the streamline to the stagnation poirt.
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The derivative dV/ds along the streamline at stagnation, equal to the parameter
a, is best obtained by calculating a second-order curve of the form

V=c s2 +c 2 s+c 3  (103)

through the stagnation point and the two points downstream of stagnation. The
derivative is then

dVac 2  (104)
stagnation

A second-order curve fit is used since this is the same procedvre used for
interpolation in the boundary-layer program.

The use of the reference Reynolds number Ro also requtres an a planation. In
this program, with the velocities nondimensionalized by th, free-stream or
reference velocity and with lengths retaining a length dimensic,, R, is the
Reynolds number per unit length based on the reference velocity Q1ed in the
potential-flow program. If all lengths are nondimensionalized by a referenc--.
length, Ro becomes the Reynolds number on the basis of reference velocity and
reference length.

The user is cautioned against a too literal interpretation of the boundary-layer
solutions. This analysis is more suitable for comparative studies than for
absolute boundary-layer evaluation. In addition, conventional interprctations
of the behavior of boundary-layer parameters iU two-dimensional flow should
not be freely used. For instance, large values of the shape factor H and dH/ds
do not necessarily indicate separation of three-dimensional boundary layers.
Neither does the disappearance of the streamwise friction coefficient Cf indicate
separation, as is usually assumed in two-dimensional flow. In this study, such
behavior of boundary-layer parameters probably indicates strong three-
dimensional effects, a condition that invalidates the simplified equations used
in the analysis.

The interpretation of bouidary-layer results must also be tempered by a con-
sideration of the divergence term K1 . This boundary layer analysis has been
developed to include the three-dimensional effect associated with streamline
divergence in the plane of the wing surface. In order to include this effect, the
derivative, normal to a given streamline of the normal component of the potential-
flow surface velocity, must be provided. In view of the nature of the numerical
potential-flow solution for the derivatives discussed in Section 6. 1, however, it
is difficult to obtain an accurate value for the desired derivative. To produce
an indication of the streamline divergence, the potential-flow program can com-
pute a value for this quantity at source-panel boundary points along a streamline.
However, this value, as discussed in Section 6. 1, is not correct fot flow over a
smooth surface, which is represented by the panel approximation. It is included
in the program because very limited e-cperience with a sphere and an axially
symmetric body has shownt that the predicted sign of the derivative correctly
indicates streamline convergence or divergence. The magnitude of the divergence
factors computed for the sphere and axially symmetric body was approximately
half the exact value. Another approach would be to use the method of isoclines,
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based on te~ocities computed at the source-panel boundary points. However,
this would require much finer paneling near the inlet than is necessary for good
definition of the velocity field, which in most cases would be impra;Acal. A
related scheme, namely tracing two adjacent strean!,ikes and computing their
divergence graphically, also would not work with current paneling arrangements,
becauee adjacent streamlines often cross the same panel and would thus be
locally parallel, due to the approximations inherent in the streamline calculations.

The sample case using the flow about the axisymmetric Rotta body (Referenee 1,)
permits comparison of boundary-layer solutions obtained with the exact and
calculated values of divergence K1. To illustrate the discrepancy between the
calculated values of the divergence Ki and the actual values, Figure 86 shows a
comparison between these terms for a variable-radius, axisymnetric Rotta
body. The correct K1 'is the value of - 1/r dr/ds for the body. The calculated
K1 is obtained by the method described in Section 3.2. Generally, ! 1 has the
same distribution as - 1/r dr/ds, and changes sign at about the same location
on the body. However, the magnitude of K1 is about half the magnitude of
- /r dr/da.

Figure 86 compares the calculated values of the boundary-layer parameters 0,
H, and Cf tsing - 1/r dr/ds, - 1/V dVt!&t, and zero for the value of K1.
The case of k 1 - 0 corresponds to a two-dimensional solution. With K, t
calculated from 1/V dt/dst, the values of 0, H, and Cf all lie approximately
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Figure 86. Comparison of Boundary-Layer Results From Various
Streamline Divergence Approximations. I
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halfway between the corresponding values obtained with the correct
K = -1/rdr/ds and the values with K1 = 0, the two-dimensional analysis.
The ratio of the momentum thickness with the calculated K1 to the momentum
thickness with the exact K1 varies from a maximum deviation of about 1. 5 near
the front of the body to a maximum variation of about 0.67 near s = 0.75. The
shape factor H obta;nPd with the calculated K1 is approximately 95 percent of
the value of H obtaiued using the exact value of K1 . Thus, the discrepancy in
the prediction of the displacement effect of the boundary layer on the potential
flow, represented by the quantity 6* = HO, follows the discrepancy of 0. On
the axisymmetric body, this program would predict a displacement thickness 6*
about 1.5 times too large near the nose of the b'-dy and about one-third too small
toward the rear of the body. The local skin fric ;oefficient Cf is within
95 percent of the value calculated with the correct K1 in the nose region of the
body and is a maximum of about 20 percent too large over the rear portion of
the body. The total friction drag coefficient of the body is proportional to the
integral with respect to the surface area of the product of the local friction
coefficient and the square of the local velocity ratio V/Uo. It is difficult toestimate the resulting error in total friction drag since heerror in Cf varies

from negative to positive along the body.

e1
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7. EXPERIMENTAL COMPARISON

The fan-in-wing model selected for a comparison of theory and experiment was
tested by NASA in the Ames 40-by-80-faot wind tunnel. It is described in NASA
TN D-1650 (Reference 14). A sketch of the model giving pertinent dimensions is
shown in Figure 87. The wing had an aspect ratio of 3.5, a taper ratio of 0.5, a
sweepback of 16 degrees at the quarter-chord line, and a modified 65-210 airfoil
section oriented parallel to the plane of symmetry. The wing upper surface was
tangent to the fuselage top at its maximum thickness point. The fan was too
thick for the tapered wing in the outboard region, so the wing thickness was
increased locally to 10.9 percent at 51 percent of the semispan to accommodate
the fan. A normal airfoil contour was regained at 57 percent of the semispan.
The fan assembly W otherwise completely enclosed by the wing except for the
centerbody, whicbprotruded above the wing upper surface. The inlet selected
for comparison with theory is shown in Figure 88. The test model had a fixed
circular inlet vane and five additional fixed spanwise vanes. None of these inlet
vanes were included in the theoretical model.

The configurations and test conditions selected for comparison purposes were

the following:

A. Clean wing, flaps up, a = -8, 0, 4, 10, 20 degrees.

B. Flapped wing with 30-aegree flap deflection, a = -8, 0, 4, 10, 20 degrees.

C. Fan-in-wing, 30-degree deflected flap, uavectored fan thrust, a = 0, 4, 10
degrees. An inflow velocity ratio of V /J, = 3.636 was used, which
corresponds to the data presented in Riference 14 for Uo = 40 knots with

a fan tip speed ratio of I = 0. 150. )Results were calculated with two
different assumed Inflow distributions. One was a uniform inflow distri-
bution and the other varied circumferentially as (1 - sine), where 0 is
measured in the fan plane from the positive x-axis. The latter inflow
distribution produced a maximum inflow on the inboard side of the fan and
zero inflow on the outboard side. This nonuniform inflow distribution
exhibits the general features observed experimentally, where the retreating
blades on the outboard side of the fan were stalled and there was little mass
flow through this region. The advancing inboard blades carried most of the
mass flew. (Note that this corresponded to the left-wing test conditions
only, because the model fans rotated in the same direction.) For the
second inflow distribution, only theoretical points for a = 0 and 4 degrees
were calculated.

D. Fan-in-wing, 30-degree deflected flap, thrust vectored 20 degrees,
a= -4, 0, 8 degrees. An inflow velocity ratio of Vj/Uo, = 1.667 was used,
corresponding to the data in Reference 14 for U, = 80 knots and p = 0.300.
Results were calculated with a uniform and a sinusoidally varying inflow
distribution and for an inflow distribution that is the average of these two
setemes.

The solutions obtained for configurations C and D are summarized in Table I.
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TABLE MI. FAN-IN-WING THEORETICAL SOLUTIONS

U. VINFLOW
Solution (deg) (deg) (kn)

1C 0 0 40 0.15 3.636

2C 4 3.636

3C 10 3.636

4C 0 3. 636 (1, -,A 91

5C 4 3o. 3 (I - sin 0)

1D -4 20 80 0.3 1. 667 (1 -- 1/2 sin 0)

2D 0 1. 667 (1 - 1/2 sin 0)

3D 8 1. 667 (1 - 1/2 stU G)

4D 0 1.667

5D A 0 1. 667 (1 .- sin P)

Configuration lift, ,4rag, and pitching mnv)ment results for the wing are shown
in Figure 89(a). These results were achieved with the surface source-panel
arrangement shown in Figure 75 using 384 surface source panels and 8 Internal
vortices. This is half the total number of panels, since the influence of the left
wing was computed by symmetry. Also shown in Figure 89.a) for comparison
are the experimental data, which include the effects of a fuselage. The lift
curves show excellent .reement. The small difference was attributed to viscous
and fuselage effects. The theoretical drag polar, which is very close to that for
an elliptically loaded wing, lies to the left of experiment, because parasite drag
was not included in the theoretical result. If an average parasite drag coefficient
of Cjp = 0.044 is included as a simple approximation, the theoretical polar
agrees very well with the experimental one. The pitching moment curves show
a greater variation between theory and experiment. This is mostly attributable
to the fuselage moment of the wind-tunne! model, bt, partly also to the profile
drag of the wing, since the point about which moments were taken lies some
distance below the wing.

Configuration B results for the flapped wing are shown in Figure 89(b). The
source-panel arrangement used on the theoretical model appears in Figure 76;
540 source panels and 11 internal vortices were used on half the wing for this
case. The theoretical lft curve is slightly above the experimental one. This,
however, was expected, since the effect of boundary-layer thickening or
separation on the upper surface of this plain flap would reduce the experimentally
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determined lift coefficient. The drag polars again differ by nearly a constant

increment in drag, which is somewhat larger than for the unflapped wing case.
Note that there is induced drag when the lift is zero, because the outboard wirF#
section carries negative lift while the flapped section carries positive lift.
This causes shed vorticity, which results in drag even when the total wing
lift is zero.

There is better agreement between the pitchiug moment curves for the flapped
wing, although this is probably fortuitous. Any separated boundary-layer flow
on the upper surface of the flap will alter the pitching moment considerably.

The theoretical surface pressure distributions are compared with experimental
results for the flapped wing configurations at a 0-degree angle of attack in
Figure 90. The symbols used for the upper and lower surface experimental
results do not correspond to actual pressure measurement locations, but are
points taken from a solid line curve. (The comparisons are for the five span-
wise stations shown in Figure 93.) Two distinct differences are noticeable
between the theoretical and experimental results at the three inboard stations.
First, the experimental pressures on the flap recover to a more negative value
than given by theory. This expected behavior Is typical of the effect of
boundary-layer thickening or separation on the flap. Second, the experimental
upper surface pressures are seen to exhibit an unusual Increase toward positive
values a short distance ahead of the flap hinge. This is undoubtedly caused by
the cover doors over the fan inlet, which deviated considerably from the airfoil
contour and were not represented theoretically. The potential flow results
agree fairly well with the experimental data for the two stations outboard of the
flapped section.

It should be mentioned that these theoretical results, for both the flapped and
unflapped configurations, were obtained with the assumed position of the trailing
vortex sheet held fixed with respect to the wing throughout the angle-of-attack
range. The position chosen is most correct for a angle of attack of 4 degrees.
At larger angles of attack the trailing sheet is directed downward at a greater
angle than would occur in real flow. Experience indicates that this simplifica-
tion has little effect on lift, but results in a slight decrease in drag at higher
angles of attack. Thus the theoretical induced drag values at high lift coefficients
should be slightly larger than those shown in the illustrations.

Configuration C surface source-panel and jet efflux tube arrangements are shown
in Figure 91(a) and (b). The number of singularities used for half of this config-
uration was 1093, comprising 679 source panels on the surface of the wing,
inlet, and centerbody; 60 quadrilateral vortices on the barrier in the fan plane;
315 quadrilateral vortices on the jet efflux tube; and 39 multihorseshoe vortices
for the lifting systems feeding into the fan barrier and efflux tube and trailing
from the wing trailing edge.

The theoretical lift, drag, and pitching moment results for configuration C are
compared in Figure 92 with the tail-off experimental data from Reference 14.
The contribution of the fan thrust is included in both the experimental and
theoretical results, which accounts for the much larger lift, drag, and moment
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Figure 91. Panel Arrangements for Fan-in-Wing Configurations C and D.
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coefficients than for the flapped wing data shown in Figure 89. The theoretical
lift and drag for the two inflow distributions bracket the experimental results,
but the predicted moment coefficients are both less than those measured. The
difference between the two theoretical lift curves is due primarily to thediffer~ence In the computed pressure increase across the fan, and to indicative
of the uncertainty caused by the lack of knowledge of the fan characteristics.

There couid be several explanations for the differences between theory and
experiment. For example, no wind-tunnel wall corrections or drag-tare cor-
rections were made to the experimental fan-in-wing results. Such corrections
can be quite large. Viscous and fuselage effects also could cause the differences.

These theoretical results were obtained with the assumed position of the jet
efflux tube held fixed with respect to the wing throughout the angle-of-attack
range. The position chosen was correct for ot = 0 degrees. At larger angles
of attac., the jet efflux tube was directed downward at a greater angle than
would occur for real flow. The influence of the erroneous tube location at
larger angles of attack on the lift and drag coefficients is believed to be small.
These observations also apply to the trailing lifting system, as explained before,
wlich was designed for a = 4 degrees.

The theoretical surface pressure distributions are compared with experimental
results for solution 1C in Figure 93. The symbols used for the upper and lower
surface experimental results do not correspond to actual pressure measurement
locations, but are points taken from a solid-line curve. The comparisons are
for the five spanwise stations shown. The shape of the theoretical pressure
curves in the region of the flap is typical of potential-flow solutions. However,
the flap pressures do not agree with the experimental results, which do not
close at the trailing edge and do not develop high peaks in the pressure distri-
bution at the flap knee. Boundary-layer thickening and separation on the flap
upper surface could account for much of this difference. The theory predicts a
low-speed region of positive Cp's on the lower surface behind the fan, while the
experimental results show negative Cp's. This may be due to viscous flow
entrainment on the lower wing surface, which causes the so-called "suck-down"
and is not included in the potential theory. The experimental negative Cp's
behind the fan exhaust are probably caused by such viscous entrainment.

Tb a minimum negative Cp for 17 = 0. 197 in Figure 93 occurs near x/c = 0.4
where air is drawn into the side of the fan on the upper surface and is acceler-
ating around the sides of the efflux tube on the lower surface. For 11 = 0.368,
the Cp reaches a peak as the flow accelerates around the leading edge, deceler-
ates, and then, as the flow approaches the inlet, accelerates again to a peak on
the inlet lip. The experimental pressure distribution, however, shows no
evidence that the flow reaccelerates on the inlet lip.

There is generally a difference in level between the experimental and
theoretical results, which is particularly noticeable at the outboard stations.
Little explanation is offered for this other than that wind-tunnel wall interference
effects, which are particularly pronounced with fan-in-wing configurations, may
be partly responsible. These differences could also be caused by deficiencies
in the theoretical model, or in the experimental procedure, or both.
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The theoretical and experimental pressure coefficients are compared in
Figure 94 for solution 4C, which has a nonuniform inflow distribution. The
pressure coefficiont levels on tihe upper surface, compared to solution IC, are
most affected for n = 0. 197 and n = 0. 540. Inboard of the fan (q = 0.197), the
pressure level is increased due to the increased inflow to the left side of the
fan. Outboard of the fan (n = 0.540), the pressure level is decreased because
of the reduced flow into the right side of the fan. As expected, the lower surface
pressure levels are relatively unaffected by the change in inflow distribution.
The pressure distributions at the two outboard stations are also relatively
unaffected.

The flow pattern on the upper surface near the inlet is shown in Figure 95(a) for
solution IC. The vectors show the local direction of the surface streamlines;
the corresponding numbers indicate the magnitude of the velocity ratio V/U,,.
A strong Inflow into the inlet is clearly evident, even on the downstream side.
On the front part of the inlet the flow accelerates to a velocity of approximately
V/U, = 7.25, whereas on the rear part the maximum surface velocity reaches
3. 60. A dividing streamline occurs between the rear of the inlet and the trail-
ing edge, with the flow ahead of this streamline turning into the inlet and the
flow behind going off the trailing edge.
The corresponding flow pattern on the lower wing surface Is shown in Figure 95(b).
The velocity Is much lower on this surface, with a dividing streamline appearing

a short distance aft of the leading edge. The flow, as expected, is directed
around the efflux tube mucii like two-dimensional potential flow around a cylinder.
The real flow pattern on the lower surface probably appears somewhat different
because of viscous entrainment. Some complete flow reversal behind the efflux
tube probably occurs instead of the near-stagnation potential-flow velocities.

The flow -attern on the upper surface for the nonuniform inflow solution 4C is
shown in Figure 96(a). A peak velocity of V/Un = 8.97 is reached on the front
left side of the inlet; on the rear right side, velocity reaches only 1.742. The
dividing streamline for flow going into the right side of the inlet is shifted closer
to the inlet lip. The velocity diagrams and the pressure coefficient curves both
indicate that most of the flow is drawn from the left into the fan for the non-
uniform inflow, whereas the flow is drawn from directly ahead into the fan for
the uniform inflow solution.

The flow pattern on the lower wing surface is shown in Figure 96(b) for the non-
uniform inflow solution. For che uniform case, the flow is directed around the
efflux tube much like a two-dimensional flow around a cylinder.

Configuration D surface source panel and jet effiux tube arrangements are shown
in Figure 91(a) and (c). The number of singularities used for half the configura-
tion was the same as for configuration C. The only geometry difference was the
efflux tube, which was designed for a vector angle of 20 degrees and an inflow
velocity ratio of V/j,, = 1.667. The aerodynamic operating conditions for
which solutions weee obtained are summarized in Table M.
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The theoretical lift, drag and pitching moment results for configuration D arecompared in Figure 92(b) with the tal-off experimental data. The lif obtained
with the three types of Inflow distribution again bracket the experimental data.

The theoretical. lift curve slope also shows good agreement. The effects of the
inflow produce significant differences in the drag polar, probably due to differing
fan inflow and exit momentum. Again, the predicted moments are less than the
experimental results. These theoretical results were obtained with the Jet
efflux tube positioned for a = 0 degrees and the trailing vortex system designed
for a = 4 degrees.

The theoretical surface presdure distributions at five spanwise stations arecompared ivith experimental results for solution 21D in Figure 97. These curves

show the same potential-flow characteristics as for the previous solution. The
pressure coefficient levels are of course reduced from configuration C because
of the reduced velocity ratio and mass flow. Note that for ii = 0.368, stagnation.
occurs on the upper surface much nearer the aft inlet lip than for configuratiam4.
The most aparent discrepancy between the theory and the experiment is agaln
in the region behind the efflux tube on the wing lower surface. Elsewhere there
is generally better agreement than in the previous example.

The flow pattern on the upper surface near the inlet for the half-sine inflow
solution 2D is shown in Figure 98(a). The peak velocity V/U.. = 4.33 is reached
on the front part of the Inlet; on the rear right side the inflow velocity reaches
only 0.69. Since a smaller velocity ratio is specified for configuration D, the
mass flow .nd her.-e the area of the entering streamtube are reduced from
confguralo r. The flow pattern diagram shows that the dividing streamline
has moved mu',Jh nearer the inlet. The corresponding flow pattern on the lower
wing surface is shown in Figure 98(b). The flow pattern again resembles that
for a two-dimensional flow around a cylinder.

Figure 99 shows the streamlines on the wing that go into the inlet. These
streamlines, computed by the potential-flow program, were traced backward
from starting points in the Inlet and were terminated when they reached a region
of dividing streamlnes. Those streamlines entering the front and sides of the
inlet terminate -t the stagnation line on the wing lower surface near the leading
edge. Those streamlines entering the rear of the inlet terminate in the near-
stagnation region behind the inlet.

The accuracy of a theory such as this cannot be determined absolutely because
of the absence of any oxact solutions for comparisons. However, in considera-
tion of the overall features of the flow and the experimental comparisons, it
appears that the praont theory produces the desired flow field within the limita-
tions of the theoreticia model.

The boundary-layer velocity distributions along Lw-, qtreamlines, A and B, shown
entering the inlet in Figure 99, are given in Figure 100t. The highest peak
velocity along both streamlines occurs on the fan inlet lip,

Figure 100(b) shows the distribution of the calculated diveigence K1. The
general trend of K1 appears to correspond to the streamline pattern across the
wing.
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The variation of the local friction coefficient, indicated in Figure 100(c), shows .
typical behavior. The initial rapid decrease in Cf is a Reynolds number effect,
accompanied by a large increase in both velocity and momentum thickness. The .
increase in Cf from s = 40 to s = 50 on streamline A, and from s = 20 to s = 24
on streamline B is a pressure gradient effect, the favorable gradient I 'IV/ds > 0)
at the fan inlet lip thinning the boundary layer and causing a greater shearing
stress at the wall.

The rapid initial decrease in the shape factor H [Figure 100(d)] for streamlin B
is probably caused by the large initial pressure gradient and by the selection of
H = 1. 5 as an initial value. The rise in H to a maximum at s = 7 is, undoubtedly,

due to the adverse pressure gradient between s = 3 and s = 7. Further down-
stream, H decreases moderately and then grows very rapidly on the downstream
side of the inlet lip. In a two-dimensional analysis, this rapid growth of H,
together with the rapid decrease in Cf and increasing momentum thickness
(Figure 100(e))], would indicate separation. As discusp~d previously, such
behavior in this analysis is indicative of at least strongly three-dimensional
flow phenomena.

Figure 100(e) shows the increase of momentum thickness across the wing under
the influence of a slightly favorable pressure gradient (dV/ds > 0) and converging
streamlines. The strongly favorable pressure gradient near the fan inlet causes
0 to decrease despite the increase in surface friction and the convergent nature
of the streamlines. Beyond the fan inlet lip, the momentum thickness and H
both increase rapidly as the boundary layer encounters a strong adverse pres-
sure gradient.

The user Is cautioned that the predicted behavior of the boundary-layer param-
eters at and immediately after the fan inlet lip are subject to question. The
geometry of the Wnet lip is a radical departure from the assumption of a planar
surface inhlerent in this analysis. The effect of centrifugal force normal to the
wing surface (that is, streamline curvature in the plane normal to the surface)
has not been included in the analysis, and in this region it is certainly of
appreciable size. The effect of this force on the boundary layer would be
disruptive rather than restorative and may lead to earlier boundary-layer
separation on the fan inlet lip.
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APPENDIX I
INFLUENCE COEFFICIENTS

This appendix presents the method of generating the velocities induced by the
three types of singularities used in the amnerical solution of the potential-flow
problem described in Section 3.1. The perturbation velocity at any point in tbo
field is obtained from integration over the various singularities on the body and
trailing system 1Equation (16)1.

Velocity induced by a planar quadrilateral source sheet. - Consider a planar,
quadrilateral source sheet of constant strength, wj shiwn in Figure 101. Define
a rectangular coordinate system (4, 71, C) with the panel lying in the 4, t) plane.
The origin is at the panel centroid, with the ;-axis parallel to a panel diagonal.
The coordinates of the four panel corner points are subscripted 1 -. 4 consecu-
tively arounct the panel. The velocity induced at an arbitrary point (t, , t) by
the source panel of constant strength is given by

u.4 4 V dS =Ca (105)
panel

where a- mI4U.

c =- dS= dS

panel pel

2 AXIS PARALLEL TO
2  PANEL DIAGONAL 1-3

(1J ENTROID SOURCE PANEL

I d4 4

Figure 101. Source-Panel Coordinate System.
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The integral for C is given in Reference 3. The resulting expressions for the
components of -" parallel to the t, , C axes, which are the velocity components
per unit singularity strength a induced by the source panel, are

____(,__) - (rl+r 2 -d + 3.. 21 _r2+r_._
= 12 -l r lr+- dl lOg 2+r3+cd2

+.4 " l3gr3 +r4d 3 + o? i")I-
**4 fr 4 +rl'd 4 \ 16+ -logog r + r(106)

C V rl + r2 -d+ d 2 (r2 + r3 -)

4- 3 r3 + r4 - d3 4 '14 (r 4 + r1- dI4\
(or3 +(r4 %/ 4l

C ogn 7't2 1 + .- 3 2r3 - 23 e - e(F4 + (107)

,33 \3 / 3)(1) 4 4)
C rQ tan l (a, e3-I - a e~b4

" tan-1 (a4 e 4  tan)
"- tan t an l( 4 l 'r

" ta- (a4 1/ 9N . 71j l-b

where d 1 [(12" _1)2 + ("12 111)21

d2  " - f2? + ('13- 
,2)2 1/2

4 [(t - t4)2 + ('111 - 4)21 1/2
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and 1  2 -1 a1 =

•2" 1 43- 2

a3-14" 3 a4 - _1-

and 1 j, 2 n2 +21/2
( _ k) , k=.1, 2, 3, 4

2 2ek + ( , k=1, 2, 3, 4

bk  (-k) (t- k)  ,k=1, 2, 3, 4

Various special forms of these equations are used, depending on the relative
position of the influence point with respect to the panel. When the C coordinate
is less than 10- 5 (the units being those of the input configuration), CC is set
equal to zero. This is the proper limit of Equation (108) as C-.-0 when ,q lie
outside of the panel. The normal velocity component at the pciel boundary point
is obtained by setting CC equal to 21, the limit of Equation (108) for t-.-0 when
4,i are within the panel.

To reduce computation time, simplified forms of Equations (106), (107), and (108)
are used when the distance of the influence point (4,,, C) from the panel is large
compared to the maximum diagonal of the panel. These are obtained by a
multipole expansion of the basic integral of Equation (105) about the panel
centroid. The details of this expansion and an error analysis for the forms given
below are presented in Reference 3. These simplified forms are

When 2.45< ro/t 4.0

C Vt (_,.',,_+)_-_4_nw__+ 11

(109)

C ( [A w. +11 w +1I w +1I w I
77 0 ?1,+j7 w tit 77 2 w ?)777

(110)
C VC Q, 17, t AC)+

1 2 2111

where ro= + +1 + r

t = largest diagonal of the panel
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and when rot > 4.0

= (i Q 0 = -Aw (112)

C = V ' n = -Aw (113)

c vr (e, 'i, )
C = _ = -Awt j114)

where, w4 = - r0 -3

w77 = -17+rO

-3

wul? = 3np ro-7

w., 32 q-ro -7

w o= 3j (3q + 10 71) ro-7

w = 3t p ro-7

wVI = -i5 r ro 7

w = 3 t q ro 
7

and p = 2+ r2_4 J2

q = + t2 4q2

A = ffd d - panel area

panel

I = fft 2 dt d'i = moment of inertia of the panel about the 1 axis

panel

I '1 ff It dj d'I = product of inertia

panel
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I, = JJ'2 dt d = moment of Inertia about the { axis

panel
Velocity induced by a quadrilateral vortex. -Consider a finite line vortex whose
length and direction are denoted by t, -- shown in Figure 102. Let the vorticity
be positive when directed along t. The velocity per unit vorticity induced at
any point x,y, z is given by the Biot-Savart law as

V (, Y, z _ f 2 ( sine s (Lx Rj)Sz)= RXL-5- (cos - cosa 2) (115)

:y

1

Figure 102. Finite Line Vortex.

A quadrilateral vortex is composed of four eqjual strength vortex segments, as
shown in Figure 103(a). The velocity induced by the quadrilateral is

4
1=1 (116)
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CIRCULATION,

(a) SINGLE QUADRILATERAL /,

(b) PORTION OF A QUADRILATERAL NETWORK

Figure 103. Quadrilateral Vortex.

where V denotes the velocity induced by the tth segment according to Equation
(115). A quadrilateral vortex network consists simply of individual quadrilaterals
adjacent to one another, with their common sides superImposed. The total
strength of an individual segment is thus the sum of the strengths of the adjoining
quadrilaierals, as shown in Figure 103(b).

Velocity induced by a multihorseshoe vortex. -Consider a single multihorseshoe
of strength o, as shown in Figure 104. It is composed of vortex segments whose
individual strengths are as shown. The velocity induced by the multihorseshoe
is obtained as the sum of the individual contributions of all the segments. Each
individual segment contributes a velocity given by Equation (115).

A multihorseshoe network containing several different a's (see Figure 10) censists
simply of a series of single multihorseshoes placed side by side, with adjacent
trailing elements superimposed. The net strength of the trailing elements is
the sum (with the proper attention to sign) of the adjoining individual trailing
elements.
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APPENDIX H
ITERATIVE GEOMETRIC INTERSECTION TECHNIQUE

A general iterative technique is described for finding the intersection of an
oblique straight line with the surface of a defined wing PART. Figure 105 shows
a wing PART, the origin of the inlet coordinate system, the fan axis, and a line
parallel to the fan axis intersecting the upper and lower surfaces of the wing
PART. Subroutine INLET employs subroutine OBLIQ, which finds both the
upper and lower surface intersections. The input to subroutine OBLIQ consists
of two tables of (x, y, z) i coordinates for the inboard and outboard defining sections
in the reference coordinate system to define the wing. The origin of the inlet
coordinate system, the direction cosines of the fan axis, and the tolerance in the
iteration scheme are input to OBLIQ. Subroutine INLET also inputs to OBLIQ
the direction cosines (rx, ry, rz) and magnitude R of a radius vector It drawn
from (xo,yo, zo) to the line parallel to the fan axis. The outputs of OBLIQ are
the (x,y, z) coordinates of the upper and lower surface intersection points.

The method of finding these intersection points is as follows: the coordinates at
the tip of the radius vector I are first computed,

xtip  xo + Rr x

Ytp YO + Rry (117)

ztip zo + Rr z

Using Ytip, OBLIQ interpolates between the inboard and outboard (x,y, z)i tables
to find a single (x, z)i table valid for yti. OBLIQ then enters this table with
xtip, searching and curve-fitting to flncthe upper surface z coordinate that is on
the line passing through (xtip,ytip, zti ) and parallel to the z-axis of the reference
coordinate system. The lower-surfage intersection is done independently after
all computations have been completed for the upper surface. The coordinates of
the surface point are called (xs,ys, zs). OBLIQ next computes the perpendicular
distance d from the surface intersection point (x,, ys, zs) to a point (xs, ys, zs)
on the line parallel to the fan axis, as shown in Figure 106. If d is less than the
iteration tolerance ct input to the program, then (xs,ys, z.) Is assumed to be the
desired intersection point. Otherwise, (Xtip,Ytip, ztn) are replaced by (xsys, zs),
and the process is repeated. If this process does no converge within 50
iterations, the last point is used as the desired surface point.

2
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LINES PARALLEL TO z AXIS

LAST INTERSECTION POINT

(is, Y' is)(X s. Y, s'Zs)

d FIRST INTERSECTION POINT

(xt'p. Vtip Ztip)

Flgure 106. Determination Of Surface Intersection Using Iterative Technique.
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APPENDIX II
PROGRAM SAMPLE CASES

This appendix contains sample card input formats and computer printouts for
sample cases run by the geometry, potential-flow, and boundary-layer programs.

GEOMETRY PROGRAM SAMPLE CASES

The five sample cases run by the geometry program are presented in the
following pages.

o A wing; input page 237, printout pages 238-241

o A lifting system; input page 243, printout pages 244, 245

o An inlet network; input page 247, printout pages 248-250

o A jet efflux tube; Input page 251, printout pages 252-255

o An axisymmetric centerbody; Input page 256, printout pages 257-261

WING input: This sample case is for the wing shown in Figure 107. The wing
planform is specified by the four planform corner points input on cards 3 and 4.
The inboard airfoil section is defined by card set 6, containing 65 (x/c, z/c)i
coordinates. Since the outboard section is identical, card 7 sets ORDO = 0. and
card set 8 is deleted.

The wing is paneled by the three Yk spanwise dividing planes in card set 10 and
the 25 (x/c)i chordwise divisions in card set 12. Curve-fitting is used for all
25 (x/c)i panel locations, but only two panel edges near the leading edge are not
included n the defining table. The total number of source panels on the right
half of the wing is 48.

WING printout: The computer printout lists the input for the wing and the panel
coordinate output together with pertinent diagnostic comments as shown on
pages 238-241. The panel coordinates were punched on cards that were used
in the potential-flow program for the sample case described on page 262.
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SEVEN FIELD, TEN DIGIT CRD FORMAT

ASPCTR Lo 2, PANELS RIGHT HALF WING TITLE 2_

~ i-
1 _

65. _____ __________5-ORDI

1..0 .975 .00301 .95___ 6-____ 1
.92 .00914 .9 .01256 .85 .01977 6-2
.8 .02699 .75 .03381 .7 .03992 6-3

... .0451.... .6 .04923 .55 .05228 1 6-4
-. .05429 .45 .05534 .4 .05556 116-5

.35 .05507 .3 .03 .25 .0522216-
.2 .49L .175 .04799 .15 .04589 11_6-7

25 .. 13.03986. .08 .03644 6-8
~ j16 .04 .067 .025 .02135 _ -- 6-9

01 1h6zL -ni ~ 03 .~ D06 _010 6-10
M3 nm .015 .058 .0 -0 6-11
mnis M058~ .003 - 06 0 -.01103 61
.OL... z,.01392 .015 -.01679 .025 -.02135 ____6-13

.04L -.02667 .06 1-.03216 .08 -.03644 614
- 1 -.0986 .125 -.0432 -5 -.04589 1 6-15

.15 -.0479 2 -, 04 .25 -. 05222 6- 16
.3 -. 0339.. -35.... -. 50 . -.05556 ____ _ 6-17

.45 -.05534 .5 -.05429 .55 -.05 228 6-18

.6 -. 42 65 -041L -n3 - 1

.9 -.01256 .925 1-.00914 .9 OD59 -21

.975 -.00301 1. 1___6-2_
0. _ - -ORDQ)

-3. _ _ _ - -

L. .9 .8 .7 .6 .5 _ __12-1

.4 .3 .2 .108 _06.11-

.4 .5 .6 .7 .8 _ - -4

1. _ _______ 12-5

fine SAMPLE CASE FOR SUBROUTINE WING IIICl .. O
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LIFT input: The input for the lifting system for the wing shown in Figure 107 is
sownon page 243. The position of the lifting system is defined by cards 3
and 4, which are identical to those for the corresponding wing PART. The
descriptive coordinates of the nine bound vortices are given in card set 6.
The (z/c)i values have been located so that the bound vortices are approxi-
mately equidistant from the two nearest source-panel boundary points. Since
the outboard coordinates are identical, card 7 sets ROWIO = 0. and card set 8
is deleted. The three yk values are given in card set 10.

For the trailing sheet, one v - tex segment is used (card 11) whose length is
3999 (card set 12) and whose direction cosines are given in card set 13.
Because the outboard trailing segment is identical, card 14 sets ROWT O = 0.
and card sets 15 and 16 are deleted. The (x/c, z/c)i coordinates of the eight
trailing-edge points (see Figure 25) needed for determination of the multi-
horseshoe boundary point are input on cards 17, 18, and 19. The three yk
values input on card 21 define the streamwise source-panel edges, rather than
the actual location of the boundary point. The boundary point Is placed off the
wing trailing edge a distance 0.05 times at the upper surface source-panel length.

LIFT printout: The printout for the lifting system, shown on pages 244 through
245, includes a listing of the input with appropriate diagnostic comments, the
(x,y, z) coordinate output of the internal lifting system and trailing vortex sheet,
the positions of the boundary points, and the direction cosines of their normal
vectors. The output was also punched on cards that were transferred to the
potential-flow program and used for the sample case described on page 262.
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SEVEN FIELD, 'EN DIGIT CRD FORMAT
to !11 3 25 xo11 41 $511 7175 n o 0e 0

CASE _
SAMPLE CASE FOR SU ROUTINE FTTL
LIFTING SYSTEM FOR ,SPECT RATIO 2 WING i_ _TLE_2

CARD I__ __
LIFT fLt

0. 0, 0. L 0. 0.

0. __ 1. 0. L 0. . 4
• ~~9. 5-OI

.1208 .0 .205 ,0 .3012 ,0
-.4 ,0 .498 .0 .597 0 -

.6953 0 . 7%3 .0 L .0 6-3
0. 1 17-ROWIO

3 3. 1_1_19-COL
0. .5 .95 _I0-_

1. 11-ROWTI
3999, 1 112-1

1. 0. 0. 113-10. _____ ____ ___14-ROWTO

1. .0 .9 .01256 .9 -. 01256 17L, ,o L 1 .0 .9 J1256 1 18

,9 -.01256 1, .0 19
0, 0, .05 20-NY

.0 .5 1. 21

long SA*.OLE CASE FOR SUBROUTINE LIFT ,,,2 ,,,,,, 11
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INLET input: The input shown on page 247 is for an upper and lower surface
network of the fan-in-wing configuration shown in Figure 91. The networks
are in REGION 1 of the Inlet (see Figure 27), the transition region from the
regular wing paneling to the pseudoaxisymmetric inlet paneling. The INLET
subroutine uses a wing PART for a surface definition. The planform definition
for the wing PART is on cards 2 and 3. The inboard section is the modified
NACA 65-210 airfoil, whose 62 (x/c, z/c)i coordinates are input In card set 5.
Since the outboard section is identical, card 6 sets ORDO = 0. and card set 7
is deleted. On card 8, TYPE = 0. indicates that the wing is defined by lines f
connecting the ordered sets of airfoil coordinates. The iteration tolerance is I
set equal to a small value. For this orientation of the fan axis (card 9), the *

iteration will produce the exact surface intersection in the first computer cycle.
Cards 2 through 9 complete the definition of the wing and the fan axis. The
remaining cards are for REGION 1.

Two PARTS in REGION 1 are prepared, one network on the upper surface and
another on the lower surface. Three fj fraction values and five (x,y) coordi-
nates along the boundary of the network are employed to construct the remaining
coordinates. Note that a considerable number of input cards is needed to pro- I
duce, in this case, a relatively small number of output cards for these two

source-panel networks. Over half the input, however, defines the wing geom-
etry, and a comparatively small number of cards is needed to panel the different
REGIONS of the inlet.

The last card of the geometry program indicates the end of the inlet geometry.
When the program encounters this card, execution is returned to the main pro-
gram. The program then seeks a new control card (such as WING, CASE,
CARD, EXIT, etc.) and continues accordingly.

INLET printout: The printout for the inlet network is shown on pages 248
through 250. The printout includes all the input quantities that define the wing
PART and the fan axis for subroutine INLET; the input for the first PART of
REGION 1, which is on the upper surface; and the (x,y, z) coordinate output.
The last page of the printout lists the input and (x,y, z) coordinate output for
the second PART or network, which is on the lower surface. The (x,y, z)
coordinates were also punched on cards for input to the potential-flow program.

These two small networks were only a minor part of the inlet geometry for the
NASA fan-n-wing configuration (see Figure 27). The other networks were
similarly prepared with other REGIONS of the INLET subroutine.
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SEVN FIELD, TEN DIGIT CRD FORMAT

0 .987 020 15 do l 9752 OE 5-1CASL

INLENE014 R NUM1l FORNA8 A 1AN27 N W 0i 3 _ 5
CARD___________ _

INLET ..7 . .4 7 .02 - 30. O. 0,17,___ O

88.32 23L72 0. 176.52 231 72 0. 014 05
62. _ - lD

1.5 .0 .4984 .0615 .995 .0067 -
.95014 .00622 .90028 ,0L2 ,8L03 ,05 - 2
• L 80 ,28 ,75045 .04Z9 .704 .0412 5-

.34951 .05954 .29936 .05732 .24921 .05397 5-6

.19909 .04938 .14899 .04338 .09894 035!,5 5-7

.07394 .03069 .04898 .02491 02408 .0157 5 - 8

.01169 .01273 .00678 .00999 .00435 .00819 V5-9.0U5 .00643 .00125 .00477 I 00 .oo 00324 5-10

. 05 .00149 .0 .0 .00023 0125"
.001 -.00302 .00225 -.00416 .00375 -. 00624 5-12
.00569 -.00776 .00827 ".00925 .01337 ", 01141 5-13
.02598 -.01498 .0511 Q.02014 .07614 -02431 1 514
.10417 -.02812 .13889 -. 03194 .17361 -. 03486 5-15
.20833 -.03708 .27778 -. 03868 .34722 -. 0391 5-16
.41667 -.03924 .48611 -. 03861 .55556 -. 03618 .. 5-1
.625 -.03146 .65972 -. 02806 .69954 -. 02404 1 1.15-18
.74952 -. 01867 . 79953 -. 01325 .84959 -.00803 1 15-19

.89_ .034 .48 .00009 .97 _ _6I I 2
.9875 .0006 _L .0 1 5-21
0. __ 1 6-ORDO
0. .00001 1 1 18

90.12 85.44 0. 0. 0. 1 __9
L _ _ 10. 1

L 11m 12.1ICODE
3. !_. 13. I-M

0.0 .5 L . i 14.1-1

6 . .. , 15. I-2_

. _ _ _ ___ _ _ _ I_ 14.1-

68.57 122.76589 76. 8809 127.57362 85. 18618 132.38134 7. 1-1
95.28588 132. 40185 105.38559 132.42236 _ 17. 1-20. -3. 1-__0 _ .5 14_____ __ _-.1-

,,,, SAMPLE CASE FOR SUBROUTINE INLET 7,,,,, § _ . 2
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TUBE input: The input is shown below for part of the efflux tube shown in
Figure 91(b). Because only part of the efflux tube was generated for this

sample case, no cards were prepared for the potential-flow program. The
CARD control card was, therefore, omitted. The efflux tube was computed
for a velocity ratio of U/Vj = 0.275, and the angles of attack and yaw were
zero. Sixteen initial (xy, zji coordinates on the wing lower surface and six sk
arc lengths were used to generate the tube. The adjustment to the shape of the
wing lower surface is taken up in the first five arc-length segments. The multi-
horseshoe boundary points are located beiow the wing surface 0. 05 of the dis-
tance to the first row of vortices.

TUBE printout: The printout for the tube is shown on pages 252 through 255.
The printout lists the input data, the (x, y, z) coordinate output, the multihorse-
shoe boundary point coordinates, and the direction cosines of the normal v,,ctors
at the boundary points. No cards were printed out.

SEVEN FIELD, TEN DIGIT CRD FORMAT

CASEII
JET EFFLUX TUBE FOR NASA FAN- II -WING 1 1_ TITLE I
VELGCITY R ATIO.7 BETA•ALPA PSI •0. 11 TITLE 2

TUBE BETA !I I
90.12 85.44 0. 0. 0. 1. 1 i2
0. 0. -1. 1 13

.275 0 0. 62.5 14
16. 15"M

121. 37 85.44 -4.5738 118. 660 98. 1505 -4.7934 6-1
11L 0303 108. 6633 -5.0908 99.7768 115. 1605 -5,2017 6-2
86,8535 1165188 -5,.2725 74.4950 112.5033 -5. Q032 6-3
64,8382 103, 0 -4.8818 59.5529 91. 9372 -4. 9402 _-4

59.5529 78. 9428 -5.3875 64.8382 67,L0717 -5.72Z-
74,4950 58.3767 -6,3233 86.8535 54.3612 -6,1080 T16-6
99. 7768 55. 7195 -5. 9087 11L 0303 62. 2167 -5. 3" 3 _L_:.

118. 6683 72.7295 -4.&860 12L 37 85.44 -4. 5738 . l 6-8
6. _4 ?-N
3.125 9.375 15.625 21875 '28. 125 34.5625 __BI -
5. .1111 .05

,SAMPL FASE FOR SUBROUTINE TUBE ....
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AXISYM input: The input is shown below for the Lenterbody for the NASA fan-
in-wing configuration. One Input table of seven (r, z) coordinates dafines the
centrLcdy paneling arrangement. The angulsr pae spacing is speclf.d, by
16 Ok values. The remaining input quantities (cards 6-12) specify tb; position
and orientation of the centerbody and its distortion- (k, = k2 = k3 = 1. In this case).
Card 12 sets OUTCODE = 1. so that the radii vary iirst on the output to form a
right-hand source-panel network. The ETIT control card is used as the laist

card in the datR deck for these five sample eases and causes execution ti be
returned to the computer monitor control system.

AXISYM printout: The printout for the centerbody is shown on pages 257 throus
261. The printout lists the input and the (x, y,z) coordinate output. Cards wsre
punched for this case.

SEVEN FIELD, TEN DIGIT CRD FORMAT

r~..... __ _ ______1,-

AXISY"'Ei1.ICC.EkTR8QDY FOR N SA __ FNL -l b _ ___ - TTj]

_ _ L .__ ___ I
1.8 _1 - 8 2. 5 57 ___ 1 31

5~ 92L 92 IL ifiSi f 12
v ____-N2

144. _19L 216. ___ 240. 26 -2

90. L 8. 4_4_ _

1 O J L . . _ __-__ 1

,_L -. 1 _ ---- -

0.-_ U__ 1I.. ... _-jI - _ _ _

-XIT-- - - -----

,", SAMPLE CASE FOR SUBROUTINE AXISYM - ..
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POTENTIAL-FLOW PROGRAM SAMPLE CASE

The potential-flow program case considered is a three-dimensional lifting wing;
inputs appear on page 263, and printouts appear on pages 264 through 278.

Three-dimensional lifting wing input: This sample case is for the wing and lift-
ing system shown in Figure 107. All of the source-geometry data cards for the
wing were prepared by the geometry program, as described on page 235. The
multihorseshoe network coordinates were prepared by the geometry program
an described on page 242.

The input to the potential-flow program is shown on page 263. The wing and the
flow are symmetric about the x-z plane so ICODE = 1. on card 3. A total of
50 singularities (48 source panels and 2 multihorseshoes) were used to repre-
sent the wing and lifting system. The options for the multihorseshoe lifting
system are input on card 3 of the appropriate section. The size of the multi-
horseshoe network is M x N = 10 x 3. There are eight weighted segments:
OPTWT = 1. indicating that the weighting values are input once and do not vary
spanwise, OPTBP = 10. indicating that both the boundary-poi" coordinates and
unit nornial vectors are specified, and OPTUS = 0. indicating that all normil
velocities are zero. The weighting values in card set 5 were designed to be
constant over the first 40 percent of the airfoil, then taper off to nearly zero at
(x/c) = 0. 8. The boundary point and unit normal vector components were pre-
pared by the geometry program.

Three aerr",mamic solutions were requested for a = 0, 4, and 10 degrees. The
options for forces and streamlines were also exercised. Card 4 gives the
quantities needed to nondiniensionalize the force and moment coefficients.
A streamline was requested for the second solution (a = 4 degrees), which is
to start at the trailing edge of .he airfoil in the first column of source panels
on the right half of the wing.

Three-dimensional lifting wing printout: The printout for this sample case is
shown on pages 264 through 278. The first two pages give an exact listing of the
input data cards. This provides a permanent listing of the input for each run
and enables the user to check a large number of input cards rapidly.

Following this is the printout from the Geometric Section. It consists of detailed
geometric information describing the source panels, quadrilateral vortices, and
multihorseshoe vortices (see page 144).

The Aerod; 'amlc Section printout is next. Output quantities are described on
pages 144 through 146.
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SEVEN FIELD, TEN DIGIT CRD FORMAT

.EOMETRIC SECTIO____N IGEOM
SAMPLE WN NANDLIEW 9- ?GoM.

50. __ GFOM
SOURCE GE METRY ____________ ____ _____ ___

NOTE: THIS ROUP O DA A RSFO TE WIN I PREPARED ___

GOE RY QGAM ____ _______

MULTI-HOR ESHOE VORT GEOMETRY IMULT1. 1 12.M L __
10. 3. 0. )._ _ ,

M 7TE: THIS 5ROUPOFDA ACARDSFO THEL FIN2 YSTEMI _TI S__IS . ...7_
PREP RED BY THE GEOMETRY PR )GRAM L V i . .. .I

- - a' - a. n n -7 a r
__17 17 _.17.7 1.4 1.__ . MULT

.. . . .RA AR _ -... .5MULT .

LINPU HERE WHICI ARE THE PO ;ITION AND NORMAL VECTR AT THE BO,-I
I _ j _-__,____ _ ___ + _

END OF GEOI IErRQ SECTON_
!AERODYNAM C SECTION ____-J_-_ __AIRN._ -___

___ __ _ _. __ ___ ...

i 4, ! 3AERO
10. ! . .'r AERO

.25 .o .0 -7 2. 1. 2. .1 - 4AERO_

2. . ___. _ 1 ___ _ _2. 0.5 4.0 00 ] 1( , 12A ERO

A - 4 . - . .. . ..

L, SAMPLE CASE FOR AERODYNAMIC PROGRAM - 0_ - .
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I

{BOUNDARY-LAYER PROGRAM SAMPLE CASE

IThe data input sheet for the analysis of the Rotta body boundary layer and the
computer output from this analysis are shown on the following pages. The first
line on the input sheet contains the title; the second line contains the constants
and control numbers of the problem. The format for this second line is floating
point without an exponential. The remaining lines on the input sheet contain the
tabulated velocity and divergence data for the streamline. The format for these
cards is floating point, with or without an exponential. If an exponential expres-

sion is used, the exponential number must be right-adjusted in the field.

The computer output presents the input data, followed by the boundary-layerI solution. The solution values are all printed in exponential format, whereas the
data cards are printed as they appear on the input sheet. An error message

may be printed after the last solution. This indicates the method by which the
program left the computer and should be disregarded. An error message pre-
ceded by a statement in the solution concerning the nature of the boundary-layer
parameters indicates a boundary-layer growth that has reached an impossible

condition (negative shape factor or momentum thickness). The output for that
analysis contains the solution up to the point at which the faulty parameter was
recognized. The step size of such an output is always the integration step size,
regardless of the prescribed value of STEP.

In the sample case presented here, only one streamline was analyzed. Since
the boundary-layer analysis was completed, no error statement occurred.
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SEVEN FIELD, TEN DIGIT CRD FORMAT

S a 3, 11 "N n 01* .17 44

ROTTA BODj TITLE
.0001 20, 9660000. 0.01 L 04 1.0

0, 1,046 1.569
• 055 .982 L 56LU8 2
.1 .954 1.5359 3
. 163 .94,5 1,.52145 1114.215 93 L 4_

,267 .912 L 2768 6
.321 .914 -L0968 , 7
.375 .935 -L 24355 8
.428 .947 -L 29739 9
.482 " .961 -L 29735 10
.535 .979 -1.2727 _11

.586 1.025 -L 148 12 -
, 1.09 -.763 13
.695 1.13 -. 0565 14
S48 l 14 .- 78 . 15
-0 1.109 1. 68568 _ _ _16

.855 L 036 2.4864 17

.908 .953 3,2402. 18
9 997 1 3 1_ _ 19

1.006 .828 4.6368 20

,, SAMPLE CASE FOR BOUNDARY LAYER PROGRAM -" .4 *, 1 1
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